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x € (—m + 2km; 0 + 2km), t € (—o0;0)

x € (0 + 2km; w + 2km), t€(0; 00)

sinx#0
x#km, keZ

dx
in X X
2sin 5 cos 5

sin x dx
sin® x
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_ | UGS x €(—m 4 2km; 0 4 2km), t€(—00;0) | sin x#0 _ 241

= ) ) = 2
dx= 24t x€(0+ 2km; 7 + 2km), t€(0;00) | x#km, keZ r2i1

— dx _ sinx#0, ke Z

~ [ 2sinycosy X#km, t#5

sinxdx __ [ sinxdx
sin2 x 1—cos? x
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2dt
_ x € (=7 + 2km; 0 + 2kmr), t€(—00;0) |sinx#0 _ 211 dt
= ) ) — s = dac
x € (0 + 2km; w + 2km), t€(0; 00) x#£km, keZ ] t
— _dx sinx#0, ke Z dt
~ [ 2sinycosy xAkm t#£ | T | sintcost
_ [sinxdx __ [ sinxdx __ [Subst. t=cosx|x&(0+km;m+km)|sinx#0
sin? x 1—cos? x dt=—sinxdx | te(—1;1) x#km, keZ
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2dt
UGS t=tg3 x €(—m 4 2km; 0 4 2km), t€(—00;0) | sin x#0 _ 241 dt
= ) ) = 2 — [+
x € (0 + 2km; w + 2km), t€(0; 00) x#£km, keZ Pha t
_ dx sinx#0, ke Z dt
[ 2sin 5 cos 3 X#km, t#5 - sin t cos t
(cos®t+sin’t) dt
sint cos t
5|n><dx smxdx Subst. t=cosx | x € (0-+km; m+km) | sinx#0 _ | —dt
sin? x T—cos? x dt=—sinxdx | te(-1;1) x#km, keZ 1—z2
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sin x

XP(77+2kﬁ'0+2k'r) te(—o0;0)
(0 + 2km; 7 + 2kr), tE€(0; 00)

t=tg3

sinx =

2dt
sinx#0 ] _ 211 dt
- 2t — 3
t

xkr, keZ 7

:|n|t|—|—c1 |n|tg2]+c1,xeR {kr, k€Z}, c1€R.

sinx#0, ke Z
x#km, t/%

_ dx __ | Subst. t=3 _ dt

~ [ 2sinycosy dt=5% | te . - sin t cos t
[ (cos’t+sin’t)dt [ costdt _ | =sintdt
- sin t cos t - sin t cos t

X € (0+km; m+ k)
te(-1;1)

5|n><dx smxdx _ [Subst. t=cosx sinx#0 _ —dt: dt
sin? x T—cos? x dt=—sinxdx x#km, keZ 1—¢t2 t2—1
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dx
sin x

2dt
x €(—m 4 2km; 0 4 2km), t€(—00;0) | sin x#0 _ 2411
_ _ - 2t -

€(0 + 2km; w + 2km), te(0; 00) x#£km, keZ Pha

=In|t|+ca = In|tg}|+c, xeR—{km, keZ}, c€R.

1x

‘

+kr)
5+5)

sinx#0, ke Z
x#km, t/%

x€(0+km
te (O+k

=

_ dx __ | Subst. t=3 _ dt
~ [ 2sinycosy dt=2 - sin t cos t

cos’t+sin’t)dt costdt [ —sintdt __ : o
/ smtcost 7/ sin t cost |n|S|n t| |n‘COSt‘+C1

NI o
ol

SInXdX_ sin xdx __ [Subst. t=cosx |x€(0+km;m+km) |sinx#0
sin2 x 1—cos? x dt=—sinxdx | te(—1;1) X#kﬁ,kfz 7f2
2 t+1

dt
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sin x

x&(77+2kﬁ;0+2kﬂ), t€(—o0;0)
(0<21< o7+ 2kn), t€(0; 00)

2dt
sinx#0 ] _ /t2+1 _ dt
= _ =
t
x#km, keZ P
_ dt
sin t cos t

_ [(cos’t4sin’t)dt _ [costdt  [—sintdt _ : _
7/ sin t cos t - sin t cost |n|S|n t| |n‘COSt‘+C1

sinx#0, ke Z
x#km, t/%

in X X
2sin 5 cos 5

=In|tgt|+a

_ [sinxdx __ [ sinxdx __ [Subst. t=cosx|x&(0+km;m+kn)|sinx7#0 dt
sin? x 1—cos? x dt=—sinxdx | te(—1;1) X # k, kFZ 71.2

= In{t+1|+cz Inm+cz
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sin x

2dt
{UGS t=tg% X&(77+2kﬁ;0+2kﬂ),t&(fx‘O) sin x#0 . 2.1 | dt
- d . . - 2t -
dx=39% | sinx=27 | x€ (0 + 2km; 7 + 2kn), t€(0; 00) x#km, keZ ] t

=In|t|+c = In|tg2’+c1,X€R {km, ke Z}, c1€R.

_ dx __ | Subst. t=3|x€(0+kmm+km)|sinx#0, keZ | __ dt
2sin 5 cos 3 dt=9% | te (04+AF; T+4x) | x#km, t£% |~ [ sintcost
(cos’t+sin’t)dt _ [costdt —sintdt __ .
sin t cos t - sin t cost |n|S|n t| |n‘COSt‘+C1

=Inltgt|+c = In|tg %[+c1, xER—{km, k€Z}, c1ER.

_ 5|n><dx smxdx _ Subst. t=cosx | x € (0+km; w7+ k) | sin x#£0 dt
sin? x T—cos? x dt=—sinxdx t(( 1;1) X # k, kFZ tz -

— 1—cosx

- |n{t+1| to= |n I+t ito= |n T @

xeR—{km, keZ}, ER.
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{2k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
XL( 5 +2km;

}Zkﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1

_ cos x dx
cos? x
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| UGS: t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
dx:tzzil cosx:% XC( 5 +2km; }Zkﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1

_ cosxdx __ cos x dx
cos? x 1—sin? x
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XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
x€(=Z+2km; Z+2km), te(—1;1) cosx#0, x# 5 +km, kEZ, t#+1

{UGS:

2dt g
_ 211 _ [ 2dt
= ] 1=2 — t2—1
241

Xe

>+ k; %+k7.’)
te(—1;1)

cosx#0

x#5+km, keZ

_ cosxdx __ cos xdx __ [Subst. t=sinx
cos? x 1—sin? x dt=cos x dx
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XC( w42k, %\2/(7:),1‘(:( 00; 1)
x€(=Z+2km; Z+2km), te(—1;1)

XC(% +2kr; w+ Qkﬂ), te(1;00)
cos x #0, x#% tk, keZ, t#+£1

t=tg3

2dt
SRl

{UGS:

dx=

_1-f
COSX =777

2dt *
&1 [2de _ 2 |t71|
_/l—rz = /t2—1 =—sln|izz|+a
241

X€ kaﬁ‘%#»k’h')
te(—1;1)

cosx#0

x#5+km, keZ

_ cosxdx __ cos xdx __ [Subst. t=sinx
cos?® x 1—sin? x dt=cosxdx
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_ | UGS t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
o fo Il cosxfﬁ XC( %}2kﬁ;%}2kﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1
2dt "
— (& - [3 ——gm| | +a = | H|+a
241

cosx#0
x#5+km, keZ

— cosxdx __ cosxdx __ Subst. t=sinx|x€ (=% +km; Z+kn)
cos? x 1—sin? x dt=cosxdx |te(—1;1)

_ dt [ _dt
- [ 1-t2 — t2—1
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_ | UGS t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
dx= 35 Il cosx:% XC( %}2kﬁ;%}2kﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1
£xY “2d 1 g 5+1
t t
:/I7t§ :7/1_2_1: |n|t+1|+C]_7|n’ =2 |+C —In 2 “I‘C]_,
241

XeER — {%—Fkﬂ', T+2kT, kGZ}, ca€ER.

cosx#0

x€ (=5 +km; %+k7.’)
x#5+km, keZ

_ cosxdx __ cosxdx __ [Subst. t=sinx|xe
B cos’x 1—sin?x dt=cosxdx | te
_ dt  _ _ [ _dt __l

= /1—1&2 - /t2—1 - In ‘ t+1’ tao
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_ | UGS t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
dx= 35 Il cosx:% XC( %}2kﬁ;%}2kﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1
£xY “2d 1 g 5+1
t t
:/I7t§ :7/1_2_1: |n|t+1|+C]_7|n’ =2 |+C —In 2 “I‘C]_,
241

XeER — {%—Fkﬂ', T+2kT, kGZ}, ca€ER.

cosx#0

x€ (=5 +km; %+k7.’)
x#5+km, keZ

— cosxdx __ cosxdx __ Subst. t=sinx|xe
cos? x 1—sin? x dt=cosxdx |te(—1;1)

— dt dt _
_/1—t2__/t2—1 - In‘t+1’+c2 _7|n1+t+C2
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_ | UGS t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)

o fo Il cosx:% XC( %}2kﬁ;%}2kﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1
2dt "

= (8 =[5 = 3| re = [ ra = n[E8] 4
241

XeER — {%—Fkﬂ', T+2kT, kGZ}, ca€ER.

— cosxdx __ cosxdx __ Subst. t=sinx|x€ (=% +km; Z+kn)
cos? x 1—sin? x dt=cosxdx |te(—1;1)

— dt dt _
_/1—t2__/t2—1 - In‘t+1’+c2 _7|n1+t+C2

:;Inl“—t—q

cosx#0
x#5+km, keZ
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o {UGS t=tg3 XC( w42k, %\2/(7:),1‘(:( 00; 1) X(:(%-Zkﬂ';ﬂ\Qkﬂ),tC(l;X)
dx= 355 cosxfjt1 XC( %}2kﬁ;%}2kﬁ),tc( 1;1) cosx#0, x# 5 +km, keZ, t#+1
2dt "

= (8 =[5 = 3| re = [ ra = n[E8] 4
241

XeER — {%—Fkﬂ', T+2kT, kGZ}, ca€ER.

cosx#0

x€ (=5 +km; %Jrkw)
x#5+km, keZ

— cosxdx __ cosxdx __ Subst. t=sinx
cos? x 1—sin? x dt=cosxdx |te(—1;1)

N T dt
_/1—t2__/t2—1 - In‘t+1’+c2 —7|n 1+t+c2
=inE +o=3IniEx 4 ¢, xeR—{S+km keZ}, ER.
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dx
1+sin x
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dx
1+sin x

x € (—m+2km; =5 +2km), ( -1)

te sinx#—1, keZ
x € (=5 +2km; m+2km), te(—1 )

x# =5 +2km

_ (1—sin x) dx
| (1—sinx)(1+sin x)

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

/

dx
1+sin x

01

Riesené priklady — 003

01 02 03 04 05 06 07 08

09 10

2dt
UGS t=tg3 x € (—m+2km; =5 +2km), te( —1)|sinx#-1, keZ _ 241
dx= 39t | sinx=25 | x€ (—F+2km; m+2km), te(-1 ) x# =5 +2km 1+t22i1
_ (1—sin x) dx

-/

(1—sin x)(1+sin x

_/(1—sinx)dx
) T 1—sin? x
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09 10

dx
1+sin x
) 2dt
__ | uGs t=tg3 x € (—m+2km; =5 +2km), te( —1)|sinx#—-1, keZ | _ 241
- dx= 39t | sinx=25 | x€ (—F+2km; m+2km), te(-1 ) x# =5 +2km - 1+t22i1
* 2dt
— 241
| 2o
241
_ (1—sinx)dx _ [(1—sinx)dx _ [ (1—sinx)dx
| (1—sinx)(1+sinx) 1—sin?x cos? x
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dx
1+sin x

UGS t=tg% x € (—m+2km; =5 +2km),
dx:tz)itl sinx= ?ﬁl x € (=5 +2km; m42km),
* o 2dt
_ 241 2dt
T 2o T [ (t41)2
241 .

01 02 03 04 05 06 07 08 09 10

a 2dt
tv’( —1)|sinx#—-1, keZ | _ 241
VeEloo)l it %+ 2k I+ 75

(1—sinx)dx [ (1—sinx)dx
| (1—sinx)(1+sinx) 1—sin? x

_ [ (A=sinx)dx
- cos? x

dx 4 —sinxdx
cos? x cos? x

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01 02 03 04 05 06 07 08 09 10

Riesené priklady — 003

dx
1+sin x
TVQk’/T;*%vau) tv’( -1)
S +2km; w42km), te (-1 )

* 2dt
_ 241 2dt __ [Subst. u=t+1|te
T gt (1) T du=dt | xe

te+1

sinx#—1, keZ
x# =5 +2km

2dt
t2+1
1
+r2+1

(—o0; —1), u&(fx;O)]
(—1;00), te(0; 00)

_ (1—sinx)dx _ [(1=sinx)dx __ [(1—sinx)dx _ dx + — sin x dx

| (1—sinx)(1+sinx) 1—sin?x cos?x [ cos?x cos? x

__ | Subst. t=cosx |x€(0+2km; 5 +2kn), te(0;1) ;T ), te(—1;0) | cosx#0
dt=—sinxdx | x€ (7 F2km) (—1; = im+2km), te(0;1) |x#S+km keZ
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dx
1+sin x
TVQk’/T;*%vau) tv’( -1)
S +2km; w42km), te (-1 )

2dt
_ 241 2dt __ [Subst. u=t+1
T 2l T (t41)7 T du=dt
241 .

sinx#—1, keZ
x# =5 +2km

2dt
— fziﬂ
1
+r2+1

te(—o0;—1), ue(—o0;0)] _ du
x€(—1; 00), t€(0; 00) ] =2 u?

_ (1—sinx)dx _ [(1=sinx)dx __ [(1—sinx)dx _ dx + — sin x dx

| (1—sinx)(1+sinx) 1—sin?x cos?x [ cos?x cos? x

__ | Subst. t=cosx |x€(0+2km; 5 +2kn), te(0;1) ;T ), te(—1;0) | cosx#0
dt=—sinxdx | x€ F2km) (—1; = im+2km), te(0;1) |x#S+km keZ

_ dx dt
_/coszx +/1:2
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sinx#—1, keZ
x# =5 +2km

dx
1+sin x
x € (—m+2km; =5 +2km), te( -1)
x € (=5 +2km; m+2km), te(—1 )

* o 2dt
o 2l 2dt __ [Subst. u=t+1]|te(—o0;—1), u€(—o0;0)] __ du -2
—/w—/(mv—{ du=dt =2 u2_2 u—tdu
2kl D .

xe(—1;00), te(0;00)

_ (1—sinx)dx _ [(1—sinx)dx _ [ (1—sinx)dx dx + — sin x dx
| (1—sinx)(1+sinx) 1—sin?x cos? x cos? x cos? x

Subst. t=cosx X&<O+2k7r;¥v2k“). (01 x&(§+2kﬁ;ﬁ+2kﬁ>. te(—1;0) | cosx#0
dt=—sinxdx | x€&(m 4 2km; m+2km), te(0;1) |x#L+km, keZ
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T 1 2kn),

dx
1+sin x
x € (—m+2km; -3 tv’( -1)
x € (=5 +2km; m+2km), te(—1 )

* 2dt
o 241 2dt _ [Subst. u=t+1]|te(—o0;—1), ue(—00;0)] __ du -2
—/m _/(t+1)2 o { du=dt =2 2[u="du
241 . .
u71

sinx#—1, keZ
x# =5 +2km

x€(—1; 00), t€(0; 00)

_ (I=sinx)dx _ [(A=sinx)dx _ [(I1=sinx)dx _ — sin x dx
| (1—sinx)(1+sinx) 1—sin?x cos? x coszx cos? x

x€(0+2km; T+2km), te(0;1) |x€(5+2km n+2km), te(—1;0)|cosx#0
dt=—sinxdx | x€( "* +2km; 54 2km), te( 37' 2km; m4+2km), t€(0;1) |x#F+km, keZ

1,0)
_ dt -2
_/cos2 t2 cos2 /t d

Subst t=cosx

(
—il
t=tgx+ 5+
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dx
1+sin x

* 2dt
_ 241 2dt __ [Subst. u=t+1
T Zgtae [ (e41)2 T du=dt
241 .
ut

sinx#—1, keZ
x# =5 +2km

XG(f,TvaW;f%-Qk,.) te( -1)
x € (=5 +2km; m+2km), te(—1 )

te(—o0;—1), ue(—oc;0)] __ du __ -2
x€(~1io0), te(0icc) ]_Q/U _2,/” du

(1—sinx)dx _ [(1=sinx)dx _ [ (1—sinx) dx — sin x dx
(1—sinx)(1+sinx) — 1—sin?x cos? x coszx cos? x

x € (0+2km; ’7-2k“). te(0;1) X&(5+2ku m+2km), t€(—1;0) | cosx#0
dt=—sinxdx |x€ ’*\Qk” 7\21(” , te x€ (38 +2km; m+2km), te(0;1) x#5+km, keZ

1.0)
:/c052 t /cos2 /t 2dt= th+*+C2—th**+C2

Subst t=cosx
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dx
1+sin x
x . _ o 2dt
_ UGS t=tg3 x € (—m+2km; =5 +2km), tv( —1)|sinx#-1, keZ _ 241
dx= 39t | sinx=25 | x€ (—F+2km; m+2km), te(-1 ) x# =5 +2km 1+t22i1
* 2dt
. 241 2dt __ [Subst. u=t+1|te(—o0;—1), ue(—00;0)] __ du —2
_/ 24140t _/(t+1)2 { du=dt | xe(=1; ), t€(0; 00) =2 7 =2|u dU
tf+1 . .
_ou” — — 2 — 2
=25 ta=qa C1L— 1
(I=sinx)dx _ [(A=sinx)dx _ [(I1=sinx)dx _ — sin x dx
(1—sinx)(1+sinx) — 1—sin?x cos? x coszx cos? x
__ | Subst. t=cosx | x€ (0+2km; ’7-2k“). c(O;lk x€(542km m+2km), te(—1;0) | cosx#0
T | dt=—sinxdx |xe(n+2km; T+2kn), te(~1;0)|xe (3 +2km m+2km), te(0;1) |x#T+km, keZ
/ws2 /c052 /t 2dt= tgx+—+cQ_tgx—f+cQ
__sinx __
~ cosx cos x
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01 02 03 04 05 06 07 08 09 10

dx
1+sin x
- . 2dt
__ | UGS: t=tg3 x € (—m+2km; =5 +2km), te( —1)|sinx#—-1, keZ | _ 241
- dx= 39t | sinx=25 | x€ (—F+2km; m+2km), te(-1 ) x# =5 +2km - 1+t22i1
* 2dt
. 241 2dt __ [Subst. u=t+1|te(—o0;—1), ue(—00;0)] __ du —2
_/ r2+21+12r _/(t+1)2 { du=dt | x€(~1;0), te(0;0) =2 u? =2[u""du
2+ . .
—1
AU _ 2 _ 2 _ 2
=2y ta=a s R B Eu
X €E R—{—%—i—zkﬂ‘, T+2k, kGZ}, caER.
(I=sinx)dx _ [(A=sinx)dx _ [(I1=sinx)dx _ — sin x dx
(1—sinx)(1+sinx) — 1—sin?x cos? x coszx cos? x
_ | Subst. t=cosx X&<\O+2kﬁ;’5v2kﬁ). te(0;1) X&(2+2ku m+2km), t€(—1;0) | cosx#0
_ dt=—sinxdx | x€ (m+2km; Z+2km), te ), t€(0;1) |x#S+km keZ
+ [t 2di=tgx+ = + o=tex— L+
cos2 - cos2 =t -1 2=18 t 2
__sinx __ __sinx—1 _y=n
T cosx cos x T cosx +CZ’X€R {2+k71', kEZ}, C2ER'
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dx
1+cos x
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dx
1+cos x

{UGS-

t=tg3 X € (—m+2km; m+2km), tER

cosx#—1, x£mw+2km, keZ

>
cosx =1t

_ 2dt
dx= 241

L

— dx
2cos? §

_ (1—cos x) dx
| (1—cos x)(1+cos x)
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01 02 03 04 05

dx
1+cos x

2d

{ch- t=tg% |xe(—m+2kmr+2kn), teR] roaw}
dx= 29t | cos x= 1=t | o5 1, xAr42km, keZ | 1—t2
X=i1 X= segp =, 2w Lo

06 07

08

09

x € (—m+2km; m+2k)
te (—F+km; F+km)

cosx#—1, keZ
X #m+2kT

_ dx __ | Subst. t=3
T [ 2cos?5 T de=1

_ (1—cos x) dx _ [ (1—cos x) dx
| (1—cosx)(1+cosx) 1—cos? x
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dx
1+4cos x
2d 2d
B x X € (—m+2km; w4+ 2k), t?R} _/ i _/t2f1
B = = | =

cosx#—1, x£mw+2km, keZ

_1-#
COSX = gy

cosx#—1, keZ
x#m+2km

_ dx __ | Subst
T [ 2cos?5 T

_ (1—cos x) dx _ [ (@—=cosx)dx __ [ (1—cosx)dx
| (1—cosx)(1+cosx) l1—cos?x sin? x

i.uniza.sk/ beerb
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dx
1+cos x

t=tg3
1-t
241

a

2d 2d
X €(—m+2km; m+2k7), tER| T:l _ t2+r1 _ dt
cosx#—1, x#m+2km, ke Z 1+ l,:zi:i t22+1
_ dx __ | Subst. t=3
2cos? § de=d
_ (1—cos x) dx _ [(@—cosx)dx __ [(1—cosx)dx __ dx [ cosxdx
[ (1—cosx)(1+cosx) 1—cos?x sin? x — [ sin?x sin? x

COsS X =

X € (—m+2km; T+ 2km)
te (—F+km; F+km)

cosx#—1, keZ
x#m+2km

o

:/cocigt:tgt—i—cl
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dx .
1+cosx

2d 2d
UGS t=tg% |xe(-m+2kmnt2kn), teR] =5 =5 s
- To1—2 2 —
dx:f,‘“l cosx:ml cosx#—1, x#m+2km, keZ 1+1’:2J:1 o
=t4+c

_ dx __ | Subst. t=3%|x€(—m+2km; m+2km)
T [ 2cos?5 T i e (= +k,.,:7k7)
:tg2+c1,xeR {m+2km, keZ}, c1 €R.

(1—cos x) dx (1—cosx)dx _  [(1—cosx)dx __
(1— cosx)(1+cosx) l1—cos?x sin? x -

__ | Subst. t=sinx |xe(—m+2km; —5+2km), te(—1,0)|x te
dt=cos x dx XL(0{2k7‘5‘2kH,. »(0,1;

cosx#—1, keZ
x#m+2km

:/coszt tgt+a
cos x dx
sinZ x

) | sinx#0
x#km, keZ

o
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dx .
1+cosx

{UGS-

t’}l

2dt 2dt
x€(—m+2km; r+2kr), teR] e [#4 [y
- T 12 2 —
cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

cosx#—1, keZ
x#m+2km

t+c =tg3+ca, xeR—{n+2km, keZ}, ceR.
2co?5 (77+k,.,’47k~r)

:/coszt'_tgt—i_czl
=tgy+c, xER— {m+2km, keZ}, c1 €R.

dx _{Subst t=% | x € (—m+2km; m+2k)

2
dx
2

(1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
(1- cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

__ | Subst. t=sinx|x€(—m+2km; —5+2km), te(—1;0) | x€(—F+2km; 0+2km), te
dt=cos x dx XL(O{QkT‘L\ZkH,. te(0;1) ™ m+2km), te(0;

_ dx _ [dt
— [ sin2x t2

) | sinx#0
x#km, keZ
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dx .
1+cosx

{UGS-

t’}l

2dt 2dt
x€(—m+2km; r+2kr), teR] e [#4 [y
- T 12 2 —
cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

cosx#—1, keZ
x#m+2km

t+c =tg3+ca, xeR—{n+2km, keZ}, ceR.
2co?5 (77+k,.,’47k~r)

:/coszt'_tgt—i_czl
=tgy+c, xER— {m+2km, keZ}, c1 €R.

dx _ {Subst t=3% | xe(—m+2km; m+2km)

2
dx
2

(1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
(1- cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

Subst t=sinx | x € (—m+2km; —F+2km), te(—1;0)|x€(—F+2km; 0+2kn), te
dt=cos x dx XL O{Qk-r 7\21«1,. €(0;1) f-2km; m+2km) , te(0;

_ dt 2
_/smzxi t2 /5|n2x /t dt

) | sinx#0
x#km, keZ

xe(3
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dx .
1+cosx

{UGS-

2dt 2dt
x€(—m+2km; r+2kr), teR] 2 _ [#a g
= ([ = (B =
:’»1 cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

=t+c =tg3+ca, xeR—{m+2knm, keZ}, . €R.

€ (—m+2km; m+2km)
(77+k“, L—k"r)

:tg2+c1,xeR { +2krm, keZ}, . €R.

(1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
(1- cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

Subst t=sinx | x € (—m+2km; —5 +2km > te(—1;0) Xf\/7772k“ 0+2km), ti‘r\f' ) | sinx#0
dt=cos x dx XL O{Qk-r 7\21«1,. te(0;1) X€E€(F+2km i m+2km), t x#km, keZ

dt —2 . 1
/S'nzxi i /smzxi/t dt = 7C0tgxf_71+(32

cosx#—1, keZ
x#m+2km

2
dx
2

dx _ | Subst. t=%
2cos? 5 T

Z/m_tg“FCl
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dx .
1+cosx

{UGS-

2dt 2dt
x€(—m+2km; r+2kr), teR] e [#4 [y
= ([ = (B =
:’»1 cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

t+c =tg3+ca, xeR—{n+2km, keZ}, ceR.
2co?5 (77+k,.,’47k~r)

:/coszt'_tgt—i_czl
:tg2+c1,xeR { +2krm, keZ}, . €R.

(1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
(1- cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

Subst t=sinx | x € (—m+2km; —5 +2km > te(—1;0) %:777210‘ 0+2km), ti‘r\f' ) | sinx#0
dt=cos x dx XL 0{2/(7*\21(/\,. €(0;1) c (3 t+2km i m+2km), t x#km, keZ

:\/slnzxi (: /SInzx /t zdt—fcoth77+C2:%—cotgx+(_—2

cosx#—1, keZ

dx __ | Subst. t=%|xe(—m+2km; m+2km)
x#m+2km

2
dx
2
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dx .
1+cosx

{UGS-

2dt 2dt
x€(—m+2km; r+2kr), teR] e [#4 [y
= ([ = (B =
:’»1 cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

=t+c =tg3+ca, xeR—{m+2knm, keZ}, . €R.
2cos?5 (77+k,.,’47k~r)

:/coszt'_tgt—i_czl
—tg2+c1,xeR { +2krm, keZ}, . €R.

_ (1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
I cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

cosx#—1, keZ

dx __ | Subst. t=%|x€(—m+2km; m+2km)
x#m+2km

2
dx
2

__ | Subst. t=sinx|xe&(—m+2km; —5+2km > te(—1;0) %:777210‘ 0+2km), ti‘r\f ;0) [sinx#0
dt=cos x dx XL O{Qk-r '*\21(/\,. €(0;1) c (3 t+2km i m+2km), t x#km, keZ
= (|8 = t— 2dt—7cotgx7—+62:17cotgx+cz
sin? x 5|n2x t
_ 1 cosx
~ sinx  sinx
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dx .
1+cosx

_ {UGS-

2dt 2dt

x€(—m+2km; r+2kr), teR] e [#4 [y
= = 2
:’»1 cosx#—1, x#m+2km, ke Z 1+1:2+t1 ]

=t+c =tg3+ca, xeR—{m+2knm, keZ}, . €R.
2cos?5 (77+k,.,’47k~r)

:/coszt'_tgt—i_czl
—tg2+c1,xeR { +2krm, keZ}, . €R.

(1—cos x) dx (1—cosx)dx _ [ (1—cosx)dx cos x dx
(1- cosx)(1+cosx) 1—cos?x sin? x sinZ x “sinZx

cosx#—1, keZ

dx __ | Subst. t=%|x€(—m+2km; m+2km)
x#m+2km

2
dx
2

Il
\

__ | Subst. t=sinx|xe&(—m+2km; —5+2km > te(—1;0) X&\/7772k“ 0+2km), te(—1;0)|sinx#0

_ dt=cosxdx | x€ ( O{Qk-r S+2km), te(0;1) S 2km; m+2km), te(0; x#km, keZ

_ [ _dx _[p24r — _ ! —1_

= /sin2 szx /t dt = — cotg x T+t =3i—cotgx+
_ 1 _ cosx __ 1l—cosx _

= - X to= 22t o, xeR—{nt+km, keZ}, o€R.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01 02 03 04 05 06 07 08 09 10

Riesené priklady — 005

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01 02 03 04 05 06 08 09 10

RiesSené priklady — 005

t=tgh3

sinh x=

x€(—00;0), te(—1;0)
x€(0;00), te(0;1)

sinh x#0
x#0

2t
=5

. {UHS-

_ _ 2dt
dx=1"%

__ [ sinh xdx
[ sinh®x
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Riesené priklady — 005

t=tgh3

sinhx= ¢

x€(—00;0), te(—1;0)
x€(0;00), te(0;1)

sinh x#0
x#0

2t
2

{UHS-

dxf—

2dx
—e—x

sinhxdx __ [ sinhxdx
[ sinh®x cosh®x—1
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RiesSené priklady — 005

t=tgh3

sinhx= ¢

x€(—00;0), te(—1;0)
x€(0;00), te(0;1)

sinh x#0
x#0

2t
2

{UHS-

dxf—

— [sinhxdx __ [ sinhxdx __ {Subst t=cosh x | x €(—00;0), t€(1;00) |sinhx#0
sinh?x cosh?x—1 dt=sinhxdx | x€(0;00), te(l;00) |x#0

— 2dX Subst. t=e*|x=Int |x€(—00;0), t€(0;1) |sinhx#0
—ex eX=t1=1]dx=4|x€(0;00), te(l;00) | x#0
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RiesSené priklady — 005

01 02 03 04 05 06 07 08 09 10

t=tgh3

sinh x= rtz

__ | UHs: x€(—00;0), te(—1;0)
o dx*— x€(0;00), te(0;1)

sinh x#0
x#0

x€(—00;0), te(1;00)

sinh x dx | x € (0; 00), te(1;00)

sinhx#07 __ dt
x#0 }_ t2—1

_2dx

@ ==

— [sinhxdx __ [ sinhxdx __ [Subst. t=coshx
[ sinh®x cosh®x—1 dt

00;0), te(0;1)
€(0; 00), te(1;00)

sinhx#0 | __ 2dt
x#0 - t(t—%)

beerb@frcatel.fri.uniza.sk
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RiesSené priklady — 005

dx
sinh x

. {UHS-

t=tgh} x€(—00;0), te(—1;0)

t sinh x#0
x€(0;00), te(0;1)

x#0

dx =2

smhx*ﬁ

In |tgh 3| +c1, x€e R—{0}, a1 €R.

— [sinhxdx __ [ sinhxdx __ [Subst. t=coshx
sinh?x cosh®x—1 dt=sinh x dx

=3 ln’t+1|+C2

_2dx Subst t=e~
eX —e— X eX:t =2

x€(—00;0), te(1;00)
x€(0;00), te(1;00)

sinhx#07 __ dt
x#0 }_ t2—1
sinhx#0 | __ 2dt
x#0 _ t(t—%)

x €(—00;0), te(0;1)
x€(0; 00), te(1;00)
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Riesené priklady — 005

dx
sinh x

. {UHS-

t=tgh} x€(—00;0), te(—1;0)

t sinh x#0
x€(0;00), te(0;1)

x#0

dx =2

smhx*ﬁ

In |tgh 3| +c1, x€e R—{0}, a1 €R.

— [sinhxdx __ [ sinhxdx __ [Subst. t=coshx
sinh?x cosh®x—1 dt=sinh x dx

_1 1
In’t+1|+C2 Inm—i—cz

_2dx Subst t=e~
eX —e— X eX:t =2

x€(—00;0), te(1;00)
x€(0;00), te(1;00)

sinhx#07 __ dt
x#0 }_ t2—1
sinhx#0 | __ 2dt
x#0 _ t(t—%)

x €(—00;0), te(0;1)
x€(0; 00), te(1;00)
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Riesené priklady — 005

dx
sinh x

sinh x#0
x#0

x€(—00;0),

t=tgh t
x€(0;00), te

smhx*ﬁ

€(-1,0)
dx= 245 (0;1)

In |tgh 3| +c1, x€e R—{0}, a1 €R.

x€(—00;0), te(1;00)
x€(0;00), te(1;00)

_ [ sinhxdx __ [ sinhxdx __ [Subst. t=coshx sinhx#07 __ dt
| sinh®x [ cosh®x—1 dt =sinh x dx x#0 -1

1 1 cosh x—1
n|E|+e=3ntH+o=3In &2 4, xeR—{0}, oER.

_2dx Subst t=e*|x=Int |x€(—o0;0), te(0;1) |sinhx#0| __ 2dt
= e *=t1=1]dx=4%|x€e(0;00), te(1l;00) |x#0 _ t(t—%)
— dt
_/1:2_1 In|Zt+a=3In|$= |+ xeR—{0}, ER.
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Riesené priklady — 006
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Riesené priklady — 006

o UHS: t=tgh3 X €(—00;0), te(—1;0)
T [ dx= 29 | cosx =1L | xe(0;00), t€(0;1)

_ [ cosh xdx
| cosh?x
_ dx
T XX

2
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Riesené priklady — 006

dx
cosh x

o {UHS:

t=tgh3

_ 14£
CoOSX =174

\ \ 2dt
x€(—00;0), te(=1,0)| _ [1=,2
T 14¢2

x€(0;00), te(0;1) )

_ 2dt
dx=1"%

_ [ coshxdx __ [ cosh xdx
_ cosh?x ~ [ sinh2x+1

— dx 2dx
= +2e*X T feX+ex

beerb@frcatel.fri

niza.sk http:/ /fi
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Riesené priklady — 006

dx
cosh x
2dt
__ | UKS: t=tgh3 _ [iZe2 24t
- 2 - 2 — [32
dx=29L | cos x= 1t 11%2 t2+1
cosh xdx _ [ coshxdx __ [Subst. t=sinhx
cosh?x sinh?x+1 dt=cosh xdx
dx _ 2dx __ |[Subst. t=e*|x=Int|xER
Eak el ex fe~x eX=t"1=1]dx=9|t€(0;00)
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Riesené priklady — 006

dx
cosh x

__ | UKS:
T | dx=

t=tgh3

1+£2
1-¢2

Xxe

2dt
1-¢2

COsS X =

x€(0;00), t€(0;1)

(=o0;0), te(—1;0)

01 02 03 04 05 06 07 08 09 10

2dt
_ [iZe _ [2dt
} _/H—;_/tz+1 =2arctgt+c
1—t2

_ [ coshxdx _ [ coshxdx __ [Subst. t=sinhx|xeR] __ dt

| cosh?x [ sinh®x+1 dt=coshxdx|teR | [ t?2+1

_ dx _ 2dx _ |Subst. t=eX|x=Int|xeR _ 2dt
S +;7X T e teX T | ex=tl 1ldx=4t|te(0;00) — t(t+%)

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 006

/ dx _ _ 2arctgtgh S +c

cosh x
0), te(~1;0) 245
—00;0), te(=L0) | [1_¢
, } —/W /t2+1—2arctgt+c1
2

(0;00), te(0;1)

t*tghi

dx="-2

cos X = 1 el

o {UHS'

2 arctg tgh g—i—cl, xER, qeR.

_ | coshxdx __ [ coshxdx __ [Subst. t=sinhx
cosh?x sinh?x+1 dt=cosh xdx

x\g} /t2+1 =arctgt+c

x=Int |xeR

dx=4t| te(0; 00)

_2dx Subst t=eX
eX+e X ex+e— - efx ¢l %

http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 006

/ dx 2arctgtgh 5 +c = arctgsinh x+c

cosh x

__ | UKS: t=tgh3 10 142 2dt

= Lx* cosx It ;, 1+r2 2+1—2 arctg t+¢;
1—¢2

=2 arctgtgh g—i—cl, xER, qeR.

_ [ coshxdx _ [ coshxdx __ [Subst. t=sinhx|xeR
_/ cosh?x _/Sinh2X+1 _ { dt=cosh x dx \R} /t2+1 _arCtg t+C2

= arctgsinhx+c, xER, ;€R.

x=Int|xeR
dx=4 | t€(0; 00)

_2dx Subst t=eX
eX+e X ex+e— - efx ¢l %

=2arctgt+cs3
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Riesené priklady — 006

X+ = arctgsinh x+ ¢

t=tgh3

2
cos X ?

o {UHS'

x 00;0), te(=L; 0 1—t2 2dt 2
r
e 2 / arctgt+¢;

x€(0;00), te(0;1) Tt 241 T
) 1—t2

=2 arctgtgh g—i—cl, xER, qeR.

_ [ coshxdx _ [ coshxdx __ [Subst. t=sinhx|xeR] __
_/ cosh?x _/sinh2x+1 - { dt =cosh x dx tv;R} _/t2+1 =arctgt+c

= arctgsinhx+c, xER, ;€R.

x=Int|xeR
dx=4 | t€(0; 00)

_2dx Subst t=eX
eX+e X ex+e— - e x=—¢-1 %

=2arctg t+C3:23rctgeX+C3, XER, cz€R.

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01 02 03 04 05 06 07 08 09 10

Riesené priklady — 007

dx
1+sinh x
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Riesené priklady — 007

dx
1+sinh x

sinh x#—1
X#|n(y/§71)

_/ dx
X _e—X
1+%
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Riesené priklady — 007

dx
1+sinh x

sinh x#—1 ®» 1-¢2
x#In(v2-1) 1+ 1312

— dx _ 2dx
= 1+ex—e*)‘ - 2+ex767X
2
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Riesené priklady — 007

dx
1+sinh x

. {UHS:

dx= 1=

2dt
_ 1—¢2
= 1—£242t

1—¢2

2dt

2dt
sinh x#—1 ®» 1-¢2
x#In(v2-1) o 1+1Ett2

x€( x;\n(\/§ 1)),tC[:O;\/§ 1)
xC(\n(\/§ 1);:x)‘tij(\/§ 1;00)

x=Int

—dt
dx=<

sinhx#—1
xiln(\/§ 1)

— dx _ 2dx _ {Subst. t=eX
1+ex—2efx 24eX—e—X e X=t¢ 1:%
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Riesené priklady — 007

dx
1+sinh x

. {UHS:

t=tgh3

sinh x=

x€ (—o0;In(V2-1)), te(-1;v2-1)
x€(In(vV2-1);0), te (V2-1;1)

2t
1-¢2

_ 2dt
dX*l t2

2dt

_ 1—t2 —2dt
1—t242r [ t2-2t—1
1—¢2

2dt
sinh x#—1 ®» 1-¢2
x#In(v2-1) o 1+1Ett2

x=Int|x

—dt
dx=<

€ (—o0;In (V2 1)),tC[:O;\/§ 1)
xC(\n(\/§ 1);:x)‘tij(\/§ 1;00)

xiln(\/§ 1)

— dx _ 2dx __ | Subst. t=e~
- 1+¥ T 2+eX—e—X T |ex—¢ 11
— 2dt

e D)

sinhx#—1 }
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Riesené priklady — 007

dx
1+sinh x

. {UHS:

x€ (—o0;In(V2-1)), te(-1;v2-1)
€ (In(vV2-1);0), te(V2-1;1)

t=tgh3

h _ ot
sinhx= 1257 | x

2dt
sinh x#—1 ®» 1-¢2
x#In(v2-1) o 1+1Ett2

_ 2dt
dX*l t2

2dt

_ 1—t2 —2dt —2dt
1—2+2¢ [ t2—2¢t—1 " [(t—1)2-2
1—t2

_ dx _ 2dx __ | Subst. t=e*
- 1+¥ T 2+eX—e—X T |ex—¢ 11
— 2dt 2dt

t(2+t—1) = [2+2t-1

x=Int|x

—dt
dx=<

€ (—o0;In (V2 1)),tC[:O;\/§ 1)
xC(\n(\/§ 1);:x)‘tij(\/§ 1;00)

sinhx#—1
xiln(\/§ 1)
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Riesené priklady — 007

dx
1+sinh x

. {UHS:

t=tgh3

2dt
sinh x#—1 ®» 1-¢2
- 2t
z x#In(v2-1) 1+17t2

2dt
_ 1—t2 —2dt —2dt 2dt
1—t2+22r_ t2—2t—1 [ (t—1)2—2 (t—1)2—(V/2)?
t

1

sinh><:12’2 x€e

_ 2dt
dx= t2 t:

x=Int | x€(—o0;In(vV2-1)), te (0;vV2-1)

sinhx#—1
dT' xC(\n(\/§ 1);:x)‘tij(\/§ 1;00)

xiln(\/§ 1)

dx=

_ dx _ 2dx _ | Subst. t=ex

- 1+¥ T 2+eX—e—X T |ex—¢ 11

— 2dt 2dt _ 2dt
t(2+t—1) 7 [2+2t-1 T [ (t+1)*—
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Riesené priklady — 007

dx
1+sinh x

2d
__ | UHS: t=tgh% x€ (—o0;In(vV2-1)), te(—1;vV2—1) |sinhx#—1 , 1,;2
o dx:% sinh><:12’[2 X€(|n(\/§71);fx;),tE(\/Efl;l) x#In(v2-1) - 1+1Ett2
2dt
_ iz [ —2dt _ [ —2dt _ 2dt S T o s ESV) B
T e R GV (t—12—(V2)2 ~ 2v2 " |t—1rv2 | T
t

x=Int | x€(—o0;In(vV2-1)), te (0;vV2-1)
dx=4 | x€ (In(v2-1);00), te (vV2-1;00)

sinhx#—1
xiln(\/§ 1)

— dx _ 2dx _ {Subst. t=eX
1+EX*257X 2fex—e—X ex=p1=1

— 2dt 2dt _ 2dt 2dt
t(2+t—1) 242t—1 = [ (t+1)2-2 " [ (t+1)2—(V2)?
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Riesené priklady — 007

dx
1+sinh x

/

01 02 03 04 05 06 07 08 09 10

__ | UHS: t*tghx Xe(fx;ln(y/éfl)),t(—,(fl;\gfl) sinhx#—1 , 12,d;2
o dxf sinh x = 7 e(ln(\/ifl);x), E(vifl’l) x#In(v2-1) - 1+1Ett2
2dt
12 —2dt _ [ —2dt _ 2dt 2_ | |t=l=v2) 4
1—t2+2f =2i=1 — [[(E=nP= (t—1)2—(v/2)2 22 12| A
1—
1 +v2
> In f‘+c1
2dX Subst. t=e*|x=Int|x€(—o0;In(v2-1)), te(0;vV2-1) |sinhx#-1
1+eX*e X 2= e X=¢t"1 % dx:dT' xC(\n(\/§ 1);:x)‘tij(\/§ 1;00) xiln(\/§ 1)
2dt [ _2dt 2dt 2dt —_2_|p|Hl=v2|y o
t(2+t—3) [ P+2t-1 (t+1)°— (tH12—(V22 ~ 2v2 | tr1rv2| 2
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Riesené priklady — 007

/1+sinh x

__ | UHS:
o dxf

t*tghx

sinhx=3

x€ (—o0;In(V2-1)), te(-1;v2-1)
€ (In(vV2-1);0), te(V2-1;1)

2dt
sinh x#—1 ®» 1-¢2
x#In(vV2-1) | 1+1Ett2
2dt
12 —2dt _ [ —2dt _ 2dt 2_ ||zt V2
1_t2+zt —2t-1 (122 [(t—12-(vV2?2  2v2
1—

t— 1+\f‘+cl
2|+a=Lm[Ei o, xeR—{In(v2-1)}, cieR

tgh %

f
f
2dx Subst. t=e*
1+ex—e e 2tex—e—X e~X—t 1:%

L In

2

x=Int|x

_dt
dx=<

€ (—o0;In (V2 1)),tC[:O;\/§ 1)
xC(\n(\/§ 1);:x)‘tij(\/§ 1;00)

sinhx#—1
x#In(V2-1)

2dt [ _2dt 2dt 2dt —_2_|p|Hl=v2|y o
t(2+t—3) [ P+2t-1 (t+1)°—2 (tH12—(V22 ~ 2v2 | tr1rv2| 2
_ 1 t+1-/2
=7 t+1+ﬁ‘+c2
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Riesené priklady — 007

/1+sinh x

01

02 03 04 05

2d
__ | UHS: t=tgh% x€ (—o0;In(vV2-1)), te(—1;vV2—1) |sinhx#—1 , 1,;2
o dxf sinh x= ’t e(ln(vifl);x E(vifl’l) x#In(v2-1) - 1+17t2
2dt
1-¢2 —2dt _ —2dt  __ 2dt 2
1—t2+2t —2t—1 [(t—12-2  [(t—12-(V22 212
=

L In

2

‘ c—‘[ln

06 07 08 09 10

2t

o |+ xeR—{In(v2-1)}, creR

\f
\[

2dx Subst.

1+ex—e X DteX—e—x e

I x=Int|x

1_1 —dt
Tt dx= t

€ (—o0;In (V2 1)),tC[:O;\/§ 1)
x€ (In(v2-1);00

), te(v2—-1;00)

2

2dt _ 2dt
t(2+t—1) t2+2t—1 [ (t+1)>—

t+1+2

t+1_f‘+C2_ V2 In

_ 2dt
27 [ (t41)2—

£H=vEl 4, xeR—{In(v2-1)}, G €R,

V2R~ 2v/2

beerb@frcatel.fri.

iza.sk/ beerb
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Riesené priklady — 008

dx
1+-cosh x
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Riesené priklady — 008

dx
1+-cosh x

{UHS-

t=tgh3

XER
“ te(-1;1)

dx=:2

:/2 cosh2 5
cosh xdx dx
“sinh2x sinh? x

cosh x =

+ex +e_x
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Riesené priklady — 008

01 02 03 04 05 06

dx
1+-cosh x

2dt
__ | URS: t=tgh3 XER o =2
T | dx=29 | coshx =2 | re(-1;1) | 1+711+’t22
_ __ | Subst. t=%|x€eR
2cosh2 5 dt=2|teR

x€(—00;0), te(—o0;0)
x€(0;00), t€(0;00)

coshxdx _ dx  __ [Subst. t=sinhx
“sinh2x sinh?x dt=cosh x dx
2dx
_'_eXJre—X T [24ex fex
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Riesené priklady — 008

01 02 03 04 05 06 08 09 10

dx
1+-cosh x

_ [uns:
T |dx= 24t

coshxdx _ dx ~__ [Subst. t=sinhx
“sinh2x sinh?x dt

cosh x dx

x€(—00;0), te(—o0 _
x€(0;0), te 0 00) Slnh2

\\

x=Int
dt
dx=¢

2dx _ | Subst. t=eX
_'_eXJre—X 24eX fe—X ex=t1=1

xER
te(0; 00)
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Riesené priklady — 008

dx
1+-cosh x

{UHS-

t=tgh3

2dt
XER o 1-_+¢2 17:2 dt
dx:lzfﬁ coshx=1 | te(-1;1) 1+ 1*’2

_ [ coshxdx _ dx ~__ [Subst. t=sinhx
- sinh? x sinh?x dt=cosh x dx
_ dx . 2dx _ | Subst. t=e*
= 1+ex +;—x T [ 2+exfe=x T | ex—-1 %

x€(—00;0), te(—o0 o
x€(0;0), te 0 00) Slnh2
x=Int

x€R _ 2dt
dx=4 | te(0;00) | [ t(2+t+1)
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Riesené priklady — 008

/’77

{UHS-

t=tgh3

2dt
x€ER _ -2 1—r2
te( 1;1)} _/ 1+r2 / /dt—t+cl

ﬂ:/m_tgh t+a=tghj+ca, xeR, aeR.

_ [coshxdx dx __ [Subst. t=sinhx|x€(—00;0), te(—00 _
sinh? x sinh? x dt=coshxdx | x€(0;00), te 0 00) smh2

dx=29% | coshx=1 “

_ 1 1 coshx

-t COtghX+C2_C2 sinh x sinh x

_ dx _ 2dx __ | Subst. t=e*|x=Int|x€ER _ 2dt _ 2dt
T 1St T 2 e e T evmtiol [ax= |te(0) | [ H24E+T) T [ PH2tHT
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Riesené priklady — 008

/’77

2dt
__ | URS: t=tgh3 xXER o 12 17:2 X
= LX: 24t | coshx =L +r te( 1;1)} _/ 1+r2 / /dt_t‘+C1—tgh 2+Cl!
xXER, ci€R.
Su 5> |xe
Z/zcodsizx —{ L t&ﬂ:/icoshz —tght+c = tghX+c, xER,  ER.

_ [coshxdx dx __ [Subst. t=sinhx|x€(—00;0), te(—00 _
sinh? x sinh? x dt=coshxdx | x€(0;00), te 0 00) smh2

_ 1 1 coshx _ . _ 1+coshx _

T —t COtghX+C2_C2 sinh x sinh x = sinhx ! xeR {0}’ C2€R.

— dx . 2dx _ | Subst. t=eX|x=Int|xeR . 2dt _ 2dt
14+ teX  [24e femX T | ermp it dx=4 | te(0;) | t(2+t+1) = [ t24+2t+1

— 2dt

I RGEE
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Riesené priklady — 008

/1+cosh x

2dt
UHS t=tgh3 xXER =2 1—r2 d x
= | =5 t=t+c3=tgh2+c,
fo 'L | coshx =155 | te( 1;1)} /H»H’2 e g 2+ 1
XER, ciER.
_ dx  __ |Subst. t=3|xeR| _ _
T | 2cosh?x T { dt =% teR} /cosh2 =tght+a= tgh +a, xeR, aeR.
_ [coshxdx dx __ [Subst. t=sinhx|x€(—o0;0), te _
- sinh? x sinh? x _{ dt=cosh xdx | x€(0;00), te 0 o0) smh2
_ 1 1 _ coshx _ . 14coshx _
T —t COtghX+C2_C2 sinh x sinh x = sinhx ! xeR {0}’ C2€R.
_ dx _ 2dx __ | Subst. t=e*|x=Int|x€ER _ 2dt _ 2dt
T 1St T 2 e e T evmtiol [ax= |te(0) | [ H24E+T) T [ PH2tHT
— 2dt  __ =2
*/(tJrl)z */2(1'4‘1) dt
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Riesené priklady — 008

/1+cosh x

2dt
UHS t:tgh5 xXER =2 1—r2 d x
= [=—5> t=t+c=tghs+c
LX* = cosh x=1 L | e 1;1)} /1+1+:2 @il g 2+ 1
XER, ciER.
_ dx __ | Subst. t=3%|xeR| _ _
~ [ 2cosh® 5 { dt=% teR} /cosh2 =tght+a = tgh +c1, xER, a€R.
_ [coshxdx dx __ [Subst. t=sinhx|x€(—o0;0), te .
- sinh? x sinh?x { dt=cosh xdx | x€(0;00), te 0 o0) smh2
_ 1 1 _ coshx _ . 14coshx _
T —t COtghX+C2_C2 sinh x sinh x = sinhx ! xeR {0}’ C2€R.
_ dx . 2dx _ | Subst. t=e*|x=Int|x€eR _ 2dt _ 2dt
_ 14t T f2textemx T | ex—t 1ol dx= | te(0;00) | [ t(24+t+1) T [t2+2t+1
_ 2dt 2 (t+1)
*/(tJrl)z */2(1'4‘1) dt= +c3
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Riesené priklady — 008

/1+cosh x

2dt
UHS t=tgh3 XER 12 17:2 d X
t=t+ca=tghz+c
fo e | coshx=1 “ te( 1;1)} / 11+122 ta gR2+ 1’R
XENR, 1 ER.
_ dx __ | Subst. t=3%|xeR| _ _
- 2C°Sh2%_{ dt=% teR} /cosh2 =tgh t+C1—tgh +c1, xER, a€R.
_ [coshxdx dx __ [Subst. t=sinhx|x€(—o0;0), te .
- sinh? x sinh?x { dt=cosh xdx | x€(0;00), te 0 o0) smh2
_ 1 1 _ coshx _ . 14coshx _
T —t COtghX+C2_C2 sinh x sinh x = sinhx ! xeR {0}’ Q€ R.
_ dx . 2dx _ | Subst. t=e*|x=Int|x€eR _ 2dt _ 2dt
_ 14t T f2textemx T | ex—t 1ol dx= | te(0;00) | [ t(24+t+1) T [t2+2t+1
— 2dt 2 (t+1) 2
- (t+1)2*/2(t+1) dt= +ca= X+1+C3,X€R, aER.
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Riesené priklady — 009
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Riesené priklady — 009

:/17c;s2x dx
:/sinx~sinxdx

u=x

_ =1
v = sin® x | v/= 25sin x cos x = sin 2x
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Riesené priklady — 009

:/17c;s2x dX:/{% . C0522x:| dx

_ sinx -sinxdx = {u sinx | u’'= cos x
v/=sinx|v = —cosx
= |¥=t  ju=x =xsin’x — [xsin2xdx
v=sin?x|v/=2sinxcosx =sin2x |
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Riesené priklady — 009

_ | 1—cos2 _ 1 cos 2. _ in2
—/fxdx—/[EfTX} dx=3 — %% + ¢, xER, ceR.

v — Cos X

:/sinx~sinxdx :{”, z'”x U cosx }:fsinx-cosx+/cos2xdx
v nx

v/= 2sin x cos x = sin 2x = v'=1

u=x :xsinzx—/xsin2xdx:{“:Si””
o

_ =1
v =sin®x

__cos2x
u= 3 }
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Riesené priklady — 009

01 02 03 04 05 06 07 08 09 10

= [[s - o] ax=

X sin 2x

5 7 T ¢ xER, ceR.

sinx | u’'= cos x

sinx

:/sinx~sinxdx = {”,
v

:—% + /(l—sin2 x) dx

v — Cos X

}:fsinx-cosx+/cos2xdx

__|du=1 u=x
v = sin? x

=xsin’x — [

v/= 2sin x cos x = sin 2x

+ /coséQx dX:|

_ Xxcos2x
2

}:xsinzx— /xsin2xdx: {V

u'=sin2x |u=

v'=1

cos 2x
"]

=
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Riesené priklady — 009

01 02 03 04 05 06 07 08 09 10

:/ng dx:/[g — 2| dx=§ — 12 4 ¢, xR, cER.
:/sinx~sinxdx = {”, SINx) = cosx }:fsinx-cosx+/cos2xdx
v sSiInx | v — COS X

= —sin2x +/(1—sin2x)dx:—% 4 5% = /sin2xdx

f . s /= s — _gos2x
= {“ S , }zxsmzx— /xsm2xdx: {“ sin2x |4 == }
v = sin” x | v/= 2sin x cos x = sin 2x V=X vi=1
- 2 2 cin2 o
—xsinZx — |:_XC°252X+/COS22XdX:|:2XS|2n X+X(Cos x2 sin X)—%—FC

beerb@frcatel.fri.
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Riesené priklady — 009

_ | 1—cos2 _ 1 cos 2. _ in2
—/fxdx—/[EfTX} dx=3 — %% + ¢, xER, ceR.

v — Cos X

:/sinx~sinxdx :{”, z'”x U cosx }:fsinx-cosx+/cos2xdx
v nx

:——5‘"22X + /(l—sin2 x) dx:——s"‘;x +x — /sin2xdx:—75i”22x +x—1

f . s /= s — _gos2x
= {“ v , }zxsmzx— /xsm2xdx: {“ sin2x |4 == }
v =sin“ x | v/= 2sin x cos x = sin 2x V=X v'=1
. " 2. ah .
—xsinZx — |:_XC°252X+/COS22XdX:|:2XS|2n X+X(Cos x2 sin X)—%—FC

2 D .
X €os” X+Xx sin” x sin 2x
= — =5 Tc
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01

Riesené priklady — 009

7/def/{lfw} dx=% —sin2x 4 ¢ xcR, ceR
—_ —_— 2 2 _2 4 1 1 .

U cosx }:fsinx-cosx+/cos2xdx

v — Cos X

u =sinx

:/sinx -sinxdx = {V, o
:——5‘"22X + /(l—sin2 x) dx:——s"‘;x +x — /sin2xdx:—75i”22x +x—1

_ in 2x
2l =x ST}

= [Rovnica = % +tx—1 =

f . s /= s — _gos2x
:{“ S , }zxsmzx—/xsm2xdx:{“ sin2x |4 == }

v = sin” x | v/= 2sin x cos x = sin 2x V=X vi=1

. f 2. % )
:XS|n2X— _M_i_ de :2XSIF‘IX+X(COSX sin X)—M—f—c
2 2 2 2 4
2 s 02 . c
_ Xcos” x+xsin"x __ S|n42x +c :g _ S|n42x +c, XER, ceER.
http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 009

01 02 03 04 05 06 07 08 09 10

:/17c;s2x dX:/{% . C0522x:| dXZ% . sm42x +c, XER, ceR.
U = sinx U= cosx }:fsinx-cosx+/cos2xdx
v — COS X

sinx

:/sinx~sinxdx :{ )
v

:——5‘"22X + /(l—sin2 x) dx:——s"‘;x +x — /sin2xdx:—75i”22x +x—1

%‘FC,XGR, ceR.

— : sin 2x . _ sinax | — X
—[Rovmcal: TQ‘X I = 2/=x %}—2
d H . /= si — _cos2x
:{“ o L , }zxsmzx—/xsm2xdx:{“ sin2x |4 == }
v = sin” x | v/= 2sin x cos x = sin 2x V=X vi=1
. f 2 i )
:XS|n2X— _M_i_ de :2XSIF‘IX+X(COSX sin X)—M—f—c
2 2 2 2 4
x cos® x4x sin’ x sin 2x X sin 2x
= 2 — T2 +C:§—T+C,X€R,C€R.
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Riesené priklady — 010
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Riesené priklady — 010

__ [ 14cos 2x
= / == dx

:/cosx~cosxdx
u'=1 u=x
T | v=rcos?x | v/= —2cos xsinx = — sin 2x
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Riesené priklady — 010

_ [ 14cos2 _ 1 2
_/ c<235 XdX—/|:§+CO52X:|dX

u’ —smx}

v/= cos x

v = sinx

:/cosx~cosxdx = {” cosx

v = cos? x | v/= —2cos x sin x =

_ [u’:l

u=x _ :xc052x+/xsin2xdx
sin 2x
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Riesené priklady — 010

_ [1tcos2 _ ]z 2 _ in2
—/%dx—/{EerTx} dx=3 + *0= + ¢, xeR, ceR.

v/= cos x

v = sinx

:/cosx~cosxdx = {” cosx | U ’S'”}:cosx~sinx+/sin2xdx

v =cos? x| v'= —2cosxsinx = =7 v'=1

_ [u’:l

v _ :xcoszx—i—/xsiandx:[“:5"””
sin 2x V=

__cos2x
u= 3 }
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Riesené priklady — 010

_ [1tcos2 _ ]z 2 _ in2
—/%dx—/{EerTx} dx=3 + *0= + ¢, xeR, ceR.

v/= cos x

v = sinx

:/cosx~cosxdx = {” cosx | U ’S'”}:cosx~sinx+/sin2xdx

=sin2x 4 /(l—cos2 x) dx

u'=sin2x

:xcoszx—i—/xsiandx: {V

_ _ _cos2x
u=x u= 3 }

v'=1

u'=1
v = cos? x

:XC052X+ |:_><co252x +/cos22>< dX:|

v/= —2cosxsinx = —sin2x =7
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Riesené priklady — 010

_ [1tcos2 _ ]z 2 _ in2
—/%dx—/{EerTx} dx=3 + *0= + ¢, xeR, ceR.

v/= cos x

v = sinx

:/cosx~cosxdx = {” cosx | U ’S'”}:cosx~sinx+/sin2xdx

= sin2x —|—/(1—c052x)dx:% +x—/coszxdx

ol A P =xcoszx+/xsin2xdx:{“:5"”” ,

v =cos®x | v/= —2cos xsinx = —sin 2x Y = 5 vi—1
2 2o i? .

:XC052X+ |:_XC°252X +/¥ dX:| :2xcgs x _ X(cos X2 sin® x) + S|n42x

__cos2x
u= 3 }

+c
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Riesené priklady — 010

1
2

cos 2x

+3

:/1+c<2352x dX:/{

01 02 03 04 05 06 07 08 09 10

X

}dx:2

+%+C,XER, ceR.

COSs X

COSs X

:/cosx -cosxdx = {”/
v

=sin2x 4 /(l—cos2 x)dx=2

u'= —sinx

v = sinx

}:cosx -sinx + /sin2xdx

|n22x +X—/C052XdX:SIn22X +x—/

Z[uzl 2 o s _ =xcoszx+/xsin2xdx:[“:5"”” ‘=

v =cos®x | v/= —2cos xsinx = —sin 2x V=X V=1
2 2 a2 .

—x cos? x |:_><<:o2s2x +/cos22><dxj| :2xcgs x _ X(cos x2 sin® x) + %

2 f .
X €os” X+Xx sin” x sin 2x
2 + 4 +c

€os 2x
"]

+c
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Riesené priklady — 010

_ [1tcos2 _ ]z 2 _ in2
—/%dx—/{EerTx} dx=3 + *0= + ¢, xeR, ceR.

v/= cos x

:/cosx~cosxdx = {” cosx

Y ’S'”}:cosx~sinx+/sin2xdx

v = sinx

=sin2x 4 /(l—cos2 Xx) dx=Sn2x 4 x — /cos2 xdx =02 4 x — |

— . _ sin2x . _ in 2x
= {ROVHICQI—ST tx—1 = 2/=x+ ST}

u=x

u'=1
v = cos? x | v/= —2cos xsinx = —sin 2x

=xcos? x + /xsin 2x dx = [“:5"””
v

=

v'=1

_ 2 _ Xxcos2x cos 2x _ 2x cos?® x _ X(COS2 x—sin? X) sin 2x
=X COS x—i—[ 2-i—/2dx}— 3 3 + ==

2 2 . .
__ xcos® x+xsin® x sin 2x X sin 2x
= > G+ AFC =5 4F T +c, xeER, ceR.

__cos2x
u= 3 }

+c
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Riesené priklady — 010

_ [1tcos2 _ ]z 2 _ in2
—/%dx—/{EerTx} dx=3 + *0= + ¢, xeR, ceR.

= [ cos x - cos x dx :{”/ cosx

\4 COSs X

Y ’S'”}:cosx~sinx+/sin2xdx

v = sinx

=sin2x 4 /(l—cos2 x)dx =22 4 x — [cos? xdx =72 4 x — |

:{Rovnicalz¥}x | = 2/:x}¥}:§+%+c, XER, CGR.

:[“:1 u=x :xcoszx—i—/xsiandx:[“:5"””
V=X

v = cos® x

v/= —2cosxsinx = —sin2x

__cos2x
u= 3 }

v'=1

=xcos? x + |:_XC°252X + /% dxj| _ 2xc§szx _ x(cos® x2—sin2 x) 4 sin42x Le

2 2 . .
__ xcos® x+xsin® x sin 2x X sin 2x
= > G+ AFC =5 4F T +c, xeER, ceR.
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11 11-12 13 14-15 16 17 18 19 20

RieSené priklady — 011, 012

/sin2"+1xdx neN
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11 11-12 13 14-15 16 17 18 19 20

RieSené priklady — 011, 012

:/sin2x~sinxdx

:/sinz”x - sin x dx
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11 11-12 13 14-15 16 17 18 19 20

RieSené priklady — 011, 012

= /sin2x . sinxdx:/(lfcos2 x) - sin x dx

:/sinz”x . sinxdx:/(sin2 x)" - sin x dx
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11 11-12 13 14-15 16 17 18 19 20

RieSené priklady — 011, 012

x € (0+km; m+ k)

dt=—sinxdx | te(-1;1), keZ

:/sin2x~sinxdx:/(1fcos2x)~sinde: Subst. t=cosx

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx
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11 11-12 13 14-15 16 17 18 19 20

RieSené priklady — 011, 012

x € (0+km; m+ k)
te(-1;1), keZ

:/sin2x~sinxdx:/(1fcos2x)~sinde: Subst. t=cosx
dt=—sinx dx
:7/(17t2)dt

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx

Xckio{kﬁ;ﬁ}kﬁ}}

__ [Subst. t=cosx
te(-1;1), keZ

dt=—sinxdx
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RieSené priklady — 011, 012

= /sin2x : sinxdx:/(lfcos2 x) -sinxdx= {S“b“ fcosx
. dt=—sinx dx
:—/(1—t2)dt:/(t2—1)dt

/sin2"+1xdx neN

x € (0+km; m+ k)
te(-1;1), keZ

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx
x€(0+km; m+km)] __
t?;\ 1‘;1',\,1“}’2 }——/(1—1’2)"(“'

__ [Subst. t=cosx
dt=—sinxdx
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RieSené priklady — 011, 012

= /sin2x : sinxdx:/(lfcos2 x) -sinxdx= {S“b“ fcosx
. dt=—sinx dx
:—/(l—tz)dt:/(t2—1)dt:t3—3 —t+c

x € (0+km; m+ k)
te(-1;1), keZ

/sin2"+1xdx neN

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx
o)== fa-eyde=— [ 3 @iy ae

_ {Subst. t=cos x
dt=—sinxdx
i=0
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RieSené priklady — 011, 012

/sin3xdx = % — CcosXx + ¢

x € (0+km; m+ k)
te(-1;1), keZ

= /sin2x : sinxdx:/(lfcos2 x) -sinxdx= {S“b“ fcosx
dt=—sinx dx

:f/(lftz)dz'::/(tifl)dt:t3—3 - t+c:% —cosx+c¢, xER, ceR.

/sin2"+1xdx neN

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx

xc(O{kn;mkw;} :_/(1_t2)n dt:—/[i (I;)ln—f(_tZ)l} dt

te(-1;1), keZ h
' i=0

dt=—sinxdx

:_/[f%(y)(—l)ftﬂ dt

i=

_ {Subst. t=cos x
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RieSené priklady — 011, 012

/sin3xdx = % — CcosXx + ¢

x € (0+km; m+ k)
te(-1;1), keZ

= /sin2x : sinxdx:/(lfcos2 x) -sinxdx= {S“b“ fcosx
dt=—sinx dx

:f/(lftz)dz'::/(tifl)dt:t3—3 - t+c:% —cosx+c¢, xER, ceR.

/sin2"+1xdx neN

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx

xc(O{kn;mkw;} :_/(1_t2)n dt:—/[i (I;)ln—f(_tZ)l} dt

_ {Subst. t=cos x

:_/[ ; (,”-)(—\\1)11;2':} di=- ;0 (7)(—1)f/t2fdt -
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RieSené priklady — 011, 012

/sin3xdx = % — CcosXx + ¢

x € (0+km; m+ k)
te(-1;1), keZ

= /sin2x : sinxdx:/(lfcos2 x) -sinxdx= {S“b“ fcosx
dt=—sinx dx

:f/(lftz)dz'::/(tifl)dt:t3—3 - t+c:% —cosx+c¢, xER, ceR.

/sin2"+1xdx neN

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx

xc(O{kn;mkw;} :_/(1_t2)n dt:_/[zo (I;)ln—f(_tZ)l} dt

_ {Subst. t=cos x

dt=—sinxdx | te(-1;1), keZ =
:_/[g (1] de=—3 (’,.’)(—1)’/t2"dt:§ (1) 2 4
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RieSené priklady — 011, 012

cos’

T‘fcos,\jtc

x € (0+km; m+ k)
te(-1;1), keZ

:/sin2x~sinxdx:/(1fcos2x)~sinde: Subst. t=cosx

dt=—sinx dx

:f/(lftz)dz'::/(tifl)dt:t3—3 - t+c:% —cosx+c¢, xER, ceR.

:/sinz”x . sinxdx:/(sin2 x)"- sinxdx:/(l—cos2 x)™ - sin x dx
o= fa-era——[[ £ (rri-ey] e

=

Subst. t=cosx
dt=—sinxdx

=[5 el a5 i fer=g O e

=

= () cosxc+(7) 22— () 22t +(~1)" () ErE 4, xER, cER.

=

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13 14-15 16 17 18 19 20

Riesené priklady — 013

| = n=2345,...
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Riesené priklady — 013

l, = /sin” =2345,...

:/sin”fl X - sin x dx
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Riesené priklady — 013

l, = /sin” =2345,...

. n— . — ginn1 I (n—1)sin™2 x .
:/Sln" 1X .sin x dx = {u sin" ' x | u'= (n—1)sin"? x - cos x

v/=sinx

V = —COSX
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Riesené priklady — 013

fly = =2345,...

u'= (n—1)sin""2x - cos x

v/=sinx V= —cosx

. . . — einn—1
:/sm” 1><~S|nxd><:{u s

=—cosx-sin™ ! x+ (n—l)/sin”_2 x - cos? x dx
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Riesené priklady — 013

fly = n=2345,...

. — . — einn—1
:/sm” 1X~S|nxd><:{”, s
v '=sInx

u'= (n—1)sin""2x - cos x

V = —COSX

n

=—cosx-sin" ' x+ (n—1) [sin""? x - cos? x dx

= —cosx-sin" x4 (n—l)/sin”fzx - (1—sin® x) dx
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Riesené priklady — 013

1, 7/S|n x dx =2345,...

. — . — einn—1
:/sm” 1X~S|nxd><:{”, s
v '=sInx

=—cosx-sin" ' x+ (n—1)

u'=(n—1)sin"2x - cosx}

V = —COS X
sin"2 x - cos? x dx

nfl

=—Cosx -sin sin” (1—sin? x) dx

—=—cosx -sin"!x +

\\\

sin” xdx—(n—l)/sin"xdx
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Riesené priklady — 013

1, 7/S|n x dx n=2345,...

. — . — einn—1
:/sm” 1X~S|nxd><:{”, s
v '=sInx

=—cosx-sin" ' x+ (n—1)

u'=(n—1)sin"2x - cosx}

V = —COSX

sin"2 x - cos? x dx

n—1

=—cosx-sin"tx 4 (n—1) [sin"? x - (1—sin® x) dx

=—cosx-sin" ! x+ (n—1)

\\\

sin" % x dx — (n—l)/sin"xdx

=—cosx-sin" x4+ (n—1)l,_o — (n—1)l,
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Riesené priklady — 013

fly = =2345,...

. . . — einn—1
:/sm” 1><~S|nxd><:{u s

v/=sinx

u'=(n—1)sin"2x - cosx}

V = —COSX

=—cosx-sin™ ! x+ (n—l)/sin”_2 x - cos? x dx
= —cosx-sin" x4 (n—l)/sin”fzx - (1—sin® x) dx

=—cosx-sin" ! x+ (n—l)/sin”_zxdx = (n—l)/sin"xdx

=—cosx-sin" x4+ (n—1)l,_o — (n—1)l,

Rovnica I, = —cosx - sin" ! x + (n—1)l,_o — (n—1)I,
cosxsin”tx | n=1
n n n—2

n—1

= nly=1Il,+(n=1)l, = —cosx -sin" " x + (n—1)l,_o = I, =
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Riesené priklady — 013

/ :/sin”xdx e . /sin”’3 x dx =2345,...

. . . — einn—1
:/sm” 1><~S|nxd><:{u s

v/=sinx

u'=(n—1)sin"2x - cosx}

V = —COSX

=—cosx-sin™ ! x+ (n—l)/sin”_2 x - cos? x dx

—cosx -sin" 1 x + (n—l)/sin”fzx - (1—sin® x) dx

—cosx -sin" ! x + (n—l)/sin”_zxdx = (n—l)/sin"xdx

=—cosx-sin" x4+ (n—1)l,_o — (n—1)l,

__ | Rovnica /, = —cosx - sin" 1 x + (n—1)lp_2 — (n—1)1,
- cosxsin"lx | n-1;
n n n—2

n—1

= nly=1Il,+(n=1)l, = —cosx -sin" " x + (n—1)l,_o = I, =

- n—1 _
_ _ cosx s,|7n X 4 nnlln—2, XER,
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Riesené priklady — 013

/ :/sin”xdx e . /sin”’3 x dx =2345,...

u'=(n—1)sin"2x - cosx}

v/=sinx V= —cosx

. . . — einn—1
:/sm” 1><~S|nxd><:{u s

=—cosx-sin™ ! x+ (n—l)/sin”_2 x - cos? x dx

—cosx -sin" 1 x + (n—l)/sin”fzx - (1—sin® x) dx

—cosx -sin" ! x + (n—l)/sin”_zxdx = (n—l)/sin"xdx

=—cosx-sin" x4+ (n—1)l,_o — (n—1)l,

__ | Rovnica /, = —cosx - sin" 1 x + (n—1)lp_2 — (n—1)1,
- n—1 cosxsin"lx | n-1;
n n n—2

= nly=1Il,+(n=1)l, = —cosx -sin" " x + (n—1)l,_o = I, =

- n—1 _
_ _ cosx s,|7n X 4 nnlln—2, XER,

pri¢om Ilz/sinxdx:fcosquc, Igz/sinoxdx:/dx:x+c,x€R, ceER.
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RieSené priklady — 014, 015

/cos2"+1 x dx nelN
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RieSené priklady — 014, 015

= /cos2x - cos x dx

:/cosznx - cos x dx
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RieSené priklady — 014, 015

= /cos2x . cosxdx:/(lfsin2 x) - cos x dx

:/cosznx : cosxdx:/(cos2 x)" - cos x dx
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RieSené priklady — 014, 015

x€(—F+km; S+km)

dt=cosxdx | te(-1;1), keZ

:/cos2x~cosde:/(1fsm2x)~cosde: Subst. f=sinx

:/cosznx : cosxdx:/(cos2 POLE cosxdx:/(l—sin2 x)" - cos x dx
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RieSené priklady — 014, 015

x€(—F+km; S+km)
te(-1;1), keZ

= /cos2x . cosxdx:/(lfsin2 x) - cos x dx = | 2Pt f=sinx
dt=cos x dx
:/(1—t2)dt

:/cosznx : cosxdx:/(cos2 POLE cosxdx:/(l—sin2 x)" - cos x dx

x€( 1{kﬁ;%}k7>}

__ [Subst. t=sinx
te(-1;1), keZ

dt=cos x dx
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RieSené priklady — 014, 015

x€(—F+km; S+km)
te(-1;1), keZ

: bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: Subst f=sinx

. dt =cos x dx
:/(1—t2)dt:t— %3 +c

:/cos2”x-cosxdx:/(cos x)" - cosx dx= /(1—sin2 x)" - cos x dx

__ [Subst. t=sinx|xe(—F+km F+km) 2\n
- [ te{—l,lg, keZ /(1 t ) 2

dt=cos x dx
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RieSené priklady — 014, 015

/cos3xdx:sin.\'7 x4 ¢

x€(—F+km; S+km)

dt=cosxdx | te(-1;1), keZ

. bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: Subst f=sinx

:/(17t2)dt:tf%3+c:sinxf%qtc, XER, ceR.

:/cosznx : cosxdx:/(cos2 x)" - cosxdx= [(1—sin®x)" - cos x dx

XE(—F+km F+km)] _ o n n —F i
)= fameraes [[ 5 (-] e

__ [Subst. t=sinx
dt=cos x dx

=
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RieSené priklady — 014, 015

/cos3xdx:sin.\'7 x4 ¢

xe(—%+k¢r;’§‘+kw>]

dt=cosxdx | te(-1;1), keZ

: bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: {S“ ot e

:/(17t2)dt:tf%3+c:sinxf%qtc, XER, ceR.

/cos2"+1 x dx nelN

:/cosznx : cosxdx:/(cos2 x)" - cosxdx= [(1—sin®x)" - cos x dx

)= faeras [ ooy

_ [Subst. t=sin x
i=0

dt=cos x dx

:/{z ()(-1)'¢] de

i=
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RieSené priklady — 014, 015

/cos3xdx =sinx — 20X +

: bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: {S“ ot e

dt =cos x dx

x€(—F+km; S+km)
te(-1;1), keZ

:/(17t2)dt:tf%3+c:sinxf%qtc, XER, ceR.

/cos2"+1 x dx nelN

:/cosznx : cosxdx:/(cos2 x)" - cosxdx= [(1—sin®x)" - cos x dx
Subst. t=sinx |xe(—S+km F+km)] _ _ & n —i i

- [ dtt*zosxdx tL"\—l'l‘E k&Z} _/(1_t2)ndt_/[,§0 (i)ln (_t2) :| dt

~[[£ 1] ae=5 ()0 [

i=0
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RieSené priklady — 014, 015

/cos3xdx =sinx — 20X +

: bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: {S“ ot e

dt =cos x dx

x€(—F+km; S+km)
te(-1;1), keZ

:/(17t2)dt:tf%3+c:sinxf%qtc, XER, ceR.

/cos2"+1 x dx nelN

:/cos2”x-cosxdx:/(coszx)"-cosxdx: (1—sin®x)" - cos x dx
)= fameras 3 (ri-ey]a
~[[£ o el o i()( 1y [ de= 3 ()(-1'ig+e

i=0 1=

__ [Subst. t=sinx
dt=cos x dx
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RieSené priklady — 014, 015

/cos3xdx =sinx — 20X +

x€(—F+km; S+km)
te(-1;1), keZ

: bst. t=si
:/cos2x~cosde:/(1fsm2x)~cosde: Subst f=sinx

dt =cos x dx

:/(17t2)dt:tf%3+c:sinxf%qtc, XER, ceR.

n

7?(/7)(71)"“” +C

L \|

i=0

:/cosznx : cosxdx:/(cos2 x)" - cosxdx= [(1—sin®x)" - cos x dx

__ [Subst. t=sinx
dt=cos x dx

)= fameras 3 (ri-ey]a
-/[5 0 - i()( 1) [eae=3 ()1 4

i=0 i=
= (o) sinx—(7) Sln3 *+(5) S‘mssx e (=1)() Siginflxﬂy X€ER, ceR.
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Riesené priklady — 016

l, = /cos"xdx
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Riesené priklady — 016

l, = /cos"xdx

:/cos”_1 X - cos x dx
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2 x - sin x

n—1
:/cos”_lx -cos x dx = [“ cost

v/= cos x

vV =sinx
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2 x - sin x

v/= cos x v =sinx

n—1
:/cos”_lx -cos x dx = [“ cost

=sinx - cos" 1 x + (n—1)/cos”‘2x -sin? x dx
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2

x~5in><}

v/= cos x v =sinx

=sinx - cos" 1 x + (n—l)/cos”
(n-1) f o5

n—1
:/cos”_lx -cos x dx = [“ cost

x - sin? x dx

2
=sinx - cos" 1 x + cos" 2 x - (1—cos? x) dx
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2

x~5in><}

vV =sinx

=sinx - cos" 1 x + (n—1) x - sin? x dx

=sinx - cos" ! x + (n—1)

=sinx - cos" 1 x + (n— 1)/cos”*2x - (1—cos? x) dx

cos" % x dx — (n—1)/cos"xdx
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2

x~5in><}

vV =sinx

=sinx - cos" 1 x + (n—1) x - sin? x dx

=sinx - cos" ! x + (n—1)

=sinx - cos" 1 x + (n— 1)/cos”*2x - (1—cos? x) dx

cos" % x dx — (n—1)/cos"xdx

=sinx - cos" ' x + (n—1)l,_» — (n—1)I,
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Riesené priklady — 016

l, = /cos"xdx

u'= —(n—1) cos" 2

X - sinx
vV =sinx

:/cos”_lx - cosx dx = [“/ o

=sinx - cos" 1 x + (n—1) x - sin? x dx

=sinx - cos" ! x + (n—

=sinx - cos" 1 x + (nfl)/cos”*x - (1—cos? x) dx

=sinx - cos" ' x + (n—1)l,_» — (n—1)I,
Rovnica /, = sinx - cos" * x + (n—1)lp—2 — (n—1)I,

= nly=l,+ (n=1)l, =sinx-cos" 1 x+ (n—1)lp2 = I, = % + %IH,J
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Riesené priklady — 016

n—2

u'= —(n—1) cos' x~5in><}

vV =sinx

:/cos”_lx -cos x dx = [“/ cost
=sinx - cos" 1 x + (n—1) [ cos" 2 x - sin® x dx

=sinx - cos" 1 x + (nfl)/cos”*x - (1—cos? x) dx

=sinx - cos" ! x + (n—1) [ cos" 2 xdx — (n—1) [ cos" x dx
=sinx - cos" ' x + (n—1)l,_» — (n—1)I,
Rovnica /, = sinx - cos" * x + (n—1)lp—2 — (n—1)I,
o = nly=l,+ (n=1)l, =sinx-cos" 1 x+ (n—1)lp2 = I, = % + ”—nll,,,z
4 . n—1 _
:smxczs X+nnlln—2yXERy
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Riesené priklady — 016

n—2

u'= —(n—1) cos' x~5in><}

vV =sinx

:/cos”_lx - cosx dx = [“/ o

=sinx - cos" 1 x + (n—1) [ cos" 2 x - sin® x dx

=sinx - cos" ! x + (n—

=sinx - cos" 1 x + (nfl)/cos”*x - (1—cos? x) dx

=sinx - cos" ' x + (n—1)l,_» — (n—1)I,
. {Rovnica Iy =sinx-cos" 1 x + (n—1)lp—2 — (n—1)I,

= nly=l,+ (n=1)l, =sinx-cos" 1 x+ (n—1)lp2 = I, = % + %IH,J

- . n—1 _
__sinx czs X + nnlln72v XER,

pri¢om llz/cosxdx:sinx-i-c, lgz/cosoxdx:/dx:x+c,x€R, ceR.
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/ :/sinh2xdx
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Riesené priklady — 017

/ :/sinh2xdx

:/coshgx—l dx

:/sinhx - sinh x dx
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Riesené priklady — 017

/ :/sinh2xdx

_ | cosh2x—1 _ cosh2x 1
—/72 dx-/[i2 2} dx

u'= cosh x}

v/=sinhx | v = cosh x

Z/sinhx -sinh xdx= [“:Sinhx
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Riesené priklady — 017

_ cosh 2x—1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T_i} dX—T— §+C, XGR, ceR.

v/=sinhx | v = cosh x

:/sinhx - sinh x dx = [“:Si”hx “:C“hx} =sinh x - cosh x — /cosh2xdx
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Riesené priklady — 017

14-15 16 17 18 19 20

4

_ | cosh2x—1 _ cosh2x 1
—/72 dx-/[i2 2} dx

__ sinh 2x

—g—f—c,xeR, ceR.

u = sinhx | u'= cosh x

:/sinhx-sinhxdx:{

v/=sinhx | v = cosh x

— /(sinh2 x+1) dx

__ sinh 2x
2

}:sinhx - cosh x — /cosh2xdx

. X e X 2d o e2x_26xefx+e72xd o
= 5 X = 4 X =
1 2x

i {%_2X+72} +e

iza.sk/ beerb
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Riesené priklady — 017

_ cosh 2x—1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T_i} dX—T— §+C, XGR, ceR.

u=sinhx “:C“hx} =sinh x - cosh x — /cosh2xdx

v = cosh x

:/sinhx-sinhxdx:{

v/= sinh x

:sinf212x _ /(Sinh2X+1) dX:sinhT2x — /sinh2XdX —X

iza.sk/ beerb
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Riesené priklady — 017

_ cosh 2x—1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T_i} dX—T— §+C, XGR, ceR.

u=sinhx “:C“hx} =sinh x - cosh x — /cosh2xdx

v = cosh x

:/sinhx-sinhxdx:{

v/= sinh x

:L”gzx — /(sinh2x+1) dx:isi"g” = /sinhzxdx — x:L‘gZX ——x
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Riesené priklady — 017

I:/sinh2xdx = sinh2x

_ cosh 2x—1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T_i} dX—T— §+C, XGR, ceR.

u = sinhx

sinh x - sinh x dx= [

v/=sinhx | v = cosh x

u:coshx} —=sinh x - cosh x — /Cosh2 x dx

:—Si”gzx - /(sinh2x+1) dx:—Si“g2X — /sinhzxdx fx:—smgb‘ —/—x

[Rovmca fl= S ] — e = ff] = S x}

/ —x dX:/eZX_QeXT;XJrefo dX:%/[eb( _2+e—2X]dX
2x

—e X —4x 1 e —e X
:|+C_#+C_Z'f_§+c
_7Sinh2x — *; +C, XER, CER

4
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Riesené priklady — 017

I:/sinh2xdx = sinh2x

_ cosh 2x—1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T_i} dX—T— §+C, XGR, ceR.

u = sinhx

sinh x - sinh x dx= [

v/=sinhx | v = cosh x

u'= coshx} —=sinh x - cosh x — /Cosh2XdX
:% = /(sinh2x+1)dx:5inhT2X - /Sinh2XdX*XIsth2X —1=x

{Rovmcal*s‘”"” |—x = 2] = dnh2x x}:%_g‘FC,XER,CGR.

/ 7X dx:/—ezx —2¢ Zﬁmreizx dx:%/[eh —2+e ] dx
2><

— e _4x 1 e*—e X
:L‘h” —%—!—c, XER, ceR.

4
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Riesené priklady — 018

I:/cosh2xdx
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Riesené priklady — 018

I:/cosh2xdx

_ | cosh 2x+1
—/72 dx

:/coshx - cosh x dx
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Riesené priklady — 018

I:/cosh2xdx

:/cosh22><+1 dX:/|:CO522X 4 %:| dx

u'= sinhx}

v/= cosh x | v = sinh x

:/coshx - cosh xdx = [“:C"th

2
X —x 2x X o —X —2x
——/[78 +2€ ] dx_—/ge +2e ¢ I
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_ cosh 2x+1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T—"_i} dX_T—’_E—’_C' XGR, CER

:/coshx - cosh xdx = [“:C"th

v/= cosh x

u:sinhx} =cosh x - sinh x — /Sin2XdX

v = sinh x

X —X 2 X X =X —2x
:/[7 | dx:/—ez 26 o7 dx:%/[ezx+2+e_2x]dx
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_ cosh 2x+1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T—"_i} dX_T—’_E—’_C' XGR, CER

:/coshx - cosh xdx = [“:C"th

v/= cosh x

u:sinhx} =cosh x - sinh x — /Sin2XdX

v = sinh x

ST . /(coshzxfl)dx

X —X 2 X X =X —2x
:/[7 | dx:/—ez e dx:%/[ezx+2+e_2x]dx
2

| +¢

iza.sk/ beerb
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Riesené priklady — 018

_ cosh 2x+1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T—"_i} dX_T—’_E—’_C' XGR, CER

¥ = coshx “:Si”“}:coshx -sinh x — /sin2xdx

v = sinh x

:/coshx~coshxdx: [

v/= cosh x

=il /(coshzx—l)dxzsi"th‘ = /cosh2xdx+x

X —X 2 X X =X —2x
:/[7 | dx:/—ez e e dx:%/[ezx+2+e_2x]dx
2

e—2x 2x

_ e —e X 44x
2:| +C—#+C

iza.sk/ beerb
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Riesené priklady — 018

_ cosh 2x+1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T—"_i} dX_T—’_E—’_C' XGR, CER

¥ = coshx “:Si”“}:coshx -sinh x — /sin2xdx

v = sinh x

:/coshx~coshxdx: [

v/= cosh x

= 75"”2‘” = /(cosh2x71) dx:is“‘gb‘ - /coshzxdx + x= 75""2‘2)( — I+ x

X —X 2 X X =X —2x
:/[7 | dx:/—ez e e dx:%/[ezx+2+e_2x]dx
2

—2x 2x —2x
e & =c +4x _1 e —e X
2]+c— - e e it B
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Riesené priklady — 018

I:/cosh2de* 2

:/7C‘°Sr‘2zx+:L dx:/[Lsgh I %} dx=Smh2X | X | ¢ x€R, cER.
cosh x - cosh x dx = [”,:C"th “:Sf"“}:coshx -sinh x — /sin2xdx
v'= cosh x | v = sinh x
:L”gzx = /(cosh2x71) dx:is“‘gb‘ - /coshQXdXer:iSi“gzx — I+ x
= {Rovnical:% I+x = 2/:% }x}
7>< 2x X A—X —2x
/ dx:/—+2e — dx:%/[ezx+2+e_2x]dx
2x 2>< —2x 2x —2x
%[e +2x+—} fe=S=e =l x4
=sih2x | x4 ¢, xER, cER.
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Riesené priklady — 018

I:/cosh2de* 2

_ cosh 2x+1 _ cosh 2x 1 __ sinh 2x X
_/fdx_/{T—"_i} dX_T—’_E—’_C' XGR, CER

¥ = coshx “:Si”“}:coshx -sinh x — /sin2xdx

v = sinh x

cosh x - cosh x dx = [

v'= cosh x
= 75"”2‘” = /(cosh2x71) dx:is“‘gb‘ - /coshzxdx + x= 75""2‘2)( — I+ x

_{Rovnicalzw I+x = 2/:%}X}:%+§+C, XER, CGR

/ 7x dx:/wdx:%/[ezxﬂjte—”]dx
1 2x e _ e 14 1 e e
;[e +2x+—}+c— 2 S e=gc—F—1% FC

:%+§+c,xeR, CER.
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Riesené priklady — 019

/sinh3xdx
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Riesené priklady — 019

/sinh3xdx

:/sinh2 x-sinh x dx
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Riesené priklady — 019

/sinh3xdx

:/sinh2 x~sinhxdx:/(cosh2 x—1)-sinh x dx

3
X _ a—X 3X _ 9 a2X o—X X a—2X _ o—3x
/|:e 2e :| dx /e 3e™e +83e @ e dx
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Riesené priklady — 019

/sinh3xdx

:/sinh2x~sinhxdx:/(cosh2x—1)-sinhxdx: Subst. t=cosh x

X € (—o0; 0),
dt=sinh xdx

x€(0;00), t

3
X _ a—X 3X _ 9 a2X o—X X a—2X _ o—3x
/|:e 2e :| dx /e 3e™e +83e @ e dx

3x x —x —3x
_ [ —3e"43e *—¢e
—/ = dx
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Riesené priklady — 019

/sinh3xdx

:/sinh2x~sinhxdx:/(cosh2x—1)-sinhxdx: Subst £ =cosh x

x€(—00;0), te(l;00)

dt=sinhxdx | x€(0; 00), t€

3
X =52 3x 2X —X X a—2x =&
/|:e —2e :| dx /e —3e”e +83e e =@ dx

3x x —x —3x
:/e —3e +Z;e —e dx:%/[e3x—3ex+3e’xfe’3x]dx
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Riesené priklady — 019

/sinh3xdx

:/sinh2x~sinhxdx:/(cosh2x—1)-sinhxdx: Subst £ =cosh x

dt=sinh xdx

x€(—00;0), te(l;00)

x€(0;00), te

= [(2—1)dt=L —t+¢

3
X =52 3x 2X —X X a—2x =&
|:e —2e :| dx /e —3ee *43e’e =@ dx

8

/[e3x —3e*+3e * —e 3] dx

[
—
w|®
w
m
X
+
o [
| (o
N
1
| @
—_ m“_.
+
(9}
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Riesené priklady — 019

A X coshx + ¢

:/sinh2x~sinhxdx:/(cosh2x—l)-sinhxdx: Subst. £=cosh x| x€(~00:0), t€{1;00)

dt=sinh xdx

x€(0;00), te

= (i.‘271)dt_‘:%3 7t+c:%7coshx+c, XER, ceR.

[ —3e*+3e > —e 3| dx

1 3x _ 3x
c=3 {%—3ex—3e - }—i—c

+ S~
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Riesené priklady — 019

. cosh3 x 2% _o
/S|nh3de:%7cosh\'+c:e e
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RieSené priklady — 024

n n

‘ cinh x.cosh™1 5 - 5
In =/cosh”xdx = dliceodi’ x4 G-l /cosh” “ x dx

u'=(n—1)cosh" % x - sinhx}

v/= cosh x v = sinh x

= /cosh"_lx - cosh x dx = [“:COSW’ .
—sinhx - cosh” ' x — (n—1) [ cosh” % x - sinh? x dx
=sinh x - cosh” ' x — (n—1) [ cosh”? x - (cosh? x—1) dx

=sinh x - cosh” ' x — (n—1)

—— —

cosh” x dx + (n—l)/cosh"_2 x dx
=sinhx - cosh” ' x — (n—1)I, + (n—1)/r_

__ | Rovnica I, = sinh x - cosh” Ix (n=1)1n + (n=1)lp—2
In—2

sinh x-cosh” ' x | n—1
n n

= nly=1I+(n 1)/,7:sinh><-cosh”71>< +(n—1)lh—2 = I, =

. . n—1 _
__ sinh x czsh X + nnlln72y XER,
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RieSené priklady — 024

n n

‘ cinh x.cosh™1 5 - 5
In =/cosh”xdx = dliceodi’ x4 G-l /cosh” “ x dx

u'=(n—1)cosh" % x - sinhx}

v/= cosh x v = sinh x

= /cosh"_lx - cosh x dx = [“:COSW’ .
—sinhx - cosh” ' x — (n—1) [ cosh” % x - sinh? x dx
=sinh x - cosh” ' x — (n—1) [ cosh”? x - (cosh? x—1) dx

=sinh x - cosh” ' x — (n—1)

—— —

cosh” x dx + (n—l)/cosh"_2 x dx
=sinhx - cosh” ' x — (n—1)I, + (n—1)/r_

__ | Rovnica I, = sinh x - cosh” Ix (n=1)1n + (n=1)lp—2
In—2

sinh x-cosh” ' x | n—1
n n

= nly=1I+(n 1)/,7:sinh><-cosh”71>< +(n—1)lh—2 = I, =

. . n—1 _
__ sinh x czsh X + nnlln72y XER,

pricom l = /coshxdx:sinhx+c, I = /coshoxdx: /dx:x+C,XER, ceR.
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RieSené priklady — 024

I, :/cosh"xdx
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RieSené priklady — 024

I, :/cosh"xdx
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RieSené priklady — 024

I, :/cosh"xdx
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RieSené priklady — 024

21 21 22 23 24 24 25-26

I, = /‘cosh" x dx
_ / B /i@* S / (e +e ) dx
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RieSené priklady — 024

I, :/cosh"xdx

By I

21’7 /[ Zn: (r;)(ex)nfi(efx)i] dx
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RieSené priklady — 024

I, :/cosh"xdx

_ / B /i@* S / (e +e ) dx

_ 21n/[zn: (fi?)(ex)nfi(efx)i] dx =1 [Zn: (7) em—ix efix} dx

i=0

i=0
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RieSené priklady — 024

I, :/‘cosh"xdx
:/[ex +72efx}n dx:/i(ex +2iix)n dx = 21n /(e +e_X) dx

4 [[£ (i) ox
/[Zo anx— z,x}dx

[Zn: (7) enx—ix efix} dx

i=0
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RieSené priklady — 024

. i :
:/[ex +72efx}n dx:/i(ex +2iix)n dx= 21n /(e +e_X) dx

:%/[é(f;)(ex)nfi(efx)i] dx =1 [Z": (7) enx—ix efix} dx
—1 / [3 @ e ex =43 [() / =20 dx], xeR,
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RieSené priklady — 024

. . P o (n—2i)x .
pri¢om /dX:X+C prelzg, /e(" 2')XdX:e72i +c prel;ﬁg, ceR.

n
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RieSené priklady — 024

. . P o (n—2i)x .
pri¢om /dX:X+C prelzg, /e(" 2')XdX:e72i +c prel;ﬁg, ceR.

n

’ n=2k+1, k=0,1,2,... (neparne) ‘

’ n =2k, k=123, ... (parne) ‘
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RieSené priklady

I,,:/cosh"de* -

=

o

=% [[£ O] e =4 [é)(?) e ] ax
/[i (7) em- 2:x] dx =% znj [(7)/e(nfz;)xdx]’ <ER,

i=0 i=0
. o (n—2i)x ;
pri¢om /dX = X+ C pre Izg, /e(" 2')XdX = en72i -+ C pre I;ﬁg, ceR.
’ n=2k+1, k=012, . (neparne) ‘
(n—2)x =3 (2—n)x —nx
Lt ()G S ] e

n n—

/n:%"[ﬂ+n

—nx

e2—n)x

A ooo 4 = +i"]+c.

http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 025, 026
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Riesené priklady — 025, 026

x € (=5 +2km; 5 +2km)
dx=4l5, teR keZ

Subst. t=tgx
x=arctgt

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

pal

Riesené priklady — 025, 026

_ sin’ x 1—cos® x d
cos? x T cos?x

21 21 22 23 24 24 25-26 :

x € (=5 +2km; 5 +2km)

_ | Subst. t=tgx
dx=4l5, teR keZ

x=arctgt

_ [ £dt
- [ 241

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

21 21 21 22 23 24 24 25-26 :

Riesené priklady — 025, 026

x € (=5 +2km; 5 +2km)
dx=4l5, teR keZ

_ | Subst. t=tgx
x=arctgt

_ [ £dt [ E4t—tdt
= | 241 t24+1
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Riesené priklady — 025, 026

/tgzde*tgx X+ c

— [amx ax— [t ac— [T - tax— ex—x+c

xER—{3 + km, keZ}, ceR.

/tg3 x dx
_ [£dt _ [P+t—tdt _ rdt — L [2ede
| 241 241 t24+1

x € (=5 +2km; 5 +2km)
dx=4l5, teR keZ

_ {Subst. t=tgx

x=arctgt

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

21 21 21 22 23 24 24 25-26

Riesené priklady — 025, 026

/tgzde*tgx X+ c

- 22 o 1— 2 o 1 o
— [amx ax— [t ac— [T - tax— ex—x+c

xER—{3 + km, keZ}, ceR.

/tg3xdx
_ [ £dt [ E4t—tdt 1 [2tdt
_/t2+1_/ t2+1 _/tdt_i/tzﬂ

x € (=5 +2km; 5 +2km)
dx=L, teR keZ

el

_ 1 [ (£241) dt
*/fdt— E/W

_ {Subst. t=tgx

x=arctgt

beerb@frcatel.fri http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 025, 026

/tg2XdX*th X+ c

_ sin” x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

/tg3 x dx
tdt _ [ Pe—tdt rdt — L [2ede
241 [ 241 t24+1

x € (=5 +2km; 5 +2km)

dx=225, teR, ke Z

2
:/tdt—%/“j;fldff‘— In

_ {Subst t=tgx

x=arctgt

+c
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Riesené priklady — 025, 026

/tgzde*tgx X+ c

_ sin“ x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

—In(tg®x+1) + ¢
x € (—Z+2km; T +2km) tdt _ [ Pe—tdt tdt — L [2de
dx=4#4, teR keZ 2417 | 241 L

:/fdf—%/%f n(£41) + =%

{Subst t=tgx

x=arctgt

—In (tg x—i—l) +c

beerb@frcatel.fri.uniza. http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

21 21 21 22 23 24 24 25-26

Riesené priklady — 025, 026

/tg2XdX*th X+ c

_ sin” x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

—In(tg®x+1) + ¢

5 3
t2dt [ 4t—tdt 1 [2tdt
241 [ 241 /tdt /t2+1

:/tdt— %/7“;21"12‘2 lni{(£21) + o= =&

cos?x

x € (=5 +2km; 5 +2km)

dx=L, teR, keZ

_ {Subst. t=tgx

x=arctgt

—In (tg x—i—l) +c
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Riesené priklady — 025, 026

/tg2XdX*th X+ c

_ sin” x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

—In(tg®x+1) + ¢

5 3
t> dt t°+t—tdt 1 2tdt
/t2+1 / t2+1 /tdt /t2+1

:/tdt—%/%ftz In (t2+1) + c=%* —In (tg?x+1) + ¢

x € (=5 +2km; 5 +2km)

dx=L, teR, keZ

_ {Subst. t=tgx

x=arctgt

X sin? x+cosx
—InTg S+

:%—' (S|nx+1)+C:tg

cos?
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Riesené priklady — 025, 026

/tg2XdX*th X+ c

_ sin” x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

—In(tg®x+1) + ¢

5 3
t> dt t°+t—tdt 1 2tdt
/t2+1 / t2+1 /tdt /t2+1

:/tdt—%/%ftz In (t2+1) + c=%* —In (tg?x+1) + ¢

x € (=5 +2km; 5 +2km)

dx=L, teR, keZ

_ {Subst. t=tgx

x=arctgt

X i tg” x
—|n75'“;;;;”+c £x |

:%—' (S|nx+1)+C:tg

cos?
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Riesené priklady — 025, 026

/tg2XdX*th X+ c

_ sin” x 1—cos® x _ 1 _
_/cos2 /coszx dX—/[cos2x_1}dX_th_X+C'

xER—{3 + km, keZ}, ceR.

tg? x 2
+ Incos® x + ¢

—In(tg®x+1) +c =

£dt B4t—tdt 1 [2tdt
/t2+1 / t2+1 /tdt o /t2+1
(t>41) dt _ t2

77T =5 —In (t2—|—1) +c= —In (tg x—i—l) +c

x € (=5 +2km; 5 +2km)

dx=L, teR, keZ

_ {Subst. t=tgx

x=arctgt

:/tdt—l

X i tg” x
—|n75'“;;;;”+c £x |

:%—' (S|nx+1)+C:tg

cos?

— X 4 Incos?x + ¢, xe R—{Z + km, ke Z}, ceR.
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Riesené priklady — 027, 028

/cotg;2 x dx
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Riesené priklady — 027, 028

/cotg;2 x dx

X € (0-++2km; w+2km)

dx=—#L, teR, keZ

X =arccotg t

. {Subst t=cotg x
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Riesené priklady — 027, 028

/cotg;2 x dx

2 A2
_ cos” x _ 1—sin® x
- /sinzx dx _/ sin? x dx

X € (0-++2km; w+2km)

dx=—#L, teR, keZ

X =arccotg t

. {Subst t =cotg x

_ [£dt
- t2+1
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Riesené priklady — 027, 028

/cotg;2 x dx

— [orax— [izmeax— [l - 1o

X € (0-++2km; w+2km)

dx=—#L, teR, keZ

X =arccotg t

. {Subst t =cotg x

_ [dt _ [B4t—tde
- t2+1 t2+1
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Riesené priklady — 027, 028

=/§?§f§dx:/%dx:/[ﬁ—l}dx: _ e

xeR—{km, keZ}, ceR.

X € (0-++2km; w+2km)

dx=—#L, teR, keZ

X =arccotg t

_ {Subst t =cotg x

_ 3dt _ _ [4t—tdt _ 1 [2tdt
__/t2+1__/ t2+1 __/tdt+2/t2+l
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Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

2 -2
- [mrax= [ac= [lghs - tax= —comx—x+c,

xeR—{km, keZ}, ceR.

/cotg3xdx
_ Bdt Srt—tdt 1 [2tdt
__/t2+1__/ 241 __/tdt+§/t2+1

X € (0-++2km; w+2km)

__ | Subst. t=cotgx

x=arccotg t | dx —lzd"l, teR, keZ
—1
2

/7“2;2;“ - /tdt
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Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

:/°°522de:/1;§2”>2<de:/[—Sinlzx—1}dx: —cotgx — x + ¢,

sin® x

xeR—{km, keZ}, ceR.

/cotg3 x dx
Subst. t=cotgx

x € (0+2km; T+ 2km) _ [Bdt . [B4t—tdt 1 [2tdt
x =arccotg t - /t2+1_ / t2+1 tdt"’z t2+1

= { dx=—#L, teR, keZ
:%/7(&1)/& — /tdt:ln (BH)i—5 +c

t2+1

http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

21 21 22 23 24 24 25-26 27-28 29 30

1—sin® x
sin? x

de = [l -

—cotgx — x + ¢,

1}dx
xeR—{km, keZ}, ceR.

/COtg3XdX =In ((:Otg2 x+1) — u:tT X 4 ¢

__ | Subst. t=cotgx | x€(0+2km; m+2km Bt tdt _ tdt
- { x=arccotgt | dx=—£L, teR, keZ / 23] — / t2+1 /tdt +3

L [(Eyde g (tz—l—l)———i—c:ln (cot x+1)—w+c
2 241 - 2 g >

beerb@frcatel.fr
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21 21 21 22 23 24 24 25-26 27-28 29 30

Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

- [mrax= [ac= [lghs - tax= —comx—x+c,

xeR—{km, keZ}, ceR.

/COtg3XdX =In ((:Otg2 x+1) — u:tT X 4 ¢

x € (042km; m+2km

dx=—L, teR, keZ

X =arccotg t

Btt—tdt tdt
/H Y

/“2;% —/tdt:ln (241) — £ 4 c=In (cotg? x+1) — &= | ¢

—=In (cos x+1) _ cotgzx +c

sin?x

_ {Subst t =cotg x
1
2
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Riesené priklady — 027, 028

21 21 22 23 24 24 25-26 27-28 29 30

/COtg2XdX* cotgx — x + ¢

- [mrax= [ac= [lghs - tax= —comx—x+c,

xeR—{km, keZ}, ceR.

X € (0-+2km; T+ 2km

_ {Subst t =cotg x
1
2

3 3
dt tt+t— tdt tdf
x=arccotg t | dx=—85, teR, keZ / t2+1 /tdt+
/(t2+1)/dt

S —/tdt:ln (t2+1) — £ 4 c=ln (cotg? x+1) — CEX 4 ¢

2 2 L2 2
_ Cos” X __ cotg” x _ cos“x+sin“x _ cotg” x
_In(5|nx+1) 2 +c=l sin?x 2 t+c

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

— [srax— [z ax— [[ah -1l = —cotgx—x+c,

xeR—{km, keZ}, ceR.

X € (0-+2km; T+ 2km
dx EER, keZ

3d . d d
t /t ngt-‘rf t__ /tdt"’ t f
2 /

/%—/tdt:ln(t%rl)—5+c:|n(cotg X+1) — x4 ¢

2 2 .2
_ Cos” X __ cotg” x _ cos“x+sin“x Cotg X _
_In(5|nx+1) 2 +c=ln sin?x +c=ln

X =arccotg t

__dt
ALY

_ {Subst t =cotg x
1
2

2
_ cotg®x
sm2 2 +c
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Riesené priklady — 027, 028

/COtg2XdX* cotgx — x + ¢

:/Csf:jdx—/%d /[ﬁ—l}dx:—cotgx—xﬁ-c,
xeR—{km, keZ}, ceR.

—Insin® x — “’t” X+ ¢
Subst. t=cotgx | x € (0-+2km; +2km 3dt Bt tdt tdt

- { x=arccotgt | dx=—£L, teR, keZ / o241 tdt+
_ 1 (t2+1)/df _ 2 _ _ o cotg® x

2 il 2
_ Cos” X __ cotg” x _ cos“x+sin“x cotg X _ __ cotg” x
=In (5|nx+1) 2 +c=ln sin?x +c=ln sm2 2 +c

2
X 4 ¢, xeR—{km, kEZ}, cER.

= —Insin®x —
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_ sinh? x
- /cosh2x dx

— [(Etex
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_ sinh? x _ cosh® x—1
- /cosh2x dx _/ cosh? x dx

2x 2 _a2x
_ e —1 __ | Subst. t=¢
 [(Etfonn

2x=Int
te(0; 00)

)=t
XER
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— sinh? x _ [ cosh? x—1 _ _ 1
- /cosh2x dx _/ cosh? x dx = /[1 coshZX]dX

— e —1)2 __ | Subst. t=e* x=lt] t—1\2dt
B /(e2x+1) dx= dx:% xER - (t+1) 2t

2x=Int
te(0; 00)
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/tghzxdx =x—tghx+ ¢

_ [ sinh®x _ [ cosh? x—1
_/cosh2xdx_/wdx_/[1_cosh2 ]dX_X_tghX+C1,

XER, ci€R.

x=1t] _ (ﬂfﬂ_ (£-2t41)dt
xeR | — t+1/) 2t — 2t(t2+2t+1)

2x=Int
te(0; 00)

2x 2 e2x
— e —1 __ | Subst. t=
Iy ET—
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/tghzxdx =x—tghx+aq

_ sinh? x
cosh? x

2
dx:/%dx_/[l—cosm Jdx = x —tghx + a1,

XER, ci€R.

2x=Int

_ Subst. t=e?*
_/(e2x+1) dX—{ dx—gt

[ (*42t+1—4t) dt
_ 2t(t2+2t+1)

t€(0; 00)

(£?—2t+1)dt
2t(t2+2t+1)

_nt —1\2
¥ fisbre-
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/tghzxdx =x—tghx+aq

— sinh? _ [ cosh? 1
- /al)sh2)><< dx = /ﬁdx - /[1 o cosh2 ]dX =x —tghx+c,

XER, ct€R.

_ ( )dX Subst. t=e* X*T’ _ (t—l)2ﬂ_ (t2_2t+1)dt
- e2x+1 - dx=g 76 - t+1/) 2t 2t(t2+2t+1)

_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4t dt
- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1)

2x=Int
te(0; 00)
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/tghzxdx =x—tghx+ ¢

— sinh? _ [ cosh? 1
- /al)sh2)><< dx = /ﬁdx - /[1 o cosh2 ]dX =x —tghx+c,

XER, ci€R.

_ ( )dX Subst. t=e* X*T’ _ (t—l)2ﬂ_ (t2_2t+1)dt
- e2x+1 - dx=g 76 - t+1/) 2t 2t(t2+2t+1)

_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4tdt _ [dt 2dt
- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) — [ 2t t242t+1

2x=Int
te(0; 00)
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/tghzxdx =x—tghx+aq

— sinh? _ [ cosh? 1
- /al)sh2)><< dx = /ﬁdx - /[1 o cosh2 ]dX =x —tghx+c,

2x=Int
t€(0; 00)

_ Subst. t=e?*
_/(e2x+1) dX—{ dx—gt

—Int
Xz
X6

- [

4tdt

(t242t+1—4t)dt [ (t>4+2t+1)dt
2t(t2+2t+1) [ 2t(t2+2t+1)

_ dt 2dt
- [ 2t (t+1)?

_ /Zt

(242t+1) —

XER, ct€R.
)@ — [(E=2tt1)de
2t 2t(t2+2t+1)
_ [dt _ 2dt
2t t24+2t+1
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/tghzxdx =x—tghx+aq

_ [ sinh®x _ [ cosh? x—1
_/cosh2xdx_/wdx_/[1_cosh2 ]dX_X_tghX+C1,

XER, ci€R.
_ ( ) dX Subst. t=e?|2x=Int ><77r _ (t—1)2ﬂ _ (t2_2t+1)dt
- e2x+1 - dx:% te(0;00) | x - t+1/) 2t — 2t(f2+2f+1)
(P42t+1-4t)dt [ (P+2t+1)dt 4tdt _ [dt 2dt
2t(e2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) — [ 2t t2+2t+1

Z/S /fffz z—/d—tt—z/(tJrl)—th
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/tghzxdx =x—tghx+aq

21 22 23 24 24 25-26 27-28

sinh? x

cosh? x cosh2 ]

:/ dx:/iciifhg 1dx_/[1—

dx = x —tghx + ¢,

XER, ci€R.
_ ( ) dX Subst. t=e?|2x=Int ><77r _ (t—1)2ﬂ _ (t2_2t+1)dt
- e2x+1 - dx:% te(0;00) | x - t+1/) 2t — 2t(f2+2f+1)
(P42t+1-4t)dt [ (P+2t+1)dt 4tdt _ [dt 2dt
2t(e2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) — [ 2t t2+2t+1
2dt + o

7/<L; —2/(t+1)—2dt= Ling— o4

t+1)2

Y
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/tghzxdx =x—tghx+aq

21 22 23 24 24 25-26 27-28

— sinh? x _ [ cosh® x—1 _ _
- /cosh2x dx = / cosh? x dx = /[1 cosh2 ]dX =X tghX +a,
XER, ct€R.
_ Subst. t=e |2x=Int |x="mt] _ t—1\2dt _ [(£—2t+1)dt
- /(e2X+1) dx = { dx=9 | te(0;00) | x 2] - /(t+1) 2t /2t(t2+2t+1)
(P42t+1-4t)dt [ (P+2t+1)dt 4tdt _ [dt 2dt
2t(e2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) — [ 2t t2+2t+1

2dt
t+1)2

/g / 7/d—tt—2/(t+l)_2dt:%Int—2(t+1)

1
§|nt+m+C2

+ o
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/tghzxdx =x—tghx+aq
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_ sinh? x _ cosh® x—1
- /cosh2x dx = / cosh? x dx =

Ji-

dx = x —tghx + ¢,
XER, ci€R.

cosh2 ]

2x=Int
te(0; 00)

t=eX

—dt
dx=5;

_ /(e2X+1) dx— {Subst.

_nt
K=5
ve

R

_ 1\2dt _ [ (£P=2t+1)dt
(t ) - 2t(t2+2t+1)

4tdt

(t242t+1—4t)dt [ (t>4+2t+1)dt
2t(t2+2t+1) [ 2t(t2+2t+1)

- [ [

1
§|nt+m+C2

2dt
t+1)2

_ 2dt
242t+1

2t(t242t+1)

/df /H—l) 2dt = Lint— 20" 4 o)

1 2x
e+ Fa+ o
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/tghzxdx =x—tghx+aq
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_ sinh? x _ cosh® x—1
- /cosh2x dx = / cosh? x dx =

Ji-

dx = x —tghx + ¢,
XER, ci€R.

cosh2 ]

2x=Int
te(0; 00)

t=eX

—dt
dx=5;

_ /(e2X+1) dx— {Subst.

_nt
K=5
ve

R

_ 1\2dt _ [ (£P=2t+1)dt
(t ) - 2t(t2+2t+1)

4tdt

(t242t+1—4t)dt [ (t>4+2t+1)dt
2t(t2+2t+1) [ 2t(t2+2t+1)

- [ [

1
§|nt+m+C2

2dt
t+1)2

_ 2dt
242t+1

2t(t242t+1)

/df /H—l) 2dt = Lint— 20" 4 o)

1 2x —
e+ FZo o=

X
7|ne+ﬂ+c2
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/tghzxdxfxftgh\ +c =

_ [ sinh®x _ [ cosh? x—1
_/cosh2xdx_/wdx_/[1_cosh2 ]dX_X_tghX+C1,

XER, ci€R.

2x=Int

_ Subst. t=e> _ 1\2dt [ (P—2t+1)dt
- /(eZX +1) dx= { dx=4t | t€(0; 00) /(t ) - /2t(t2+2t+1)
_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4t dt 2dt

- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) 242t +1

:/g /édlfz_ /dt /t+1) th_llnt—2tJrl +

1 1
7|nt+t_Tl+C2:§|ne2X+er7_~_1+C2:7X|ne+W+C2

—Int
K=5
ve

R

X + + &

e2X +1
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/tghzxdxfxftgh\ +
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_ sinh? x _ cosh® x—1
- /cosh2x dx = / cosh? x dx =

/[1— ——ldx=x—tghx+c,
XER, ci€R.

t=eX

—dt
dx=5;

_ /(e2X+1) dx— {Subst.

(t>4-2t+1—4t) dt

2x=Int
te(0; 00)

nt
T
R

xX=
@

_ 1\2dt _ [ (£P=2t+1)dt
(t ) - 2t(t2+2t+1)

4tdt

2t(t24-2t+1)

- [ [

1
§|nt+m+C2

2dt
t+1)2

2 2
X + ex +1 +C2:X+82x+1 -

[ (PP42t+1)dt
[ 2t(t24+2t+1)

/df /H—l) 2dt = Lint— 20" 4 o)

1 2x —
e+ FZo o=

_ 2dt
242t+1

2t(t242t+1)

X
7|ne+ﬂ+c2

1+ +1
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/tghzxdxfxftgh\ +
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_ sinh? x _ cosh® x—1
- /cosh2x dx = / cosh? x dx =

/[1— ——ldx=x—tghx+c,
XER, ci€R.

t=eX

—dt
dx=5;

_ /(e2X+1) dx— {Subst.

(t>4-2t+1—4t) dt

2x=Int
te(0; 00)

nt
T
R

xX=
@

_ 1\2dt _ [ (£P=2t+1)dt
(t ) - 2t(t2+2t+1)

4tdt

2t(t24-2t+1)

- [ [

1
§|nt+m+C2

2dt
t+1)2

2 2
X+ e2x+1 +C2 :X+ er+1

[ (PP42t+1)dt
[ 2t(t24+2t+1)

/df /H—l) 2dt = Lint— 20" 4 o)

1 2x —
e+ FZo o=

_ 2dt
242t+1

2t(t242t+1)

llne+2><7+c2
e +1

—1l4+c+1=x+2 +o+1

W
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/tghzxdxfxftgh\ +c =

_ [ sinh®x _ [ cosh? x—1
_/cosh2xdx_/wdx_/[1_cosh2 ]dX_X_tghX+C1,

XER, ci€R.

2x=Int
te(0; 00)

—Int
K=5
ve

R

_ Subst. t=e> _ 1\2dt [ (P—2t+1)dt
- /(eZX +1) dx= { dx=4¢ /(t ) - /2t(t2+2t+1)
_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4t dt 2dt

- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) 242t +1

:/g /édlfz_ /dt /t+1) th_llnt—2tJrl +

1 — Llpe2x —
sint+ 25 to=73he¥ L o to=Fhet Zat o

X+62X2T+C2:X+e2x2+1 1+C2+1—X+W+C2+1

_ a=c+1
a€R, oeR
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/tghzde:xftgh,\"cl — X

- sinh? _ [ cosh® x—1
- /al)nsh2)><< dx = /ﬁdx - /[1 o cosh2 ]dX =x—tghx+a,

XER, ci€R.

_nt
K=5

XER

2x=Int

_ Subst. t=e> _ 1\2dt [ (P—2t+1)dt
- /(eZX +1) dx= { dx=4t | t€(0; 00) /(t ) - /2t(t2+2t+1)
_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4t dt 2dt

- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) 242t +1

:/g /édlfz_ /dt /t+1) th_llnt—2tJrl + &

1 1
= |nt—|- 1+C2: In e2x +W+C2:*X|ne+m+c2

:X+7e2x+1+C2:X+eZX+1 1+C2+1—X+W+C2+1

_ a=c+1
a€R, oeR

2x _
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/tghzxdxfxftgh\ +c =

_ [ sinh®x _ [ cosh? x—1
_/cosh2xdx_/wdx_/[1_cosh2 ]dX_X_tghX+C1,

XER, ci€R.

2x=Int
te(0; 00)

—Int
K=5
ve

R

_ Subst. t=e> _ 1\2dt [ (P—2t+1)dt
- /(eZX +1) dx= { dx=4¢ /(t ) - /2t(t2+2t+1)
_ [(Pr2tt1i-at)de [ (£P+2t4+1)dt 4t dt 2dt

- 2t(t2+2t+1) [ 2t(t2+2t+1) 2t(t2+2t+1) 242t +1

:/g /édlfz_ /dt /t+1) th_llnt—2tJrl +

1 1
7|nt—|—t_T1—‘rC2=§|ne2X—|—er7_~_1+C2=fX|ne+W+C2

:X+e2x+1+c2:X+e2x2+1 1+C2+1—X+W+C2+1
2><
:Lj‘tRi:R} =X— & lica=x—tghx+c, x€ER, c1,ER.
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/cotgh2 x dx
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/cotgh2 x dx

_ cosh? x
- /sinhzx dx

— [(g21ax
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/cotgh2 x dx

— cosh? x dX _ sinh? x+1 ClX
sinh? x sinZ x

2x=Int
te(0; o0)

2x 2 —a2x
_ e +1 __ | Subst. t=¢
_/(ezx—l) dX—{ dx=

xER
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/cotgh2 x dx

_ cosh? x . sinh? x+1 _ 1
- /sinhzx dx _/ sin? x dx = [1 + sinhzx}dx

2x=Int
te(0; o0)

_ e 1132 __ | Subst. t=e>* x=mnc| t4+1\2dt
o (G i G i S (=0
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sin? x cos? x
_ 4dx
~ [ (2sin x cos x)?

_ [ sin® x+cos® x dx
sin? x cos? x

/ [tg x + cotg x] dx

— sin x cos X
7 /(cosx+ sin x )dX

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31 31-32 33-34 35 36 37 38 39—

RiesSené priklady — 033, 034

dx
sin? x cos? x
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~ [(2sinxcosx)2 T [ sin?2x

sin’ x+cos X
= X =
/ sin? x cos? x d sm2 X cos2

/ [tg x + cotg x] dx
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sin? x cos?

_ 4dx _ 2.2dx __ |Subst. t=2x
~ [ (2sinxcosx)?2 T [ sinZ2x dt=2dx

/.odixx =tgx —cotgx + ¢

xe (0+
te (0+km;

— [ sin” x4-cos” x dx . _
—/s.nzxcosz dx= [ 57% +/Cosz =tgx —cotgx + ¢

/ [tg x + cotg x] dx

— /(;”SiJr 05X ) dx = /((SS'I';XX) (Z‘;ss’;) Ydx=In|sinx| — In|cos x| + ¢
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dx
sin? x cos? x

—tgx —cotgx + ¢

_ 4dx _ 2.2dx __ |Subst. t=2x xF(O-
~ [ (2sinxcosx)?2 T [ sinZ2x dt=2dx | te (0+k;

2dt

sin? t

sin® x+cos® x dx _ _ _ cosx
_/sm2xcos2 dx = sin? x +/c052 = tgx —cotgx + c=3: cos x sin x +c

/ [tg x + cotg x] dx

= (z;r;);‘i’cs?:j)dX—/((ssllr;i) (Z‘;ss’;) Ydx=In|sinx| — In|cos x| + ¢
=In |25+ ¢
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sin? x cos?

_ 4dx _ 2.2dx __ |Subst. t=2x
~ [ (2sinxcosx)?2 T [ sinZ2x dt=2dx

:/?‘itt:—2cotgt+c

/.odixx =tgx —cotgx + ¢

xe(0+4&; 2 kr (k+1)%)
te(0+km; 7+ kﬂ):(k“;(k +1))

keZ

sin

sin® x+cos” x _ o _ cosx
_/sm2xcos2 dx = /S|n2x /cos2 = tgx —cotgx + c=3: cos x sin x +c

2
sin” x—cos” x
—psintx—cos’x 4 o
2sin x cos x +

/[tngrcotgx] dx =Injtgx| + ¢

= (o) dx= [(GRE () dx=ln fsin x| — In|cos x| +

~In |$2X| + c=In ltg x| + c, x€ER—{X keZ}, ceRr.
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/singx‘jﬁ =tgx —cotgx +c= —2cotg2x + ¢
2.2dx _ 0%

Subst.
dt=2dx |t

— 4dx —

- /(2sin><cos><)2 - /sin2 2x

= [29£ =—2cotgt + c= — 2cotg2x + ¢, xER—{ T ke Z}, ceR.
coax ~snx T

54 (e )2)
i (k+1)m)

7 38 39-40

keZ

[

— cos 2><
sin 2x

sin® x+cos” x
_/sm2xcos2 dx = sin? x
2
_2S|n X— COS X+C:2

2sin x cos x

/c052 =tgx —cotgx + c=2

/[tngrcotgx] dx =Inftgx| + ¢

(sinx)’  (cosx)”

Ydx=In|sinx| — In|cos x| + ¢

— flams+ e f(lin - e
=In|2X| 4 c=In|tgx|+c, xeR—{4F keZ}, ceR.
http://frcatel.fri.uniza.sk/ beerb
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=tgx —cotgx + c = —2cotg2x + ¢

dx S
sin2xcos2x ~ ©7

xe|(0F 455+ m) = (Sii(k+1)T)

)

_ 4dx _ 2.2dx __ |Subst. t=2x
o /(2Si"><COSX)2 - /sin22x* { dt=2dx |t r) = (km: (k+ 1)
2dt _ _ K

—2cotgt+c= —2cotg2x + ¢, x€e R—{4F ke Z}, ceR.

= [ sin2t
nx COS X
+c

s +cos _
_/ :nZXx cos? x cdx= /S|n2x /cos2 = tgx —cotgx + c=3: cos x sin x
+c=c—2cotg2x, xE R—{4F ke Z}, ceR.

keZ

2sm2x cos? X+C_2—cos2x
2sin x cos x sin 2x

/[tgx + cotg x] dx = In|tg x| + ¢
Ydx=In|sinx| — In|cos x| + ¢

_ sinx | cosx (sinx)’  (cosx)”

T (cosx+ smx)dxi ( sin x cos x

=in|$2%| + c=In|tgx| + ¢, xe R— {4 ke Z}, ceR.
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_dx
/32 cos? x+b? sin? x

_ dx _ Pre vietky xe R
a2 71+°§’52X+b2 7176552)( a2 cos?x+ b? sin’x >0
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dx
a2 cos? x+b? sin? x

— dx —
a2 71+°§’52X+b2 7176552)( a2 cos?x+ b? sin’x >0

Pre vietky xe R

du=2dx

_ [Subst. u=2x
ueRr

X({R}

) 2dx
— | (a>+b?)+(a2—b?) cos 2x

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31

31-32

RiesSené priklady — 035

dx
a2 cos? x+b? sin? x

/

dx

/32 1+c§>s2x +b2 l—c;JSZX

Subst. u
du

2x

2dx |ueR

=|

X({R}

Pre vietky xe R }

2% cos®x+ b2 sin’x >0

-

/(az+b2)+(32—b2) cos u
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) 2dx
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dx
a2 cos? x+b? sin? x

dx _ Pre vietky xe R A 2dx
a2 Lhegs2x 4 po Imeos B ™ | 22 o2y 1 b2 sin?x >0 (a2+b?)+(a?—b?) cos 2x
_ [Subst. u=2x|xeR] __ du
du=2dx|ueR (az+b2)+(32—b2)cosu
_ | ues t=tgy=tgx |ue(—m + 2km; 7 + 2km), tER
T | du=2% |cosu=155 |xe(~% +km % +kn), keZ
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_dx
/32 cos? x+b? sin? x

_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

_ [Subst. u=2x|xeR] __ du
du=2dx|ueR| (az+b2)+(32—b2)cosu
y 2dt.
_ UGS t=tgy=tgx|ue(—m+2km; 7+ 2km), teR| __ 241
du= 2% |cosu=128 | xe(~% +km Z + kn), ke Z (32+b2)+(32_b2)1tz_§
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dx
a2 cos? x+b? sin? x

/ 21+c052x+b21 cost = {

/

Pre vietky xe R
2% cos®x+ b2 sin’x >0

2 33-34 35 36 37 38 39-40

2dx
221+ 5%)+(a’—

b?) cos 2x

1=/

Subst. u=2x R __ du
du=2dx | ueR (a2+b?)+(a*>—b?) cos u
2dt
_ {UGS t=tg 5 =tgx|ve(—m + 2km; ® + 2km), tER _/ P
- 2dt 1-2 o _ — - 1—¢2
du= 355 |cosu x€(=5 +km; 5 +km), keZ (a2+b2)+(a2— bz)r2+1

2dt
(a®+b?)(t2+1)+(a%—b?)(1—t?)
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dx
a2 cos? x+b? sin? x

/ 21+c052x+b21 cost = {

/

Pre vietky xe R
2% cos®x+ b2 sin’x >0
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2dx
221+ 5%)+(a’—

b?) cos 2x

1=/

Subst. u=2x R __ du
du=2dx | ueR (a2+b?)+(a*>—b?) cos u
2dt
_ {UGS t=tg 5 =tgx|ve(—m + 2km; ® + 2km), tER _/ P
- 2dt 1-2 o _ — - 1—¢2
du= 355 |cosu x€(=5 +km; 5 +km), keZ (a2+b2)+(a2— bz)r2+1

2dt _ 2dt
/32+b2 )(t2+1)+(a2—b?)(1—t?) 7/(32t2+32+b2t2+b2)+(32732t27b2+b2t2)
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dx
a2 cos? x+b? sin? x

_ dx _ Pre vietky xe R p 2 dx
T @l p2loes BT 2oy p2sin?x >0 | | (a+b?)+(a?—b?) cos2x

Subst. u=2x
du=2dx

2dt

{UGS _/ ol
2dt - 1—¢2
du=2% (P+b2)+(22—b?) 175

2dt _ 2dt
/32+b2 )(t2+1)+(a2—b?)(1—t?) 7/(32t2+32+b2t2+b2)+(32732t27b2+b2t2)

=R _ du
ver| | (8%+b?)+(a>—b?)cosu
ue(—m + 2km; w + 2km), teR
x€(=5 +km; 5 +km), keZ

t=tg5=tgx

1-¢
CosuU= 7y

2b2t242a2 t2+2a2
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dx
a2 cos? x+b? sin? x

_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

Subst. u=2x
du=2dx

2dt
{UGS _/ ol
2d - )
du= 24 (a2+b2)+(a2—b?) 5
2dt _ 2dt
(&2+b?)(t2+1)+(a2—b?)(1—t2) — | (a®t>+a*+b?t>+b?)+(a®—a’t>—b>+b2t?)

_ dt
2b2t2+2a2 _/b2t2+a2

=R _ du
ver| | (8%+b?)+(a>—b?)cosu
ue(—m + 2km; w + 2km), teR
x€(=5 +km; 5 +km), keZ

t=tg5=tgx

1-¢
CosuU= 7y
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dx
a2 cos? x+b? sin? x

_ dx _ Pre vietky xe R p 2 dx
T @l p2loes BT 2oy p2sin?x >0 | | (a+b?)+(a?—b?) cos2x

Subst. u=2x
du=2dx

2dt

{UGS _/ ol
2dt - 1—¢2
du=2% (P+b2)+(22—b?) 175

2dt _ 2dt
/32+b2 )(t2+1)+(a2—b?)(1—t?) 7/(32t2+32+b2t2+b2)+(32732t27b2+b2t2)

_ dt 1 dt
2b21.“2+2a2 _/b2t2+32 b2 /t2

=R _ du
ver| | (8%+b?)+(a>—b?)cosu
ue(—m + 2km; w + 2km), teR
x€(=5 +km; 5 +km), keZ

t=tg5=tgx

1-¢
CosuU= 7y
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dx
a2 cos? x+b? sin? x

_ dx _ Pre vietky xe R p 2dx
T @l p2loes BT 2oy p2sin?x >0 | | (a+b?)+(a?—b?) cos2x

Subst. u=2x
du=2dx

2dt

{UGS _/ ol
2dt - 1—¢2
du=2% (P+b2)+(22—b?) 175

2dt _ 2dt
/32+b2 )(t2+1)+(a2—b?)(1—t?) 7/(32t2+32+b2t2+b2)+(32732t27b2+b2t2)

_ dt 1 [ dt _ 1 dt
2b2t2+2a2 b2t2+a2 — b? tq;% b2 | t2+(2)?

=R _ du
ver| | (8%+b?)+(a>—b?)cosu
u€(—m + 2km; w + 2km) , teR
x€(=5 +km; 5 +km), keZ

t=tg5=tgx

1-¢
CosuU= 7y
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dx
a2 cos? x+b? sin? x
_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

Subst. u=2x R __ du
{ d u%,‘?} — [ (a*+b?)+(a>—b?) cos u

u=2dx
_ [ucs ue(—m +2km; 7 + 2kr), teR
du= 24t x€(=5 +km; 5 +km), keZ

241

t=tg5=tgx

1-¢
CosuU= 7y

2dt
_/ 241
- 24 p2 2 poyl=t?
(a2+b%)+(a2—b )r2+1
2dt _ 2dt
(&2+b?)(t2+1)+(a2—b?)(1—t2) — | (a®t>+a*+b?t>+b?)+(a®—a’t>—b>+b2t?)

2dt _ dt 1 dt 1 dt
2b2t2422a2 b2t2+a2 — b? tq;% b2 | t2+(2)?

£ -garctgé—i—c
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dx
a2 cos? x+b? sin? x
_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

Subst. u=2x R __ du
{ d u%,‘?} — [ (a*+b?)+(a>—b?) cos u

u=2dx
_ [ucs ue(—m +2km; 7 + 2kr), teR
du= 24t x€(=5 +km; 5 +km), keZ

241

t=tg5=tgx

1-¢
CosuU= 7y

2dt
_/ 241
- 24 p2 2 poyl=t?
(a2+b%)+(a2—b )r2+1
2dt _ 2dt
(&2+b?)(t2+1)+(a2—b?)(1—t2) — | (a®t>+a*+b?t>+b?)+(a®—a’t>—b>+b2t?)

2dt _ dt 1 dt 1 dt
2b2t2422a2 b2t2+a2 — b? tq;% b2 | t2+(2)?

o garctg% +c=2Larctg (2t) + ¢
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dx
a2 cos? x+b? sin? x
_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

Subst. u=2x R __ du
{ d u%,‘?} — [ (a*+b?)+(a>—b?) cos u

u=2dx
_ [ucs ue(—m +2km; 7 + 2kr), teR
T | du=22 x€(=5 +km; 5 +km), keZ

241

t=tg5=tgx

1-¢
CosuU= 7y

2dt
_/ 241
- 24 p2 2 poyl=t?
(a2+b%)+(a2—b )r2+1
2dt _ 2dt
(&2+b?)(t2+1)+(a2—b?)(1—t2) — | (a®t>+a*+b?t>+b?)+(a®—a’t>—b>+b2t?)

2dt _ dt 1 dt 1 dt
2b2t242a2 — | b2t2+a2 T b? tq;% b2 [ t24(2)?
u

b 1 b 1 b
-2 arctg% +c=Larctg (2t) + c=2L arctg (2tg %) + ¢
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dx _ 1 )
/32 cos? x+b2? sin? x ab arctg ( a th) tC

_ dx _ Pre vietky xe R A 2dx
= 432 1+cgs2x+b2 I*C;JSZX - 22 cos?x+ b2 sin2x > 0 - (32+b2)+(227b2) oS 2x

_ [Subst. u=2x|xeR] __ du
o du=2dx|ueR| | (8%+b?)+(a>—b?)cosu
y 24t
_ | ues t=tgy=tgx|ue(—m+2km; 7+ 2km), teR| __ 241
du= 2% |cosu=128 | xe(~% +km Z + kn), ke Z (32+b2)+(32_b2)1tz_§

— 2dt _ 2dt
7/(32+b2)(t2+1)+(327b2)(17t2) 7/(32t2+32+b2t2+b2)+(32732t27b2+b2t2)

2dt _ dt 1 dt 1 dt
2b2t242a2 — | b2t2+a2 T b? tq;% b2 [ t24(2)?

1 b 1 b 1 b
g Sarctg 3 +c=arctg (2t) + c=2L arctg (2tg %) + ¢

a
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u=2dx

UGS
d 2dt

U=t

xXER] __ du
} (a®—b?)+(a>+b?) cos u

t=tg5=tgx ue(—m + 2km; w + 2km), teR

x€(—=5 + km; 5 + km), keZ

1-¢
€os U= 773

24t
_/ 241
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— 2dt _ 2dt
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*/ )(t2+1)+(a%+b2)(1—1t2) 7/(azt2+32—b2t2—b2)+(32—32t2+b2—b2t2)

2dt _ dt
—2b%t?42a% — | —b*t>+a?
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a?—b?)+(a%+b?) cos 2x

b { # tarctg }
= T rcos o o= cos a0 | X2 £ 2l =
22 1+c§>s 2x b2 1 c;s 2X g5 (

xXER] __ du
ueR} | (82—b?)+(a%+b?) cos u
2dt
ue(—m + 2km; w + 2km), teR _/ 241
= =
(82— b?)+(a%+b2) 75

x€(—=5 + km; 5 + km), keZ
2dt
oy )

2dt —
— | @2+ —bp 22— )+ (a2

@)+ - 2)
1 dt

2dt  _ dt 1
B A Tl e
b2

2x
2dx

. u

u

Subst
d

t=tg5=tgx

1-¢
241

_ | UGS
T du=24 | cosu

—2b2t24232
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du=2dx|ueRr] | (a®—b2)+(a?+b?)cosu
2dt
__ | UGS t=tgy=tgx|ue(—m+2km; 7+ 2km), teR| __ 211
du=2% |cosu=155 | xe(~% +km % +kn), keZ (az_b2)+(az+b2)ltz—+f

2dt _ 2dt
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ueR} — [ (a>—b?)+(a%+b?) cos u
ue(—m + 2km; w + 2km), teR
x€(—=5 + km; 5 + km), keZ

Subst. u=2x
du=2dx

UGS
d 2dt

241

t=tg5=tgx

1-¢
€os U= 773

24t

_/ 241
- 20 o 2 p2y1=t2
(% =b?)+(a*+b%) 177

2dt _ 2dt
/(32—b2)(t2+1)+(32+b2)(1—t2) 7/(azt2+32—b2t2—b2)+(32—32t2+b2—b2t2)

_ 2dt _ dt 1 f dt 1 dte 1. b, t—3 +c
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du= 2% |cosu=128 | xe(~% +km % + kn), ke Z (22 b2)+(a2+b2)12‘+‘1
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S S— In ‘ Dlpde
a2 cos? x—b? sin? x 3b

— [ ___dx . |2 2dx
T | PEsE_plex x#Farctgy | = | 221 (a2+b?) cos 2x

_ [Subst. u=2x|xeR] __ du
- du=2dx ueR} | (a®—b?)+(a*+b?)cosu
_ {UGS t=tg4=tgx |ue(—m + 2km 7w+ 2kn), teR| __ fzitl
du= 29 | cosu 1’—‘: x€(—=5 + km; 5 + km), keZ (a2 b2)+(32+b2)12_+[1
— 2dt _ 2dt
- )(t2+1)+(a2+b2)(1—t2) = [ (a2t2+a?—b?t2—b?)+(a?—at>+b>—b?t?)
2dt _ dt __ 1 [ dt __i —_1.b,
—2p707+222 [P+ T B e ( 2~ b2 2a
b

_ bt—a _ 1 bt+a _ btg 5+a
=75 IN | 52| + c=1535 In [ 553 + c= 2ab|n|btggfa’ e

:ﬁln %| + ¢, XGRf{j:arctg%, 5 +km, kEZ}, ceR.
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4 cos? x+sin2 x

_ dx

- I1+cos2x |, 1—cos2x
A=t

— dx _ dx
~ [ 4cos?x+(1—cos?x) ~ [ 3cos?x+1

— dx _ dx
[ 4(1—sin?x)+sin?x ~ | 4—3sin?x
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— dx _ | 4cos®x+ sin®x
471+c;5 2X+71762°S 2 =3 cos2x+sin’x+sin’x >3

_ dx _ dx _ dx
~ [ 4cos?x+(1—cos?x) ~ [ 3cos?x+1 3%*%

— dx _ dx _ dx
— [ 4(1—sin?x)+sin?x ~ [ 4—3sin?x %_31—C£152x
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4 cos? x+sin2 x

_ | dx [ 4cos’x+sin’x _ 2dx
471+°;5 2X+71762°S X =3 cos’x+sin’x+sin®x>3 5+3 cos 2x

— dx _ dx _ dx _ 2dx
~ [ Acos?x+(1—cos’x) ~ | 3cos?’x+1 " [ 3iEegsx 4 2 7 [ 543 cos 2x

— dx _ dx _ dx _ 2dx
T | 4(1—sin®x)+sin’x T | 4—3sin’x — [ 8_31-csZ T | 543 cos 2x
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dx
4 cos? x+sin2 x

_ dx __ | 4cos®x+sin®x _ 2dx __ [Subst. u=2x
41+6352x+17€2052)< —3cos2x+sin®x+sin®x >3 5-+3 cos 2x du=2dx

xXER
ueRr

— dx _ dx _ dx _ 2dx  __ [Subst. u=2x|x€R
~ [ Acos?x+(1—cos?x) ~ | 3cos?’x+1 " [ 3iEegsx 42 T [ 543 cos2x du=2dx u({R}
_ dx _ dx _ dx _ 2dx __ [Subst. u=2x|x€R

T | 4(1—sin®x)+sin’x T | 4—3sin®x — [ 8_31-cs% ™ | 543 cos2x du=2dx | ue R}
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dx
4 cos? x+sin2 x

/

)

xE€ER
ueRr

xXER
ueR

)
)

5+3 cos u

_ | 4cosx+sin?x 2dx Subst. u=2x|xeR

1+<:052)<+1 CZOSZX - —3cos2x+sin®x+sin®x >3 54+3cos2x [ du=2dx|ueR
dx _ dx _ 2dx  __ [Subst. u=2x

4c052x+ 1 cos?x) | Bcox+1 3Lty 2 ™ [ 5+3cos2x du=2dx
_ dx _ dx _ 2dx _ [Subst. u=2x

4(1—sin x)+sm x [ 4-3sin?x — [ 8_3lcos2x T [ 543 cos2x du=2dx
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dx
4 cos? x+sin2 x

/

_ | 4cosx+sin?x 2dx Subst. u=2x|xeR
1+<:052)<+ 762052>< —3cos2x+sin®x+sin®x >3 543 cos2x du=2dx|ueR
dx _ dx _ 2dx _ [Subst. u=2x|xeR
4c052x+ 1 coszx) 3cos?x+1 3%+% [ 54+3cos2x du=2dx | ueR
_ dx _ dx _ 2dx __ [Subst. u=2x|x€R
4(1—sin x)+sm x | 4—3sin?2x 2_3% [ 5+3cos2x du=2dx|ueR
UGS: t=tg4=tgx | u€(—n+2km n+2km), tER
5+3C05'J du= cosuf—“; x€(—5+km; S+kn), keZ
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4 cos? x+sin2 x

/

38
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_ | 4cosx+sin?x 2dx Subst. u=2x|xeR
1+<:052)<+ 762052>< —3cos2x+sin®x+sin®x >3 543 cos2x du=2dx|ueR
dx _ dx _ 2dx _ [Subst. u=2x|xeR
4c052x+ 1 COSZX) 3cos?x+1 [ 3lbegsx 2 7 [ 543 cos2x du=2dx | ueR
_ dx _ dx _ 2dx _ [Subst. u=2x|x€eR
4(1—sin x)+sm x | 4—3sin?2x 2_3% [ 5+3cos2x du=2dx|ueR
2dt
UGS: t=tg §=tgx | u€(—m+2km; 7+2km), tER| __ 241
5+3cosu du=2% | cosu=152 | xe(~Z+km E+km) keZ | 5+31t;ﬁ
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dx
4 cos? x+sin2 x
_ dx _ | 4cos?x+sin®x _ 2dx __ [Subst. u=2x|xeR
41+c;s2x+1762052x =3 cos2x-Fsin2x-tsin?x >3 5+43 cos 2x du=2dx|ueRr
_ dx _ dx _ dx _ 2dx __ [Subst. u=2x|x€R
~ [ 4cos?x+(1—cos?x) ~ [ 3cos?x+1 3%+% [ 54+3cos2x du=2dx|ueR
_ dx _ dx _ dx _ 2dx _ [Subst. u=2x
4(1—sin?x)+sin®x ~ [ 4—3sin?x 2_3% [ 5+3cos2x du=2dx|ueR
2dt 2dt
_ du _ | UGS: t=tg §=tgx | u€(—m+2km; 7+2km), tER| __ 241 _ 241
5+3cosu du= f,‘fll cosu:i‘—“; (=5 +km; 5+km), keZ o 5+31;t2 o 4512+52+3*3’32
241 241
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dx
4 cos? x+sin2 x

_ | 4cosx+sin?x 2dx Subst. u=2x
1+cos 2>< + 76205 4 Itcos2x | 1—cos2x —3cos2x+sin®x+sin®x >3 543 cos 2x du=2dx

xXER
ueRr

ueR

XFR:|

ueRr

_ dx _ dx _ 2dx _ [Subst. u=2x

4(1—sin x)+sm x [ 4=3sin’x — | 8_glocosZ ™ [ 543cos2x du=2dx
2dt 24t
— t2+1 _/ t241

- 1-t2 7 [ 5124513312
e 241 241

xeR}

UGS:
5+3 cosu | du—

t=tg5=tgx
2
cos ufﬁ

u€(—m+2km; 7+2km), teER
x€(—5+km; S+kn), keZ

_ dx _ dx _ 2dx __ [Subst. u=2x
- 4c052x+ 1 COSZX) 3cos?x+1 371+5352X+% ~ | 54+3cos2x du=2dx
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Riesené priklady — 037

dx
4 cos? x+sin2 x

_ | 4cosx+sin?x 2dx Subst. u=2x
1+cos 2>< + 76205 4 Itcos2x | 1—cos2x —3cos2x+sin®x+sin®x >3 543 cos 2x du=2dx

xXER
ueRr

_ dx _ dx _ 2dx _ [Subst. u=2x
4(1—sin x)+sm x [ 4=3sin’x — | 8_glocosZ ™ [ 543cos2x du=2dx

)

ueR

XFR:|

xE€ER
ueRr

t=tg §=tgx | u€(—m-+2km; m+2km),tER

t241

—1-¢
COS U= 777

UGS:
5+3cosu x€(=Z+km; Z+knm), keZ
dt

/ t2+4

fan

dx _ dx _ 2dx  __ [Subst. u=2x
4c052x+ 1 coszx) 3cos?x+1 3%*% — [ 5 3cos2x { du—2dx

2dt
_ 241
- 1—t2 = [ 5t24513_3¢2
543 ==
+ 241 241
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dx
4 cos? x+sin2 x

_ | 4cosx+sin?x 2dx Subst. u=2x
1+<:052)<+1 CZOSZX —3cos2x+sin®x+sin®x >3 543 cos 2x du=2dx

xXER
ueRr

ueR

XFR:|

xE€ER
ueRr

_ dx _ dx _ 2dx _ [Subst. u=2x

4(1—sin x)+sm x [ 4=3sin’x — | 8_glocosZ ™ [ 543cos2x du=2dx
2dt 24t
_/ t2+1 _/ t241

- 1-t2 7 [ 5124513312
e 241 241

t=tg §=tgx | u€(—m-+2km; m+2km),tER

UGS:
5+3cosu 5 |xe(—5+km F+kn), keZ
dt

/2+8 /t2+4 2arctg2—i—c

—1-¢
cosu=1;

dx _ dx _ 2dx  __ [Subst. u=2x
4c052x+ 1 coszx) 3cos?x+1 3%*% — [ 5 3cos2x { du—2dx
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Riesené priklady — 037

dx
4 cos? x+sin2 x

_ | 4cosx+sin?x 2dx Subst. u=2x
1+<:052)<+1 CZOSZX —3cos2x+sin®x+sin®x >3 543 cos 2x du=2dx

xXER
ueRr

ueR

XFR:|

xE€ER
ueRr

_ dx _ dx _ 2dx _ [Subst. u=2x

4(1—sin x)+sm x [ 4=3sin’x — | 8_glocosZ ™ [ 543cos2x du=2dx
2dt 24t
— t2+1 _/ t241

- 1-t2 7 [ 5124513312
e 241 241

/2+8 /t2+4 2arctg2—l—C—2arctgg2+c

t=tg §=tgx | u€(—m-+2km; m+2km),tER

x€(—5+km; S+kn), keZ

—1-¢
COS U= 777

dx _ dx _ 2dx  __ [Subst. u=2x
4c052x+ 1 coszx) 3cos?x+1 3%*% — [ 5 3cos2x { du—2dx

UGS:
5+3 cosu
dt
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31

dx
4 cos? x+sin2 x

_ | 4cosx+sin?x 2dx Subst. u=2x
1+<:052)<+1 CZOSZX —3cos2x+sin®x+sin®x >3 543 cos 2x du=2dx

xXER
ueRr

ueR

XFR:|

_ dx _ dx _ 2dx _ [Subst. u=2x
4(1—sin x)+sm x [ 4=3sin’x — | 8_glocosZ ™ [ 543cos2x du=2dx

xE€ER
ueRr

t=tg5=tgx
2
cos uf—1

u€(—m+2km; 7+2km), teER
x€(—5+km; S+kn), keZ

dx _ dx _ 2dx  __ [Subst. u=2x
4c052x+ 1 coszx) 3cos?x+1 3%*% — [ 5 3cos2x { du—2dx

2dt 2dt

_ 241 t241
- 1—t2 = [ 5t24513_3¢2
543 ==

+ 241 241

/t2+4 farctg i+ c=1arctg 5 L3 + c=1%arctg B +c,
x€R—{5+km, keZ}, ceR.

r»l

UGS:
5+3 cosu | du—2
dt

fan
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Riesené priklady — 038

dx
4 cos? x—sin2 x

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31 31-32 33-34 35 36 37 38 39-40

Riesené priklady — 038

dx
4 cos? x—sin2 x
_ dx
— 4 Itcos2x _ 1—cos2x
2 2

— dx _ dx
~ [ 4cos?x—(1—cos?x) ~ [ 5cos?x—1

— dx _ dx
— [ 4(1—sin?x)—sin®x — [ 4—5sin?x
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Riesené priklady — 038

dx
4 cos? x—sin?
— dx —
— 4 I+cos2x _ 1—cos2x —
2 2

— dx _ dx _ dx
~ [ Acos?x—(1—cos?x) — [ Bcos?x—1 " [ pliegsax_ 2

cos? x

4 4 six
X # +arctg?2

— dx _ dx _ dx
— [ 4(1—sin?x)—sin®x — [ 4—5sin?x %_Sl—C;)st
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dx
4 cos? x—sin2 x
— dx —
— 4 I+cos2x _ 1—cos2x —
2 2

— dx _ 2dx
~ [ 4cos?x—(1—cos?x) 5cos2>< 1~ 51+°°52X 2 3+5 cos 2x

44 g;ﬂszx 2dx
x#+ arctg2 345 cos 2x

— dx _ _ 2dx
— [ 4(1—sin®x)—sin®x ~ [ 4— 55|nx 51 cos2x | 3+5 cos 2x
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Riesené priklady — 038

31-32 33-34 3

dx
4 cos? x—sin?

/

5 36 37

38

x€eR
ueRr

=|

S

_ dx _ 4+ z;”szx 2dx Subst. u=2x
- 4%,# T | x ,arctgg 3+5cos2x du=2dx
— dx _ 2dx

~ [ 4cos?x—(1—cos?x) 5cos2>< 1~ 51+°°52X 2 3+5 cos 2x
— dx _ _ 2dx

— [ 4(1—sin®x)—sin®x ~ [ 4— 55|n 5% 51—C°SZX ~ [ 3+5cos2x

=|

39—

40

}

Subst. u=2x
du=2dx

ubst. u=2x
du=2dx

XER
ueRr

}

xeER
ueR

}
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Riesené priklady — 038

dx
4 cos? x—sin2 x

31-32 33-34 35 36 37 38 39-40

4 sin’x
= L7 oo

/ 1+cos 2>< — 17cos ox
—2

— 2dx
x # +arctg2 3+5 cos 2x

_ [Subst. u=2x

x€eR
du=2dx

ueRr

dx dx _ 2dx __ [Subst. u=2x
4 cos?x 1 cos?x) | Bcos?x—1 Liegsax 2 ™ [ 3+5cos2x du=2dx

_ dx
4(1—sin x) sin?x — | 4—5sin?x

.
/

dx _ 2dx _ [Subst. u=2x
8 _plocos® ™ | 3+5cos2x du=2dx

XER
ueRr

xeER
ueR

/3+5 cos u
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Riesené priklady — 038

dx
4 cos? x—sin?

/

31-32 33-34 35 36 37

38

39-40

_ 4 £ z;"szx 2 dx Subst. u=2x|x€R

1+cos2>< I*C;SQX | x £ —arcth 345 cos 2x COS2X - du=2dx |ueR
2dx _ [Subst. u=2x|xeR
4 cos?x 1 cos?x) 5cos2>< 1 1+°°52X 2 3+5cos2x du=2dx|ueR
— dx dx _ 2dx __ [Subst. u=2x|x€R
4(1—sin?x)—sin?x 4— 55|n x %_5M | 345cos2x du=2dx|ueR

du UGS: t=tg4=tgx|ue(—7 + 2km; 7 + 2km), teR
3+5C05'—’ du=3 cosuf—“{ xe(—
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Riesené priklady — 038

dx
4 cos? x—sin?

/

31-32

33-34 35 36 37

38

39-40

_ _ 4 £ z;”szx 2dx Subst. u=2x | xeR
— 1+cos2>< I*C;SQX | x £ +arctg 2 345 cos 2x COS2X - du=2dx |ueR
— _ 2dx _ [Subst. u=2x|xeR
| 4cos?x 1 cos2x) 5cos2>< 1= 1+°°52X 2 [ 34+5cos2x du=2dx | ueR
_ dx dx _ 2 dx __ [Subst. u=2x|xeR
— [ 4(1—sin?x)—sin®x 4— 55|n x %_5M | 345cos2x du=2dx|ueR
2dt
du |:UGS t=tg §=tgx |u€(—m + 2km;w + 2k7), tER _/ 241
3+5cosu - 771’ c - 1—t2
2l du cos u 5| xe(= 345 e
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Riesené priklady — 038

dx
4 cos? x—sin?

31-32 33-34 35

36 37 38 39-40

4 sin’x
= L7 oo

PEEE arctg2

/ 1+cos 2>< 17cos ox
—2

2dx
345 cos 2x

[Subst. u=2x

x€eR
ueRr

du=2dx

Subst. u=2x | x€R

/4c052 1 cos?x) /5cos2x 1

/ 1+cos 2x g

2dx _
3+5cos2x

2dx |ueR

du

Subst. u=2x

— dx
— [ 4(1—sin?x)— sin?x

dx
= T—cos2
4— 55|nx %_5$

_ 2dx _
| 345cos2x

ueR

xeER
du=2dx

}

UGS:
du:

t=tg Q*tgx

2
cos uf ]

du
3+5cosu

ue(—m

(
xe(—

2dt
241

7/3+5

1—t2
241

2dt
8—2t2
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Riesené priklady — 038

dx
4 cos? x—sin?
— XER
1+cos 2>< 17c205 4 1fcos2x _ l1—cos2x ueR

2dx __ [Subst. u=2x
4 cos®x 1 cos2x) 5cos2>< 1~ 1+°°52X 2 3+5cos2x du=2dx
dx _ 2dx _ [Subst. u=2x
4(1—sin x) sin?x 4— 55|n x %_5% ~ | 3+5cos2x du=2dx
2dt

/ [UGS: _/ 241 _ 2dt
3+5cosu = - 1—t2 = [8-2¢2

! S0 241

4 4 sin’x

cos? x

345 cos 2x du=2dx

2dx [Subst. u=2x

x#=+ arctg2

XER
ueRr

xeR}

ueR

t=tgy5=tgx|ue(
cosuf—“{ x€(—

T+ 2km; ™ + 2km), tER
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Riesené priklady — 038

dx
4 cos? x—sin2 x
/ 1+cos 2>< — 17cos ox
—2

4 4 sin’x

cos? x

x#=+ arctg2

31-32

2dx

345 cos 2x

33-34 35 36 37

=|

Subst. u=2x
du=2dx

38 39-40

x€eR
ueRr

/ 1+cos 2x

2dx _ [Subst. u=2x|xeR
4 cos?x 1 cos?x) 5cos2>< 1 2 3+5cos2x du=2dx|ueR
dx _ 2dx __ [Subst. u=2x|x€R
4(1—sin x) sin2x 4— 55|n x | 8_glocosax ™ [ 345cos2x du=2dx |ueR
2dt
|:UGS: t=tg5=tgx L/k( 7 i+ 2km), teR| __ 241 _ 2dt
¢ 2 x 5 = —2 — |32
3+5COSLI du:f,‘1 cosu:ﬁ E(=% 4 5vkﬂ)‘ keZ 3+51z?4:1 8—2t
=—/tz,4 In|453] +¢
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Riesené priklady — 038

dx
4 cos? x—sin2 x

/ 1+cos 2>< — 17cos ox
—2

/

4 4 sin’x

cos? x

x#=+ arctg2

345 cos 2x

31-32 33-34 35 36 37

2dx Subst. u=2x

du=2dx

X€

=|

ue

/ 1+cos 2x

38 39-40

R
R

}

2dx _ [Subst. u=2x|xeR

4 cos?x 1 cos?x) 5cos2>< 1 2 3+5cos2x du=2dx|ueR

dx _ 2dx __ [Subst. u=2x|x€R

4(1—sin x) sin2x 4— 55|n x | 8_glocosax ™ [ 345cos2x du=2dx |ueR

2dt
UGS: t=tg5=tgx L/k( 7 i+ 2km), teR| __ 241 _ 2dt
3+5C°5'—’ du:f,“1 cosu:r‘—ﬁJ e(— %v %vkﬂ)‘kiz - 3+51;f2 - | 8-2¢t2
241
__ _ _ 1| t42

- /M— 20 [552] +c=3in|222] + ¢
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Riesené priklady — 038

dx
4 cos? x—sin? x
— 4 £ z;”szx 2dx Subst. u=2x|x€R
1+cos2x7176552x X/*al'Cth 3+5COS2X - du=2dx UCR}
2dx _ [Subst. u=2x|xeR
4 cos?x 1 cos?x) 5cos2>< 1 1+°°52X 2 3+5cos2x du=2dx u:eR}
dx _ 2dx __ [Subst. u=2x|x€R
4(1—sin x) sin2x 4— 55|n x %_5M | 345cos2x du=2dx|ueR
24t
UGS: t=tg§=tgx |u€(—m + 2kmm+2km), teR| __ 241 2dt
3+5cosu du=2% |cosu=158 | x€(~% +km T +kn), keZ | 3+51t;ﬁ 82
_ o _1 1 tg 2+2
- /M— AnJ5H + e=din[25] + e=dim S +
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Riesené priklady — 038

—dx 1, ‘ g
4 cos? x—sin2 x 4
/ 1+cos2x71 Cosox
2

x€eR
ueRr

47 il,"szx 2dx Subst. u=2x
35c0os2x =2k

x # tarctg2

2dx __ [Subst. u
4 cos®x 1 cos2x) 5cos2>< 1~ 1+°°52X 2 3+5cos2x du

dx _ 2dx _ [Subst. u=2x
4(1—sin x) sin2x 4— 55|n x | 8_glocosax ™ [ 345cos2x du=2dx

2x
2dx

ueRr

xeER
ueR

o

}

2dt
_ 241
= [ a2

241

_ | UGS:
3+5cosu du= 24t

—— [t =& In |3+ c=31In [£2] + =} In |45 + ¢
Lin Hgifi’ +c, XGRf{j:arcth &L, kEZ}, ceR.

2dt
8—

2t2
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x#+vVkn, u#+kr

__ | Subst. u=x3
k=0,1,2,3,4, ...

du=3x%dx

x#+vVkn, t#+km

k=0,1,2,3,4, ...

__ | Subst. t=x
dt=3x%dx

[Substv u=x3?

xeR
du=3x2dx

ueRr
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_ | Subst. u=x3| x#+Vkr, u#+kr _ 1 [ du
du=3x%dx | k=0,1,2,3,4, ... 3 [sinu

_ | Subst. t=x* x#+vVkn, t#+km _1 dt
dt=3x2dx | k=0,1,2,3,4, ... 3 [sint

__ [Subst. u=x3
du=3x2dx

xeR] _ 1 H
ueR}—3/sm udu
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dui

241
:71

u€(—m+2Im; 2Ir), te(—oo;0)
u€ (2lm;w+2Ir), te(0;00), I€Z

x#+vVkn, u#+kr
sinu

k=0,1,2,3,4, ...

_ 1 [/du __ |UGS
~ 3 [sinu f—tgz
_ sin tdt
smt sin? t

__ | Subst. u=x3
du=3x%dx

X 7 +Vkn, t#tkm

Subst. t=x3
k=0,1,2,3,4, ...

dt=3x%dx

|

Subst. u=x
du=3x2dx

3 =
X"R} 1/sm udu——%cosu+c

ueRr 3
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Riesené priklady — 039, 040

__ | Subst. u=x3|x#+£Vkn, u#tkr| _ 1 [ du __ [UGS du= 24 LI%(7W+2/H'2/~) €(—o0;0)
du=3x%dx | k=0,1,2,3,4, ... 3 [sinu t=tgy smufri1 u€ (2lm;w+2Ir), te(0;00), I€Z

__ | Subst. t=x3| x#+Vkn, t#+kn _ sintdt __ 1 sin tdt

T | dt=3x2dx|k=0,1,2,3,4, ... smt sint 3 | 1—cos?t

/x2sinx3dxf %COS\’B - c
__ [Subst. u=x3|xeR 1 1 _ 1 3
_[ du=3x2dx u'c,‘?} 3/5|n UdU— 3 cosu+c= 3COSX +C' XER' CER
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__ | Subst. u=x3|x#+£Vkn, u#tkr| _ 1 [ du __ [UGS du % ue(— T+2/n'2/”) €(—o0;0)
du=3x2dx | k=0,1,2,3,4, ... 3 [sinu t=tgy smuff u€(2lm;w+2Im), te(0;00), l€Z
_ 1 [1+¢* 2du
3 2t 1+¢2
_ | Subst. t=x3 | x#£Vkn, t#+kr _ sintdt __ 1 [ sintdt __ 1 [—sintdt
dt=3x2dx | k=0,1,2,3,4, ... sin t sint =~ 3 [ 1—cos?t~ 3 | cos?t—1

/x2sinx3dxf %COS\’B - c
__ [Subst. u=x3|xeR 1 1 _ 1 3
_[ du=3x2dx u'c,‘?} 3/5|n UdU— 3 cosu+c= 3COSX +C' XER' CER
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__ | Subst. u=x3|x#+£Vkn, u#tkr| _ 1 [ du __ [UGS du % LI%(7W+2/H'2/~) €(—o0;0)
du=3x%dx | k=0,1,2,3,4, ... 3 [sinu t=tgy smufri1 u€(2lm;w+2Im), te(0;00), l€Z

_ 1 [1+4¢> 2du _ 1 [dt

T3 2t 1427 3 ¢t

__ | Subst. t=x3 | x#£Vkn, t#+kr _ sintdt __ 1 [ sintdt __ 1 [—sintdt

T | dt=3x2dx|k=0,1,2,3,4, ... smt sin2t 3 | 1—cos?2t 3 [ cos?t—1

Subst. u=cos t
du

=|

—sintdt

t#+km, ut+l
k=0,1,2,3, ...

}

1 3
1

ZCosx” + ¢

/x2sinx3dx =

=|

Subst. u=x3

du=3x2dx

X€
ueRr

R 1

3

} /smudu——

1

3

cosu—+c= —

1

3

cosx3+c, xeR, ceR.
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31

LI%(*W+2/M'2/~) €(—o0;0)

x#+vVkn, u#+kr S
u€ (2lm;w+2Ir), te(0;00), I€Z

k=0,1,2,3,4, ...

__ | Subst. u=x3
du=3x%dx

_ 1/ du __ |UGS
3 [sinu t=tg ¥

2
1+t 2du dt 1 In ‘t| 4@
x#+vVkn, t#+km

_1
3 2t 14+t2 T 3

_1 dt _ 1 [sintdt _ 1 sintdt __ 1 [ —sintdt

k=01,234 .. | 3 [sint™ 3 [ sint = 3 [ 1—cos?t 3 [ cos?t—1

t#+km, uF+1] 1 du
k 0,1,2,3,...}*3 u?—1

— | Subst. t x3
dt=3x%dx

_ [Subst. u=cost
du=—sintdt

/x2sinx3dxf %cos x3+ ¢
__ [Subst. u=x3|xeR 1 1 _ 1 3
=[] = 3/sm udu=—3Fcosu+c=—3cosx®+c, xeR, ceR.
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31

— | Subst. u=x3| x#+Vkr, u#+kn _1/du __ |UGS du= 24 LI%(7W+2/H'2/~) €(—o0;0)
du=3x%dx | k=0,1,2,3,4, ... 3 [sinu t=tgy smufﬁ u€(2lm;w+2Im), te(0;00), l€Z
_1f14t22du 1 [dt__ 1 ’ x>
_3/2t L =3/SE=3Injt|+a=3In tg2|+c1,
XGR—{i\3/kTI', k=0,1,2,3,4, ...}, . €R.
__ | Subst. t=x3 | x#£Vkn, t#+kr 1 [ dt __ 1 [sintdt__ sintdt __ 1 [ —sintdt
T | dt=3x%dx | k=0,1,2,3,4, ... 3 [sint ™ 3 sin2 t 3 1—cos?t 3 | cos?t—1
_ [Subst. u=cost | t#+km, u#+l 1 du 1.1 u—1
7{du —sintdt |k 0,1,2,3,...} 3/ -1 3 2|n‘u+1’+c2

/x2 sin x3 dx = %cos x3
3 =
X"R} 1/smudu——%cosu+c=—%cosx3+c,xER,ceR.

__ [Subst. u=x
ueRr 3

du=3x2dx

http://frcatel.fri.uniza.sk/ beerb
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31

1%(*7r+2//u'2/~) & (=o0;0)

du= 355 =
c (2Im; m+2I7), te(0;00), leZ

x#+kn, u# Lk
k=0,1,2,3,4, ...

=

sinu= 55

__ | Subst. u=x3
du=3x%dx

_;/du _ {ucs
T3 fsinu T |t=tg
2
=L =L L=t + a=}In|tg 5]+ a,
xeR—{i\3/k7r, k=0,1,2,3,4, ...}, . €R.

_1 dt __ 1 [sintdt sintdt __ 1 [ —sintdt
“ 3 [sint™ 3 sin2t 3 1—cos?t ™ 3 [ cos?2t—1

t#+km, uF+1] 1 du 1.1 1 cost—1
}73/u2—173 2|n‘u+1’+c27 |n|cost+1’—’_c2

x/+\}77," t#tkm
k=0,1,2,3,4, ...

— | Subst. t x3
dt=3x%dx

k=0,1,2,3, ...

_ [Subst. u=cost
du=—sintdt

/x2sinx3dx = %cos x3

ueRr 3 &

__ [Subst. u=x3
du=3x2dx

X"’R} 1/sm udu=—31cosutc=—3Jcosx®+c, xER, ceR.
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31 31-32 33-34 35 36 37 38 39-40

2
x“dx
sin x3

_ {Subst. u=x3

u€(—m+2lm; 2I), te(—oc;0)
u€ (2lm;w+2Ir), te(0;00), I€Z

x#+v/km, u# Lk
k=0,1,2,3,4, ...

_ 1 [/du __ |UGS
du=3x?dx 3 [sinu t=tg &
_ 1 [1+4¢* 2du _ dt 1
=3 % 172 = 3 sinft|+a= In]tg%]—i-q,

xeR—{i% k=0,1,2,3,4, ...}, c €R.

_ sintdt __ sintdt __ 1 [ —sintdt
sin t sin2t 1—cos?t ™ 3 [ cos?2t—1
1 du _

x#+vVkn, t#+km
k=0,1,2,3,4, ...

Subst. t=x3
dt=3x%dx

— {Subst u=cost
1
6

t#+km, u#£l 1 1 t—1
du=—sintdt | k 0122 } 3 3 |n‘u+1’—|—c2 '"|§2§t+1’+c2
In|92X-L| 4 ¢, xe R~ {j:\/ , k=0,1,2,3,4, ...}, o€R.

/x2sinx3dxf
__ [Subst. u=x3|xeR 1 1 _ _1 8
_[ e U\R} 3/sm udu=—3cosu+c=—3cosx’+c¢, xeR, ceR.
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

’ 2
coshda g /sin*§ X-cos X dx

COs X —sin x
EeBx=dN X Aloe
/cosx+smx d
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

x€ (=5 +2km; 0+2km), te(0;1)
x€(0+2km; 3+2km), te(0;1), ke Z

Subst. t=cos x
dt =—sinx dx

X € (2km; m+2km), t€(0; 1)
X € (m+2km; 2m+2km), t€(0; 1)

o {Subst t=sinx

dt=cos x dx

COs X —sin x
cos x—+-sin x

[ (sin x+cos x)’
_/ sin x+cos x dx
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

x€ (=5 +2km; 0+2km), te(0;1)
x€(0+2km; 3+2km), te(0;1), ke Z

__ | Subst. t=cosx
dt =—sinxdx

:—/t*%dt

_ [Subst. t=sinx
dt=cos x dx

X € (2km; m+2km), t€(0; 1) _ tig dt
X € (m+2km; 2m+2km), t€(0; 1)

cos x—+-sin x

/wdx: In |sin x+cos x|+ ¢

sin x+4-cos x

:/M dx = In sin x+cos x|+c, xeR—{%’W—kw,keZ}, ceR.
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41

41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

x%’(

2 +2km; 0+2km), te(0;1)

__ | Subst. t=cos x
x€(0+2km; 3+2km), te(0;1), ke Z

dt =—sinxdx

_ {Subst t=sinx

dt=cos x dx

1
X € (2km; m+2km), t€(0; 1) _ t72 d _t3
/ = 3dt= c
><6(Tr+2km27r+2kﬁ),t6(0;l>} / +

COS X—Sin X . = "
/cosx+sinx dx = In|sin x+cos x|+c¢

:/%ﬁc’;ﬁl dx= In [sin x+cos x| +c, XER—{%T—F/(TF,/(EZ}, ceR.
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41

41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

X€E (7%A2kﬁ,0+2kﬂ’\,\‘ te(0;1)

dt=—sinxdx | x € (0+2km; %+2k7r), te(0;1), keZ

_ {Subst t=cos x

3
_ —2 4.t 2 _ 21
7_/1_' Zdti_fg +C—§ﬁ—|—c

3 ) p—
/c;)sxdx — /sin7§ x-cos x dx = 3+v/sin x+c¢

1
X € (2km; m+2km), t€(0; 1) _ tfgdt_ti
X € (m+2km; 2m+2km), t€(0; 1)

_ [Subst. t=sinx
dt=cos x dx

COS X—sin x . T
/cosx+sinx dx = In|sin x+cos x|+c¢

:/%ﬁc’;ﬁl dx= In [sin x+cos x| +c, xeR—{%’W—kw,kEZ}, ceR.
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 041, 042, 043

. .
SMXEX — [ cos™ 2 x-sinxdx —
X

3/ cos? x

x€ (=5 +2km; 0+2km), te(0;1)
x€(0+2km; Z+2kn), te(0;1), keZ

Subst. t=cosx
dt =—sinxdx

_3
:—/t*%dt:—ig +c:§i?+c
S+2km; T +2km), ke Z, ceR.

_ 2 _
- 3\/cos3x+c' XE(

cos x dx 3/
= | sin” 3 x-cosx dx = 3v/sinx+c
/sm X / \

1
__ [Subst. t=sinx|x € (2km; 7+2kn), t € (0; 1) _ 7§ __t3 _ —2.3
_{ dt cosxdxXE17+2km2ﬁ+2kﬁ),t6(0;1?} _/ dt= 3 +c=3Vi+c=3Vsinx+c,

xeR—{2km, keZ}, ceR.

COS X—sin x . 2 o
/cosx+sinx dx = In|sin x+cos x|+¢

sin x-+cos x

:/de—ln|smx+cosx|+c x€R—{3+km keZ}, ceR.
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

dx
sin x cos x
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

__ [cosx>0, sinx#0, keZ
X€(7%+2kﬂ,%+2kﬁ)‘)<$kﬁ

dx
sin x cos x

[ (cos®x+sin®x) dx
- sin x cos x

dx
— _cos2 X
- sin x cos x
cos2 x
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41

RieSené priklady — 044, 045

47-48 49-50

__ [cosx>0, sinx#0, keZ __ |u=Incosx
X?(*%+2k/’\,%+2kﬁ)‘)<$kﬁ

/= =sinx
o

Cos x
1 cos x.
Srx |V = Tcotgx = —gn
dx
sin x cos X
2 s dl 2 . 2
(cos“x+sin“x) _ cos” x dx 4 sin® x dx
sin X cos x sin X cos x sin X cos x
dx dx
—_— COS2 X —_— CQS2
- sinxcosx sin x
02 x cos x
beerb@frcatel
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41

RieSené priklady — 044, 045

47-48 49-50

__ [cosx>0, sinx#0,

keZ u=lIncosx | u'= L5

, = =—cotg x-Incosx— [dx
X?(*%+2k/’\,§+2kﬁ)‘)<$kﬁ:| {v' == v =—cotgx = - g
dx

sin x cos X

(cos®x+sin’x) d

. cos? x dx 4 sin x dx . cosxdx — sin x dx
sin X cos x sin X cos x sin X cos x sin x cos X
dx dx p
— _cos2 X — co_s2 X — (tg X) dx
Sin X COs x sin x.
o2 x Cos x tgx

i.uniza.sk/ beerb
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

/'".C%dX* cotg x-Incosx—x+c¢
sin© X
— {cos>'<>0, sinx/:"O, keZ }: u,: Incosx | u'= CO"S“XX — _ COth'lnCOSX_ dX
X€(7%+2kﬂ,'§‘+2kﬁ)‘)<$kﬁ V= oo v =—cotgx = -

= — cotg x-Incos x—x+c, XG(—%-I—Q/WT; §—|—2k7r)—{2k7r}, keZ, ceR.

/.dix =lIn|tgx|+c
SIn X COs X

2 .2 . .
_ [ (cos’x+sin*x)dx [ cos® xdx 4 sin> xdx [ cos xdx _ [ =sinxdx
sin X cos x sin X cos x sin X cos x sin x cos X

_ [ (sinx)"dx [ (cosx)’ dx
7 sin x €os x

dx dx ,
:/%:/%: (Corehs In|tg x| + ¢, XER—{%T,/(EZ}, ceR.

cos x tgx
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

/'".C%dX* cotg x-Incosx—x+c¢
sin© X
— {cos>'<>0, sinx/:"O, keZ }: u,: Incosx | u'= CO"S“XX — _ COth'lnCOSX_ dX
X€(7%+2kﬂ,'§‘+2kﬁ)‘)<$kﬁ V= oo v =—cotgx = -

= — cotg x-Incos x—x+c, XG(—%-I—Q/WT; §—|—2k7r)—{2k7r}, keZ, ceR.

/.dix =lIn|tgx|+c
SIn X COs X

2 .2 . .
_ [ (cos’x+sin*x)dx [ cos® xdx 4 sin> xdx [ cos xdx _ [ =sinxdx
sin X cos x sin X cos x sin X cos x sin x cos X

(sin x)’ dx (cos x) dx

= - =Insin x|—In |cos x| 4+ ¢

sin x cos X

dx dx P
_ i o [ (tex)'dx km
—/siﬁ‘fgéx —/XX = X = In|tg x|+ ¢, x€ R—{T,keZ}, ceR.
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

/'".C%dX* cotg x-Incosx—x+c¢
sin© X
— {cos>'<>0, sinx/:"O, keZ }: u,: Incosx | u'= CO"S“XX — _ COth'lnCOSX_ dX
X€(7%+2kﬂ,'§‘+2kﬁ)‘)<$kﬁ V= oo v =—cotgx = -

= — cotg x-Incos x—x+c, XG(—%-I—Q/WT; §—|—2k7r)—{2k7r}, keZ, ceR.

/.dix =lIn|tgx|+c
SIn X COs X

2 .2 . .
_ [ (cos’x+sin*x)dx [ cos® xdx 4 sin> xdx [ cos xdx _ [ =sinxdx
sin X cos x sin X cos x sin X cos x sin x cos X

(sin x)’ dx (cos x) dx

= _ :In|sinx|—ln|cosx|+c:|n|sir17X|+C

sin x cos X cos X

dx dx P
_ i o [ (tex)'dx km
—/siﬁ‘fgéx —/XX = X = In|tg x|+ ¢, x€ R—{T,keZ}, ceR.
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41 41-43 44-45 46 47-48 49-50

RieSené priklady — 044, 045

sin® x

/'"C% dx = — cotg x-Incos x—x+c

sin x

= }:—cotg)@lncosx—/dX

v = —cotgx = — =X

u'=

v

__ [cosx>0, sinx#0, keZ __ |u=Incosx
X?(*%+2k/’\,%+2kﬁ)‘)<$kﬁ f

sin? x sin x

= — cotg x-Incos x—x+c, XG(—%-I—Q/WT; §—|—2k7r)—{2k7r}, keZ, ceR.

/.dix =lIn|tgx|+c
SIn X COs X

2 .2 . .
_ [ (cos’x+sin*x)dx [ cos® xdx 4 sin> xdx [ cos xdx _ [ =sinxdx
sin X cos x sin X cos x sin X cos x sin x cos X

_ (sinx)"dx [ (cosx)’dx —In |sinx|—|n |COSX| 4+ c=In |M| +c

sin x cos X cos X

=Inltgx| +c, xeR—{.F, ke Z}, ceR.

052 x cos x

dx dx ,
Z/isi:‘fiéx :/ﬁ: Ltz)xdxz In|tgx| + c, xeR—{4F ke Z}, ceR.
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41 41-43 44-45 46 47-48 49-50

Riesené priklady — 046

dx
cos x—+-sin x

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

41

41-43 44-45 46 47-48 49-50
Riesené priklady — 046

dx
cos x—+-sin x
(cos x—sin x) dx
cos?x—sin2x

2t . ;
UGS: t=tg3 [sinX= =7 |sinx#—cosx
2dt 1= 4 3m -
dx=507 |cosx =1z | X # 7 tkm

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 046

41-43 44-45 46 47-48 49-50

dx
cos x—+-sin x

(cos x—sinx)dx __ cos x dx _ sin x dx
cos2x—sin?x (1—sin?x)—sin?x cos?x —(1—cos?x)

2dt
UGS: t=tg 3 |sinx 172\t1 sin x # — cos x 241
e In 1—¢2
dx=29% | cos x — x # 3 +kn

beerb@frcatel.
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Riesené priklady — 046

41-43 44-45 46 47-48 49-50

dx
cos x—+-sin x

(cos x—sinx)dx __

cos x dx _ sin x dx cos x dx sin x dx
cos2x—sin?x (1—sin?x)—sin?x cos?x —(1—cos?x) 1—2sin%x 2 cos?x—1
x 2t . / 2dt
| UGS: t=tg5 |sinx=17 |sinx+#—cosx 241
= 3n 2
dx = 249t @ 158 x 43T L kn 1t 2t
241 21 | X7 4 241 | 241
2dt
DAl =i
beerb@frcatel.
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Riesené priklady — 046

41-43 44-45 46 47-48

dx
cos x—+-sin x

49-50

(cosx—sinx)dx __ cos x dx _ sin x dx __ | cosxdx sin x dx
cos2x—sin?x (1—sin?x)—sin?x cos?x —(1—cos?x) 1—2sin%x 2 cos?x—1
__ [Subst. u=sinx |du=cosxdx |sinx # 4 cosx
v=cosx | dv=—sinxdx x;’%’" +km, keZ
x 2t . / 2dt
| UGS: t=tg 5 |sinx=z17 |sinx#—cosx ) 241
- 2dt 12 |, 4 3m g [ 122 2t
dx=357 |cosx=1=5 | x # T +km t2+1+t2+1
— 2dt —2dt
2t+1—t2 t2—2t+1-2
beerb@frcatel.
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dx
cos x—+-sin x

41

Riesené priklady — 046

41-43 44-45 46 47-48 49-50

(cos x—sin x) dx

_ cos x dx _ sin x dx _ cosxdx sin x dx
cos2x—sin?x (1—sin?x)—sin?x cos?x —(1—cos?x) 1—2sin%x 2 cos?x—1
_ [Subst. u=sinx |du=cosxdx |sinx # 4 cosx _ du —dv
v=cosx |dv=—sinxdx x;’%’" +km, keZ 1—2u2 2v2—1
x 2t . / 2dt
| UGS: t=tg 5 |sinx=z17 |sinx#—cosx 241
dx— 28t Lt |y £ 3% g 2, o
XT e | COSX =i | X7 r2+1+z2+1
_ 2dt —2dt _
2t+1—t2 t2—2t+1-2
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(cos x—sin x) dx

_ cos x dx _ sin x dx _ cosxdx sin x dx
cos2x—sin?x (1—sin?x)—sin?x cos?x —(1—cos?x) 1—2sin%x 2 cos?x—1
__ [Subst. u=sinx |du=cosxdx |sinx / + cos x 7dv 1 dv _ %d“
v=cos x | dv=—sin x dx xf T km, keZ 1— 2u2 2v2— vz—% UZ_%
c(—00:1—+/2) 2dt
UGS: t=tg % |sinx=2 | sinx#— cosx +2kﬂ e <=pd Vzl 21
- n o ), te (1-v2;1+/2) —
dx = 249t cos x = 1=t X?L. + kT N / 1=t + 2t
G 4 ), t€ (1+v2;00), keZ 241 ' 241
_ 2dt —2dt _ _ | Subst. u=t—1|x #1+2
2t+1—¢2 —2t+1-2 (V2)2 du=dt |t #+/2
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dx
cos x—+-sin x

_ (cosx—sinx)dx_ cos x dx _ sin x dx _ cosxdx sin x dx
- cos?x—sin?x | (1—sin?x)—sin%x cos?x—(1—cos?x) ~ | 1—2sin?x 2 cos?x—1

du=cos xdx

dv=—sinxdx

__ [Subst. u=sinx
v =cos x

sin x # == cos x _ du —dv __ %d" _ %du
x#3 1k kez| [ 1-2u? 2v2-1 " [ 22 -2

3 | V*% 3 [ ”*%
=—2-In[—=%|—=—=2sIn[—%|+c
g | g e

=Z € (—o00; 1—/2) 2dt
| UGS: t=tg % |sinx=Z |sinx#— cosx #+2km), £ (~o0i1-v2) b 241
- 2| 3w 1—¢2
dx=29% | cos x Lrix# 3% 4 km t2+t1 t224tr1
_ 2dt _ —2dt _ _ [ Subst. u=t—1|x#1+v2| __ —2du
2t+1—t2 t2—2t41-2 (t— du=dt |t #+/2 w2 —(V/2)?
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_ [ (cosx—sinx)dx __ cos x dx _ sin x dx __ | cosxdx sin x dx
- cos?x—sin?x | (1—sin?x)—sin%x cos?x—(1—cos?x) ~ | 1—2sin?x 2 cos?x—1
__ [Subst. u=sinx|du=cosxdx |sinx # 4 cosx _ du 7dv _ %d" _ %d“
- v=cosx | dv=—sin x dx x#‘%’" tkr, kez| | 1— 202 — Vz—2 w22
1 2
—LmZ_Lm: ‘—7“1 ‘+C
232 [y 2| 22 2 2f 2v+f 2urvz | T
@& /2) d
UGS: t=tg 3 |sinx 72” sin x # — cos x 2z 6 (e 1= v2) t227+t1
= dx = 24t 1t |y £ 3 g m),te(1-v2i14v2) | = 1—1t2 ot
COSXZrmt | X7 T e (3 m), te (1+V2;00), keZ 241 T 2
_ 2dt _ —2dt _ — |Subst. u=t—1|x#14 V2 _ —2du
2t+1—t2 t2—2t+1-2 ( du=dt |t £+/2 w2—(1/2)2
In|*=Y%| + ¢
2\[ + o
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_ [ (cosx—sinx)dx __ cos x dx _ sin x dx __ | cosxdx sin x dx
- cos?x—sin?x | (1—sin?x)—sin%x cos?x—(1—cos?x) ~ | 1—2sin?x 2 cos?x—1
__ [Subst. u=sinx |du=cosxdx [sinx # +cosx _ du 7dv _ %d" _ %d“
- [ v=cos x | dv=—sinxdx x;’%’" +k, kﬁZ} 12w — Vz—2 UZ—%
AN Vo o U SN TEs. - |
- 24 i +ﬁ - Qﬁ U +C1 2 2v+\[‘_ ] 2u+\[‘+cl
_ 2| 2 cos X \[ \ﬁ| 25|nx \[ 3
= Ve xeER— km, ke Z R.
4 2cosx+\f’ 4 25sin x+1/2 e X { P S } a€
UGS: t=tg 3 |sinx 72\1 sin x # — cos x = (=l el sl (Seal= Vz) t22d+t1
= e 2d 2 o2 B +2km), tC(l V2; 1+V2) = |t 5 %
B | COSX=imyy | X 7 "4 THT . 7), te(1+V2;00), keZ P01 T 2
_ 2dt —2dt _ —2dt __ | Subst. u=t-1 x #1+V2 _ —2du
2t+1—¢2 2—2t+1-2 (t—1)2—(v/2)? du=dt|t £4/2 w2 —(v2)?2
t—1)+v2
In o=—"=In (7‘ c
2\f u+\f T e f (t—1)—v2 Te
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_ [ (cosx—sinx)dx __ cos x dx _ sin x dx __ | cosxdx sin x dx
- cos?x—sin?x | (1—sin?x)—sin%x cos?x—(1—cos?x) ~ | 1—2sin?x 2 cos?x—1
__ [Subst. u=sinx |du=cosxdx [sinx # +cosx _ du 7dv _ %d" _ %d“
- [ v=cos x | dv=—sinxdx x;’%’" +k, kﬁZ} 12w — Vz—2 UZ—%
AN Vo o U SN TEs. - |
_2§ I +ﬁ _2@ U +C1 2 2v+\[‘_7 o 2u+\[‘+cl
_ 2| 2 cos X \[ \ﬁ| 25|nx \[ 3
= Ve x€ER— km, ke Z R.
4 2cosx+\f’ 4 25sin x+1/2 -Gl S { P S } a€
UGS: t=tg 3 |sinx 72\1 sin x # — cos x = (=l el sl (Seal= Vz) t22d+t1
= s . +2km), te(1-v214+v2) | = [1—=3
dx =29t | og 1-¢ ?kaﬂ 1—t: 2t
! B 4 7), te(1+V2;00), keZ 241 ' 241
_ 2dt —2dt _ —2dt __ | Subst. u=t-1 x #1+V2 _ [ _—=2du
2t+1—t2 2—2t+1-2 (t—1)2—(v2)? du=dt |t #4+/2 u2—(V/2)?
—1)+v2 V2 tg —1+v2
In =L |n|{E=DEv2 ‘ c——ln =2 -1 - Co,
2\[ u+\[ + o 2 (t—l)—\[ + 12 + &
xeR—{%Urkw, keZ}, o ER.
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(sin x—cos x) dx

=

x € (—m+2km; m+2kT),

sinx+cosx > 0, x’c( z

i £ 37 -
5 sin x # cosx,er»k,\, keZ
>
t

cos X =

{UGS t=tg % |sinx=Z

t2+1

2km; 32 +2kr), te (1-v2;14+/2)

_ {Subst. t =sin x+cos x

dt=(cosx—sinx) dx

1 sin x

cos x
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(sin x—cos x) dx

sinx =

1 X E€(—m+2km; m+2kn), sinx#—cosx, x # E+km, keZ
&

sinx-+cosx > 0, x€ (= Z+2km; 3 +2k7), te (1-v2;1+v2)

UGS tftgz
dx=

COoS X = %

1

(% — }Jrr? ) 12+dr2

4/ 2t 1-¢?
152 + fIERZ2
__ | Subst. t=sinx+cosx | x€ ( €(0; ) » dt
- q /a\ - 4,
dt=(cosx—sinx) dx | x € (F +2km; 3= +2kn), te (0; v2), ke Z V't

il o €Os X—sin X
= osx dx = X dx
1 s'o"s); Cos X-+sin x
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(sin x—cos x) dx

sinx =

x:( m+2km; m4+2kT), sinx#—cosx, x # E+km, keZ

UGS tftgz
>0, x€ (= Z+2km; 3Z+2kn), te (1-v2;1+V2)

(W - 1+t2 1+r? / t +2t—1)dt
4 142t—
\/1+t2 + 1+r2 \/ 4 t r 1+t2)2

_ Subst. t:sin><.+cosx xe( € (0; V2) ® % _ t_% dt
dt=(cosx—sinx) dx | x € (F +2km; 3= +2kn), te (0; v2), ke Z V't

sin x . . /
= [lfak gy [eosxosinx g [ (sinxteosx)’
1 5'0"5); cos x+sin x sin x-+cos x

beerb@frcatel. . i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

41 41-43 44-45 46 47-48 49-50

Riesené priklady — 047, 048

(sin x—cos x) dx

V/sin x+cos x
_ | UGS: t=tg3 |sinx= ,’1 X E€(—m+2km; m+2kn), sinx#—cosx, x # E+km, keZ
dx:ﬁ—‘ﬁ cosx*1 '1 sinx+cosx > 0, X’r(*lv2k‘ﬁ;%+2kﬂ), tc(l*\, 2‘1+\/§)

2t
(2%~ 5F) 1+r2 (+2t-1)dt
oo [Prili§ vela prace pre normélneho smrtelnika.]
Ve /ot ey
1+t2 1+:2

g
__ | Subst. t=sinx-+cosx __ | dt _ — = __l
oy { = 7\4/2 / dt % +C

x’f(f;‘i+2kn'1v2kﬂ\\, ’1(0;\/ )
x € (Z+2km; 32 +-2kr), te (0;V2), ke Z

dt=(cosx—sinx) dx

1+tg x

/lftgx dx = In |sin x4 cos x

I cos x—sin x (sin x+-cos x)’ .
— fosx dx — _ _
,/1 o~ dX*/costinx dx= [ sy dx=In|sinx+cosx| +c,

x€R—{5+km, — T+km, keZ}, ceR.
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(sin x—cos x) dx

V/sin x+cos x
_ | UGS: t=tg3 |sinx= ,’1 X E€(—m+2km; m+2kn), sinx#—cosx, x # E+km, keZ
dx:;‘ﬁ cosx*1 '1 sinx+cosx > 0, X’r(*lv2k‘ﬁ;%+2kﬂ), tc(l*\, 2‘1+\/§)

2t
(1+t2 - 1+t2 1+r? t +2t—1)dt
= = [Prili§ vela prace pre normélneho smrtelnika.]
</ + \/1+2: i 1+t2)2
152 1+r2

g
__ | Subst. t=sinx-+cosx __ | dt _ — = __l
oy { = 7\4/2 / dt % +C

x’f(f;‘i+2kn'1v2kﬂ\\, ’1(0;\/ )
x € (Z+2km; 32 +-2kr), te (0;V2), ke Z

dt=(cosx—sinx) dx

c—4YE

1+tg x

/lftgx dx = In |sin x4 cos x

I cos x—sin x (sin x+-cos x)’ .
— fosx dx — _ _
,/1 o~ dX*/costinx dx= [ sy dx=In|sinx+cosx| +c,

x€R—{5+km, — T+km, keZ}, ceR.
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\/ sin x-+cos x

{UGS t=tg %

(= d 4 4/ 3
/M = 3 v/ (sin x+cos x)3

sinx =

X E€(—m+2km; m+2kn), sinx#—cosx, x # E+km, keZ

1
£ | Sin x+cos x > 0, Xr(*:v2kn;$;+2k7) te(l-v /2:14+/2)

2dt
dx=355

COSX =75

2t
(1+t2 - 1+t2 1+r? t +2t—1)dt
= = [Prili§ vela prace pre normélneho smrtelnika.]
</ + \/1+2: i 1+t2)2
152 1+r2

_ {Subst. t =sin x+cos x

dt=(cosx—sinx) dx

x:(7+2k,. T 4 2km), te (0;
x € (Z+2km; 32 +-2kr), te (0;V2), ke Z

:c—%\‘yt?:c—%{‘/(sinx+cosx)3, x€ (—F+2km; 3 +2kn), keZ, ceR.

1—tgx

dx = In|sin x+cos x

1+tg x

I cos x—sin x (sin x+-cos x)’ .
_ 5. Ao _ _
/1Jr cos x dX*/costinx dx= e dx= In|sin x+cos x| + ¢,

x€R—{5+km, — T+km, keZ}, ceR.
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aeR—{0}, neN

__ [Subst. t=cosax|axe (0+km; m+k)
keZ

dt=—asinaxdx | te(-1;1),

cos” ax

/sinaxdx aER—{O}, neN

_ {Subst. t=cosax | ax € (0+km; 5+ kﬂ) U (% + k7, T+ kfr\)

dt=—asinaxdx | te(—1;0) U (0;1)
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aeR—{0}, neN

__ [Subst. t=cosax|axe€(0+km;m+km)] __ t"dt
- te(-1;1), keZ —a

dt=—asinax dx

cos” ax

/sinaxdx aER—{O}, neN

_ [Subst. t=cosax SXC<\O{I(’:T;%'kﬂ)b(%{kﬁ;ﬁ}kfr\) _ dt
| dt=—asinaxdx te(—1;0)U (0;1) 3 —at"
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/cos”ax~sina dx acR—{0}, neN

__ [Subst. t=cosax|axe (0+km m+km)] __ t"dt__l tndt
dt=—asinaxdx|te(-1;1), keZ —a a

sin ax dx
cos” ax

__ [Subst. t=cosax
dt=—asin ax dx

SXC<\O{I<’:T;%'kﬂ)b(%{kﬁ;ﬁ}kfr\) _ dt 1 [dt
te(-1,0)U(0;1), keZ —at” a [ t"
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aeR—{0}, neN

/cos” ax-sin ax dx

__ [Subst. t=cosax|axe (0+km m+km)] __ t"dt_ tn dt 1 1
dt=—asinaxdx|te(-1;1), keZ —a a n+1

sin ax dx
cos” ax

_ {Subst. t=cos ax

ax € O{k;% km) U (%{kﬁ;ﬁ}kw\) _ dt 1 [dt
dt=—asinaxdx | te(—1;0)U(0;1), keZ —at? a "

RYPEETN

1 —n __l.t7"+1
a/ dt= a —n+1 +c
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aeR—{0}, neN

ax€(0+km; m+km)| __ t"dt 1 n __l.t"Jrl
te(-L1), keZ }_/73 _ a/t dt= a n+1+c

:—%—l—c XER, ceR.

__ [Subst. t=cosax
dt=—asinax dx

/Mf,l e a€R—{0}, neN
cos" ax E] € 1)co :
_ [Subst. t=cosax aXC(\O{k 3 +km) U (%‘kﬁ;”}kﬂr\?}: dt —_1 dt
- { dt=—asinaxdx | te(—1;0)U(0;1), keZ et af &
: /7:_%|n‘t|+c:—%In|cosax\+c, n=1,
_ 1 @ _ t—n+1 _ 1 _
B 5/t eE= 5 —n+1 tc= a(n—1) cos"—1 ax +c n=234,...,
xE€R—{=2x ke 7}, ceR.
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- dt=acosaxdx |te(-1;1), keZ

acR—{0}, neN

ax e 5 +km; 04km

) U (0+km; T+ k)
te(-1;0)U(0;1), keZ

__ [Subst. t=sinax
dt=acos ax dx
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/sin” ax-cos ax dx

3 59-60

aeR—{0}, neN

axe(—5

te(-1;1),

_ [Subst. t=sinax
dt=acos ax dx

km; 5 +km) _ t"dt
keZ a

acR—{0}, neN

ax € (=5 +km; 0+km

)
te(-1,0)U(0;1), ke

__ [Subst. t=sinax
dt=acos ax dx

U (0+km; 5+km)] dt
=7
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/sin” ax-cos ax dx acR—{0}, neN

axe(—5+km G+km)| _ t"dt:l nd¢
te(-1;1), keZ a a

_ [Subst. t=sinax
dt=acos ax dx

acR—{0}, neN

dt=acos ax dx

1 ﬂ
a

:l t=ndt
a

_ {Subst. t=sin ax

ax€(—F+km0+km) U (0+km 5+km)] _ [ dt _ 1 [dt
te(-1,0)U(0;1), keZ at” a @0
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/sin” ax-cos ax dx acR—{0}, neN

axe(-5+kmg+km)] _ [t"dt _ 1 [ingp_ 1 "
te(-1;1), keZ a a dt a n+l +c

_ [Subst. t=sinax
dt=acos ax dx

__ [Subst. t=sinax
dt=acos ax dx

ax€(—F+km0+km) U (0+km 5+km)] _ [ dt _ 1 [dt
te(-1,0)U(0;1), keZ at” a @0

1 [fdt__ 1

X
[o] = [ o
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/sin”ax~cosaxdx: aeR—{0}, neN

axe(—Z+kmg+km)] _ [t"dt 1 [in gy 1 "
te(-1;1), keZ } /a a dt a n+1+
_sm

= a(n+1) +c, XxER, ceR.

_ [Subst. t=sin ax

dt=acos ax dx

_ fcosaxdx 1 : i . 1 _
I_/sin”ax > In[sin ax |4 resp. / =T s—Tax € acR—{0}, neN

ax€(~5+kmO0+km)U (O+km 5+km)] _ [dt _ 1 [dt
te(-1,0)U(0;1), keZ at” a @0

1 [dt_1 1y i —
S/T—fln|t|+c—gln|smax|+c, n=1,

_ {Subst. t=sin ax

dt=acos ax dx

n=

_1 1, =t _ 1 _
fg/t ndt—; n+1+C——m+C, n—2,3,4,...,

x€ER—{XZ keZ}, ceR.
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= /sin ax-cos bx dx

a,be R—{0}, a#=+b
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= /sin ax-cos bx dx

a,be R—{0}, a#=+b

__ |sina-cosf
- __ sin (a—B)+sin (a+8)
- 2

{u = sin ax

u'= acos ax}

v/= cos bx | v = % sin bx
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a,be R—{0}, a#=+b

_ {sin;n-cos‘f }:/sin(ax—bx)-é—sin (ax+bx) dx

sin (a—B)+sin (a-+8)
2

{u:sinax u’:acosax} L sin axbsin bX_%/COS aX-sin bX dX

1
v = sin bx

v/'= cos bx
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= /sin ax-cos bx dx

abe R—{0}, a£+b

__ [sina-coss __ [ sin (ax—bx)+sin (ax+bx) A= sin (a—b)x dx sin (a+b)x dx
- _ sin(a 1)2\>m(1»\ 3) | — 2 X = 2 + 2

L " . = )
= {“j ez | @ jms"x} = SnacSn L 2 [ cos ax-sin bx dx
v'= cos bx | v = £ sin bx
— u = COs ax U/: asin ax
v/=sinbx |v = —%cos bx
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a,be R—{0}, a#=+b

__ [sina-coss __ [ sin (ax—bx)+sin (ax+bx) A= sin (a—b)x dx sin (a+b)x dx
- _ sin(a 1)2\>m(1»\ 3) | — 2 X = 2 + 2

cos (a—b)x  cos (a+b)x

+c1, xER, c1€ER.

2(a—b) 2(a+b)
= [“,:Smax u:?cosaﬂ —sinaxsinbx 2 [ 55 ax.sin bx dx
v'= cos bx | v = £ sin bx b b

/

_ [u=cosax
v'= sin bx

u'= —asin ax } = smaxi)sm bX*% |: _ cosax[;cosbx 7%/5“1 ax-cos bXdX

1
v = — cos bx
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abe R—{0}, a£+b

__ [sina-coss __ [ sin (ax—bx)+sin (ax+bx) A= sin (a—b)x dx sin (a+b)x dx
- _ sin(a 1);>m(1\ +8) | — 2 X = 2 + 2

cos (a—b)x  cos (a+b)x

+c1, xER, c1€R.

= 2(a—b) 2(a+b)
= [“,: N ?COW} —sinaxsinbx 2 [ 55 ax.sin bx dx
v'= cos bx | v = £ sin bx b b

_ {u:cosax u'= —asin ax } _ smaxi)sm bxig |: . cosax[»)cosbx 7%/5“1 ax-cos bx dx

1
v = — cos bx

v/= sin bx
__ bsin ax-sin bx | acos ax-cos bx 4 &r
= i

2 2 sin ax-cos bx dx
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abe R—{0}, a£+b

__ [sina-coss __ [ sin (ax—bx)+sin (ax+bx) A= sin (a—b)x dx sin (a+b)x dx
- _ sin(a 1);>m(1\ +8) | — 2 X = 2 + 2

cos (a—b)x  cos (a+b)x

+c1, xER, c1€R.

2(a—b) 2(a+b)
= [“,:Smax u:?mﬂ —sinaxsinbx 2 [ 55 ax.sin bx dx
v'= cos bx | v = £ sin bx b b

_ {u:cosax u'= —asin ax } _ smaxi)sm bxig |: . cosax[»)cosbx 7%/5“1 ax-cos bXdX}

1
v = — cos bx

v/= sin bx
__ bsin ax-sin bx | acos ax-cos bx 4 &r
= i

2 2 sin ax-cos bx dx

= {Rovnica/ MnagiwwWJFmsag%sbx_%I N b>;3wl =) bsma:‘smbx+a(osa;7c05b)<:|
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abe R—{0}, a£+b

__ [sina-coss __ [ sin (ax—bx)+sin (ax+bx) A= sin (a—b)x dx sin (a+b)x dx
- _ sin(a 1);>m(1\ +8) | — 2 X = 2 + 2

cos (a—b)x  cos (a+b)x

+c1, xER, c1€R.

2(a—b) 2(a+b)
= [“,:Smax u:?mﬂ —sinaxsinbx 2 [ 55 ax.sin bx dx
v'= cos bx | v = £ sin bx b b

_ {u:cosax u'= —asin ax } _ smaxi)sm bxig |: . cosax[»)cosbx 7%/5“1 ax-cos bXdX}

1
v = — cos bx

v/= sin bx
__ bsin ax-sin bx | acos ax-cos bx 4 &r
= i

2 2 sin ax-cos bx dx

= {Rovnica/ MnagiwwWJFmsag%sbx_%I N b>;3wl =) bsma:‘smbx+a(osa;7c05b)<:|

:ﬁ sin ax-sin bx + ﬁ cos ax-cos bx + ¢, xER, ER.
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= /cos ax-cos bx dx

a,be R—{0}, a#=+b

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 y £ 6-58 59-60

RieSené priklady — 054

= /cos ax-cos bx dx

a,be R—{0}, a#=+b

__ | cosa-cos3
— _ cos(a—p)+cos (a+f)
2

_ {u:cosax

u'= —asin ax }

v/= cos bx | v % sin bx
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= /cos ax-cos bx dx

abe R—{0}, a£+b

__ [cosacosp __ [ cos (ax—bx)+cos (ax+bx)
- =/ : dx

_ cos(a—p)tcos(atf) [ T

__ [u=cosax|u'=—asinax] _ cosax-sinbx | a 3 el
,{ } = Cos sin ox —|—b/5|nax sin bx dx

1
v % sin bx

v/'= cos bx
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= /cos ax-cos bx dx

a,be R—{0}, a#=+b

_ [cosarcos B __ [ cos (ax—bx)+cos (ax+bx) A= cos (a—b)x dx cos (a+b)x dx
= _ cos(a 4)2“))(” w8 | — > X = 5 -+ 5

_ {u:cosax

u'=—asinax] __ cosax-sinbx | a ; i
} = ; —|—b/5|nax sin bx dx

v/= cos bx | v % sin bx
_ [u=sinax|u'= acosax
v/=sinbx | v = —3 cos bx
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2(a—b) 2(a+b)

I:/cosax-cos bx dx = Sn{a=b)x , sin{ath)x

a,be R—{0}, a#=+b

_ [cosarcos B __ [ cos (ax—bx)+cos (ax+bx) A= cos (a—b)x dx cos (a+b)x dx
= _ cos(a 4)2“))(” w8 | — > X = 5 -+ 5

sin (a—b)x | sin(a+b)x
2a=b) T 2(ath)

+c1, xER, c1€R.

_ [u=cosax
v/'= cos bx

u'=—asinax] __ cosax-sinbx | a ; i
} = ; —|—b/5|nax sin bx dx

1
v % sin bx

/

_ [u=sinax
v'= sin bx

u'= acosax] __ cosax-sinbx | a| _ sinax-cosbx |, a .
}7 - +b[ £ +b/cosax cosbxdx}

v = —3 cos bx
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AE]

2(a+b)

I:/cos ax-cos bx dx = Snla=blx sinfath)x | -

a,be R—{0}, a#=+b

_ [cosa-cos g _ cos(ax—bx)+cos(a><+bx)d _ [ cos(a—b)x dx cos (a+b)x dx
= _ cosloB)teos(atp) | T > X = 5 -+ 5

sin (a—b)x | sin(a+b)x
2a=b) T 2(ath)

+c1, xER, c1€R.

_ {u:cosax

/

v/= cos bx | v % sin bx

u'=—asinax] __ cosax-sinbx | a ; i
} = ; —|—b/5|nax sin bx dx

_ {u:sinax

v/=sinbx | v = —3 cos bx

u'= acosax] __ cosax-sinbx | a| _ sinax-cosbx |, a .
}7 - +b[ £ +b/cosax cosbxdx}

__ bcos ax-sin bx __ asin ax-cos bx 4 &r
- b2 b? b2

cos ax-cos bx dx
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2(a—b)

= /cos ax-cos bx dx — 0@

a,be R—{0}, a#=+b

_ [cosa-cos g __ [ cos (ax—bx)+cos (ax+bx) A= cos (a—b)x dx cos (a+b)x dx
= _ cos(a—p)tcos(atB) | > X = 5 -+ 5

p)

sin (a—b)x | sin(a+b)x
2a=b) T 2(ath)

+c1, xER, c1€R.

/

__ [u=cosax
v'= cos bx

u'=—asinax] __ cosax-sinbx | a ; i
} = ; —|—b/5|nax sin bx dx

1
v % sin bx

__[u=sinax|u'= acosax] _ cosax-sinbx | a| _ sinax-cosbx | a .

B {v’ sinbx | v 7%@5@(}7 b +b|: b +b/COSQX € bXdX:|
. . 2

_ bcos a[;(z sin bx __ asin azZCOS bx + 22 cos ax-cos bx dx

= {Rovnica I bcosaﬁ;w,asmaziysm_%/ N b’b;awl (1727;)/ bcosagsmbx7asma>g7cosbx:|
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2(a—b)

= /cos ax-cos bx dx — 0@

_ [cosa-cos g __ [ cos (ax—bx)+cos (ax+bx) A= cos (a—b)x dx cos (a+b)x dx
= _ cos(a—p)tcos(atB) | > X = 5 -+ 5

p)

sin (a—b)x | sin(a+b)x
2a=b) T 2(ath)

+c1, xER, c1€R.

/

__ [u=cosax
v'= cos bx

u'=—asinax] __ cosax-sinbx | a ; i
} = ; —|—b/5|nax sin bx dx

1
v % sin bx

__[u=sinax|u'= acosax] _ cosax-sinbx | a| _ sinax-cosbx | a .

B {v’ sinbx | v 7%@5@(}7 b +b|: b +b/COSQX € bXdX:|
. . 2

_ bcos a[;(z sin bx __ asin azZCOS bx + 22 cos ax-cos bx dx

= {Rovnica I bcosaﬁ;w,asmaziysm_%/ N b’b;awl (1727;)/ bcosagsmbx7asma>g7cosbx:|

:ﬁ cos ax-sin bx — g% sinax-cos bx + ¢, Xx€ER, €R.
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= /sin ax-sin bx dx

a,be R—{0}, a#=+b
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= /sin ax-sin bx dx

abe R—{0}, a£+b

__ |sina-sing
- _ cos(a—f)—cos (a-+5)
2

_ {u:sinax

u'= acosax}

v/=sinbx | v = —3 cos bx
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= /sin ax-sin bx dx

a,be R—{0}, a#=+b

_ [sinasing __ [ cos (ax—bx)—cos (ax+bx)

[ | [ dx

= {“/: sinax| u'= - acos "’X} — _sinax-cosbx 4 a [ 5 av.cos bx dx
v'=sin bx | v = — cos bx b b
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= /sin ax-sin bx dx

abe R—{0}, a£+b

_ [sinasing _ cos(ax—bx)—cos(ax+b><)d _ [ cos (a—b)x dx cos (a+b)x dx
= _ cos(ar 1)2Lo>((\ 3) | — ) X= > — 5

u=sinax |u'= acosax sin ax-cos bx a
= = —SNaCoS X 2 [ cos ax-cos bx dx
{v’ sin bx | v —%cosbx} b +b/
_ [u=cosax|u'= —asinax
v/=cosbx | v % sin bx
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. ‘ . < sin (a—b)x sin(a+b)
I—/sm ax-sin bx dx = waJrQ

abe R—{0}, a£+b

_ [sinasing _ cos(ax—bx)—cos(ax+b><)d _ [ cos (a—b)x dx cos (a+b)x dx
= _ cos(ar 1)2L0>((\ 3) | — ) X= > — 5

sin (a—b)x  sin (a+b)x+clv xER, c,ER.

2(a—b) ~  2(atb)
__ [u=sinax|u'= acosax] _ _ sinax-cosbx |, a .
= {V, bl ﬁcosbx} = —sinaccospx +b/cos ax-cos bx dx
__ [u=cosax|u'=—asinax] _ _ sinax-cosbx | a |cosax-sinbx | a ; i
7{v’ cos bx | v t—l}smbx}i b +b|: b +b/sm el e
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. ‘ . < sin (a—b)x sin(a+b)
I—/sm ax-sin bx dx = waJrQ

abe R—{0}, a£+b

_ [sinasing _ cos(ax—bx)—cos(ax+b><)d _ [ cos (a—b)x dx cos (a+b)x dx
= _ cos(ar 1)2L0>((\ 3) | — ) X= > — 5

sin (a—b)x  sin (a+b)x+clv xER, ¢ €R.

2(a—b) ~  2(atb)
__ [u=sinax|u'= acosax] _ _ sinax-cosbx |, a .
= {V, bl ﬁcosbx} = —sinaccospx +b/cos ax-cos bx dx
__ [u=cosax|u'=—asinax] _ _ sinax-cosbx | a |cosax-sinbx | a ; i
7{v’ cos bx | v t—l}smbx}i b +b|: b +b/sm el e

__bsin ax-cos bx 4 acos ax:-sin bx +a72
b

e 2 sin ax-sin bx dx
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_ 0 0 sin (a—b)x sin(a+b)
I—/sm ax-sin bx dx = 3(2=D) fWJrcl

abe R—{0}, a£+b

_ [sinasing _ cos(ax—bx)—cos(ax+b><)d _ [ cos (a—b)x dx cos (a+b)x dx
= _ cos(ar 1)2L0>((\ 3) | — ) X= > — 5

sin (a—b)x  sin (a+b)x+clv xER, ¢ €R.

2(a—b) ~  2(atb)
= {“/: sinax| u'= ?COS x } — __sin ax-cos bx bx + 2 [ cos ax-cos bx dx
v'=sin bx | v = — cos bx b b

/

_ [u=cosax
v'= cos bx

u'=—asinax| _ _ sinax-cosbx | a|cosax-sinbx | a a o&h
}7 - er[ ; +b/5|naxsmbxdx]

1
v % sin bx

; : 2 g .
,b5|nazécosbx+acosa;(2sm bx+%/sm ax-sin bx dx

— ; bsin ax-cos bx | acos ax-sin bx ? b?—a* 2 bsin ax-cos bx | acos ax-sin bx
7{Rovn|ca/ — sl L deme s L ) = o] = (L= 5))) = —HEeeER L e aes

a
7
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. ‘ . < sin (a—b)x _ sin (a+b)x
I—/sm ax-sin bx dx = =50 == — 5115

abe R—{0}, a£+b

_ [sinasing _ cos(ax—bx)—cos(ax+b><)d _ [ cos (a—b)x dx cos (a+b)x dx
= _ cos(ar 1)2L0>((\ 3) | — ) X= > — 5

sin (a—b)x _ sin (a+b)x

+c1, xER, c1€R.

2(a—b) 2(atb)
= {“/: sinax| u'= ?COS x } = — sin ax-cos bx + a Cos ax-cos bx dx
v'=sin bx | v = — cos bx b b

/

_ [u=cosax
v'= cos bx

u'=—asinax| _ _ sinax-cosbx | a|cosax-sinbx | a a o&h
}7 - er[ ; +b/5|naxsmbxdx]

1
v % sin bx

bsin ax-cos bx | acosax-sinbx | a : :
=- b2 + be + 2z [ sin ax-sin bx dx
= {Rovnica o GREZLEEL L, AMELIRE Z,f/ N %/ (1,%?)/ — rlnmlin scosag>5|rva:|

= — ﬁsin ax-cos bx + ﬁcosaxsin bx + o, x€R, c€R.
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/sin ax-cos ax dx

/sin2 ax dx
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/sin ax-cos ax dx

_ /2 sin ax-cos ax dx
- 2

_ 1+cos 2ax
= /72 dx
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RiesSené priklady — 056, 057, 058

/sin ax-cos ax dx

_ 2sin ax-cos axdx __ sin 2ax dx
- 2 - 2

_ 1—cos2ax _ dx [ cos2axdx
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RiesSené priklady — 056, 057, 058

_ 2sin ax-cos axdx __ sin2axdx __ — cos2ax
—/ 2 _/ 2 — 22a 1€

_ 1+cos 2ax _ [dx cos2axdx __ x sin 2ax
_/ 2 dX—/2+/ 2 —21722 t€

__ [ 1=cos2ax __ |dx _ [cos2axdx __ x _ sin2ax
—/ 2 dX—/z / 3 -2 202 '°
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51 51-52 53 54 55 56-58 59-60

RiesSené priklady — 056, 057, 058

_ 2sin ax-cos axdx __ sin2axdx __ — cos2ax __ _ cos?2ax
—/ 5 —/ 5 =T +tc= — === +c, XER, ceR.

_ 1+cos 2ax _ [dx cos2axdx __ x sin 2ax _ X sin 2ax
_/ 2 dX—/2+/ 2 —2t722, TC=3+74 TG

XER, ceR.

_ 1—cos2ax _ dx [ cos2axdx X _ sin 2ax X _ sm 2ax
—/ 2 dX—/z / 7 —2 222 T¢=3 +c
x€ER, ceR.
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Riesené priklady — 059, 060

/x cotg? x dx
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Riesené priklady — 059,

_ [ xsin® xdx
cos? x

/x cotg? x dx

_ [ xcos® xdx
sin? x
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51

Riesené priklady — 059,

; 2
_ [ xsin®xdx [ x(1—cos” x) dx
cos? x cos? x

/x cotg? x dx

-
_ [ xcos®xdx __ [ x(1—=sin® x)dx
sin? x sin? x
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51

- 2
_ [ xsin®xdx _ [ x(1—cos” x)dx __ xdx
_/ cos? x _/ cos? x [ cos?x xdx

/x cotg? x dx

2 f )
_ [xcos’xdx _ [x(1=sinx)dx [ xdx
7/ sin? x 7/ sin? x — [ sin?x x dx
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51

Riesené priklady — 059, 060

_ [ xsin?xdx _ [x(A=cos®x)dx _ [ xdx xdx=[*=*
- cos?x cos? x [ cos? x - vi= L1

u'=1
_ sinx

v=1tgx=Gox

/x cotg? x dx

u'=1

cos x
sinx

2 A
_ [ xcos®xdx __ [ x(1—sin”x)dx __ xdx _ Ju=x
7/ sin? x 7/ sin? x — [ sin?x xdx= {V’ =

v =—cotgx = —
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51

Riesené priklady — 059, 060

) 2
_ [ xsin®xdx _ [ x(1—cos” x)dx __ x dx u=x
_/ cos? x _/ cos? x [ cos?x XdX—L:ﬁ
:thxf/is'”dxf/xdx
cos x

/x cotg? x dx

2
_ [ xcos® xdx (1=sin®x)dx __ [ xdx o _ fu=x
7/ sin? x / sin? x 7/sin2X /XdX* {v' B
_ cos x dx
= Xcotgx+/ ey /de

u'=1
_ _ sinx

v=1tgx=Gox

u'=1

cos x
sinx

v =—cotgx = —
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51

Riesené priklady — 059, 060

u'=1
v =tgx = sinx

cos x

) 2
_ [xsin®xdx [ x(1—cos”x)dx xdx _ Ju=x
_/ cos? x _/ cos? x [ cos?x xdx= {V':ﬁ
—xtox— sinxdx xdx=xtgx+ —sinxdx x>
=Xz cos x =Xy cos x 2

/XCOthXdX = —x cotg x+In [sin x|

2 A
_ [ xcos®xdx __ [ x(1—sin”x)dx __ xdx _ Ju=x
7/ sin? x 7/ sin? x — [ sin?x xdx= {V’ =

:—xcotgx—k/“;sinxxdX —/xdx: — x cotg x+In |sinx\—x2—2+c,
xe€R—{km keZ}.

u'=1
v = —cotgx = — =X

sinx
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51 51-52

Riesené priklady — 059, 060

) 2
_ [xsin®xdx [ x(1—cos”x)dx xdx _ Ju=x
_/ cos? x _/ cos? x | cos?x xdx= {v':ﬁ
—xtox— sinxdx xdx=xtgx+ —sinxdx x>
=Xz cos x =Xy cos x 2

=xtgx+In |cosx\—"2—2—|—c, x€R—{5+km keZ}.

2 A
_ [ xcos®xdx __ [ x(1—sin”x)dx __ xdx _ Ju=x
7/ sin? x 7/ sin? x — [ sin?x xdx= {V’ =

:—xcotgx—l—/cc;si:xdX —/de: — x cotg x+In |sinx\—x2—2—|—c,
xe€R—{km keZ}.

u'=1
v = —cotgx = — =X

sinx
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RieSené priklady — 061

5 :/xsin ax dx
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RieSené priklady — 061

5 :/xsin ax dx

_ Ju=x
v/= sin ax

v =

{Odhad rieSenia metédou neurcitych koeficientov

S1=(a+px)sin ax+(y+dx) cos ax+c

beerb@frcatel.fri.uniza.sk
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61 61 62 63-64 64 65-66 66

RieSené priklady — 061

5 :/xsin ax dx

_ Ju=x
v/= sin ax

/
u= 1 X COs ax Cos ax
v=—Lcos ax} a / a dX
- a

{Odhad rieSenia metédou neurcitych koeficientov
S1=(a+px)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /X sin ax dx = (a+ fx) sin ax+(y+0x) cos ax+ C}

xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].
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RieSené priklady — 061

5 :/xsin ax dx

_ Ju=x
v/= sin ax

v =

:_XCOSZX+ COs ax dXZ_XCOSaX+S|naX+C
cos ax a a a

a-a

{Odhad rieSenia metédou neurcitych koeficientov
S1=(a+px)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /X sin ax dx = (a+ fx) sin ax+(y+0x) cos ax+c

xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].
[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.
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RieSené priklady — 061

a

5 :/xsin axdx = =n

u= 1
1

_ [u*x

v/= sin ax

}:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a a-a

v = cos ax
a

__ sin ax X €Os ax
—T—f-i-c, XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c

{Deriva’cia rovnosti ./X sin ax dx = (a+ fx) sin ax+(y+0x) cos ax+c
xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].
[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

{Rieéenie 4 rovnic so Styrmi neznamymi «, 3,7, 45}
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61 61 62 63-64 64 65-66 66

RieSené priklady — 061

a

5 :/xsin axdx = =n

u= 1
1

_ [u*x

v/= sin ax

}:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a a-a

v = cos ax
a

__ sin ax X €Os ax
—T—f-i-c, XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /xsin ax dx = o+ f3x) sin ax-+ (y+0x) cos ax+ ¢
xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].
[0—1—1 ‘X] sin ax+ [O+O~x} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬁax] COS ax.
RieZenie 4 rovnic so &tyrmi neznamymi a, 3,7, o‘}

OZﬂ—'ya, 1=—9a pre sin ax,
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RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

}:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a a-a

v = cos ax
a

__ sin ax X €Os ax
—T—f-i-c, XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /xsin ax dx = o+ f3x) sin ax-+ (y+0x) cos ax+ ¢
xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].
[0—1—1 ‘X] sin ax+ [O-I—O-X} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬂax] oS ax.
RieZenie 4 rovnic so &tyrmi neznamymi a, 3,7, 0

OZﬂ—’ya, 1:—(53 pre sin ax, O:5+aa, 0:68 pre cos ax
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66 67-68 69 70

RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

}:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a a-a

v = cos ax
a

__ sin ax X €Os ax
—T—f-i-c, XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /X sin ax dx = (a+ fx) sin ax+(y+0x) cos ax+c

xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
Ozﬂ_/ya! 1=—da pre sin ax, 0:6+aa, 0:68 pre cos ax
—0
= =2,
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RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

}:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a a-a

v = cos ax
a

__ sin ax X €Os ax
—T—f-i-c, XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}

S1=(a+px)sin ax+(y+dx) cos ax+c
{Derivécia rovnosti ./'xsin ax dx=(a+fx) sin ax+ (y+0x) cos ax+c

xsin ax = [B'sin ax+ (a+Bx)acos ax| + [§ cos ax —(y+0dx)asin ax].

[0—1—1 ‘X] sin ax+ [O+O~x} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬁax] COS ax.
RieZenie 4 rovnic so &tyrmi neznamymi a, 3,7, 0

0=pF—va, 1=—0a presinax, 0=0+aa, 0=3a pre cos ax

= B=2 4=2£

=
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RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a-a

v= cos ax} a

=3 X2 4c, xeR, ceR.

a

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Derivécia S /;<sin o X (A 5%) sinlax (%5 x) cos axtie
xsinax = [6 sin ax+(a+fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’ya 1=—9a pre sin ax, 0:(5+C¥3, O:BB pre cos ax
= A= /3 5_7
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RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a-a

v= cos ax} a

=3 X2 4c, xeR, ceR.

a

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Derivécia S /;<sin o X (A 5%) sinlax (%5 x) cos axtie
xsinax = [6 sin ax+(a+fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’ya 1=—9a pre sin ax, O:5+aa, O:BB pre cos ax
= A= /3 5_7 a=-%

—a
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61 61 62 63-64 64 65-66 66 67-68 69 70

RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a-a

v= cos ax} a

=3 X2 4c, xeR, ceR.

a

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Derivécia S /;<sin o X (A 5%) sinlax (%5 x) cos axtie
xsinax = [6 sin ax+(a+fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’ya 1=—9a pre sin ax, 0:(5+C¥3, O:BB pre cos ax
= p=9%y=£46=L a=L% = B=0v=0,
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RieSené priklady — 061

5 :/xsinaxdx = %

_ [u*x

u= 1
v/= sin ax 1

:_XCOSZX_"_/COSQX dX:_Xcosax+S|nax+C

a a a-a

v= cos ax} a

=3 X2 4c, xeR, ceR.

a

{Odhad rieSenia metédou neurcitych koeficientov}
S1=(a+px)sin ax+(y+dx) cos ax+c
{Derivécia S /;<sin o X (A 5%) sinlax (%5 x) cos axtie
xsinax = [6 sin ax+(a+fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’ya 1=—9a pre sin ax, 0:(5+C¥3, O:BB pre cos ax
/3 D = = =1 ,_1
= f= , 0= a,oz—_a = B=0,7v=0,6=-3, a=3.
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RieSené priklady — 061

5 :/xsinaxdx = %

u=x u= 1 X COS ax cos ax X COSs ax sin ax

= = — == —_— C
{\/:sinax v= 1cosax} a + a a + a-a +
sin ax X COSs ax

ZT—fﬁ-C,XER, ceR.

{Odhad rieSenia metédou neurcitych koeficientov}

S1=(a+Bx) sin ax+(y+06x) cos ax+c =302 XX 1 ¢ xR, ceR.
{Derivécia S /;<sin o X (A 5%) sinlax (%5 x) cos axtie

xsinax = [6 sin ax+(a+fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—1~X]sin ax+ [O+O~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’ya 1=—9a pre sin ax, 0:(5+C¥3, O:BB pre cos ax
/3 D = = =1 ,_1
= f[= ==, a== = B=0,7=0,0=—3 a=4.
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RieSené priklady — 062

G :/xcosaxdx
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RieSené priklady — 062

G :/xcosaxdx

u=x u'=1
v/'=cosax |v = %sin ax

{Odhad rieSenia metédou neurcitych koeficientov}

G =(a+pBx)sin ax+(y+dx) cos ax+c
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RieSené priklady — 062

G :/xcosaxdx

u=1 __xsinax _ [ sinax dX
\/:%sinax a a

u=x
v/= cos ax

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /X cos ax dx = (a+ fx) sin ax+ (7+0x) cos ax+ c}

X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].
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RieSené priklady — 062

G :/xcosaxdx

7 q a a
u'=1 X sin ax sinax X sin ax — COos ax
= EFLEE — /2 g =2E0eE — =228 E L p
] / a a

\/:%sinax a a-a

u=x
v/= cos ax

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.
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RieSené priklady — 062

/xcosaxdx =

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c

{Derivécia rovnosti ./'x cos ax dx = (a+3x) sin ax+ (y+0x) cos ax+c
x cos ax = [ sin ax+(a-+x)acos ax| + [§ cos ax—(y+0x)asin ax].
[0—|—O~X] sin ax+ [O—f— 1 ~x} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬁax] COS ax.

{Rieéenie 4 rovnic so Styrmi neznamymi «, 3,7, 45}
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RieSené priklady — 062

/xcosaxdx =

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c
{Derivécia rovnosti ./'x cos ax dx = (a+3x) sin ax+ (y+0x) cos ax+c
x cos ax = [ sin ax+(a-+x)acos ax| + [§ cos ax—(y+0x)asin ax].
[0—|—O~X] sin ax+ [O—f— 1 ~x} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬁax] COS ax.
RieZenie 4 rovnic so &tyrmi neznamymi a, 3,7, o‘}

OZﬂ—'ya, 0=—0a pre sin ax,
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c

{Derivécia rovnosti ./'x cos ax dx = (a+3x) sin ax+ (y+0x) cos ax+c
x cos ax = [ sin ax+(a-+x)acos ax| + [§ cos ax—(y+0x)asin ax].
[0—|—O~X] sin ax+ [0—1— 1 -X} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬂax] oS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &

O:ﬂ—fya, 0:—(53 pre sin ax, O:5+aa, 1:68 pre cos ax
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
G =(a+pBx)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
Ozﬂ_/ya! 0=—da pre sin ax, 0:6-’—@3, 1:68 pre cos ax
1
= =1,
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}

G =(a+pBx)sin ax+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+fx) sin ax+(y+0x) cos ax+c

x cos ax = [ sin ax+(a-+x)acos ax| + [§ cos ax—(y+0x)asin ax].

[0—|—O~X] sin ax+ [O—f— 1 ~x} cos ax = [5—73—5ax] sin ax+ [aa+5+ﬁax] COS ax.
RieZenie 4 rovnic so &tyrmi neznamymi a, 3,7, 0

0=pF—va, 0=—0a presinax, 0=0+a, 1 =52 pre cos ax

= f=14=£

=
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
= (a+pBx)sin ax—+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
Ozﬂ_/ya 0=—da pre sin ax, 0:6-’—@3, 1253 pre cos ax
= A= /3 5_7
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
= (a+pBx)sin ax—+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
Ozﬂ_/ya 0=—da pre sin ax, O:5+Oéa, 1253 pre cos ax
= f[= 5 5_7 a==2
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
= (a+pBx)sin ax—+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
Ozﬂ_/ya 0=—da pre sin ax, 0:6-’—@3, 1253 pre cos ax
5 -0 =9 =1 ,_1
= = ==, a==2 = =3, 7=3,

iza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66 67-68 69 70

RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
= (a+pBx)sin ax—+(y+dx) cos ax+c
{Deriva’cia rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
0:5—73 0=—da pre sin ax, O:5+aa 1253 pre cos ax
/3 _0 ., _=4 _
= 6 6 —a' Q= a = ﬂ v’Y 32' 5 0 o= 0
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RieSené priklady — 062

G :/xcosaxdx = &=

_ [u*x

v/= cos ax

, g q q
u=1 X sin ax sin ax X sin ax — COs ax
= ke /A gl = 2SN = EoR Gk
] a / a d a €

\/:%sinax a-a

:cosax+xsigax+cy XER, ceR.

22

{Odhad rieSenia metédou neurcitych koeficientov}
= (a+Bx) sin ax+(7+0x) cos ax+c =X 4 05X 4 ¢ xeR, ceR.
{Denvacwa rovnosti /x cos ax dx = (a+ x) sin ax+(y+0x) cos ax+c
X COS ax = .[6 sin ax+(a+ fx)acos ax| + [ cos ax — (y+dx)asin ax].

[0—|—0~X]sin ax+ [O+1~x} cos ax = [6—73—5ax]sin ax+ [aa+5+ﬁax] COS ax.

Riesenie 4 rovnic so Styrmi nezndmymi «, 3,7, &
OZﬂ—’Va 0=—0a pre sin ax, O:5+aa 1253 pre cos ax
/3 -0 ,,_=9 —
= B= =L, a==2 = =1 9=1% 6=0 a=0.
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RiesSené priklady — 063, 064

/X2 sinh ax dx

61 62 63-64 64 65-66 66 67-68 69 70

/x2 sin ax dx
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RiesSené priklady — 063, 064

/X2 sinh ax dx

_ ju=x?
v'= sinh ax

u'=2x
v — coshax
a

/x2 sin ax dx

_ [u:x2

u'= 2x }

V/=sinax|v =
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RiesSené priklady — 063, 064

/X2 sinh ax dx

—y 2
v }:M — %/Xcoshaxdx

_ ju=x?
v/=sinhax |v = L":‘ 2 a

/x2 sin ax dx

_ [u:x2

v/=sin ax

/

u'= 2x }:—XQCOSEX—FZ/XCOSQXdX

v= a a
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RiesSené priklady — 063, 064

/X2 sinh ax dx

o 2 _
u'=2x }:x COShaX*%/XCOShaXdX:{“ x

_ ju=x?
of=ctlhaz v = :osi; ax a v/= cosh ax

u'=1
v — sinhax
a

/x2 sin ax dx

:[u:x2 u'= 2x }:—XQCOSQX—FZ/XCOSQXdX :{u x

V/=sinax|v = —csx a a v/= cos ax

u'=1
v — sinax
a
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RiesSené priklady — 063, 064

/X2 sinh ax dx

_ ju=x?
v'= sinh ax

2 .
__x“coshax _ 2| xsinhax _ 1 i
=== a[ c a/smh axdx}

/xzsinaxdx
u'= 2x __xzcosax 2 _ [u=x
. }— =+ /xcosaxdx _{

_ Ju=x?
v/=sin ax a v/= cos ax

2 .
___ x“cosax 2 |xsinax _ 1 a
S +a{ 5 a/smaxdx}

v/= cosh ax

o 2 _
u xh }:x COShaX*g/XCOShaXdX:{“ x
v = cohax = z

u'=1
v — sinhax
a

/

u'=1
v — sinax
a
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RiesSené priklady — 063, 064

/X2 sinh ax dx

v/= cosh ax

o 2 _
u xh }:x COShaX*g/XCOShaXdX:{“ x
v = cohax = z

_ |u=x u=1
v'= sinh ax V= sm:dx

2 ; . 2 .
_ X coashax _ %|:><S|nahax _ %/smh axdx} __x“coshax _ 2 |:xsmha>< _ coshaX:|

a a a a-a
/x2 sin ax dx

u=x? u'= 2x x2 cos ax 2 u=x u=1
= =X S8 4 2 [x xdx =
[\/: sinax | v = @} a + a cosaxd {v’: @ser| v= %}
x2 cos ax 2 | xsin ax 1 2 x2 cos ax 2 | xsin ax — Cos ax
== + < — = [sinaxdx|=— + = =
a a a a a a a a-a
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RiesSené priklady — 063, 064

/X2 sinh ax dx = 2coshax

" 2 _
u'=2x }:x cosh ax Z/XCOShaXdX:{UiX

_ |u=x? u=1
v/=sinhax |v = L":‘ 2 a a v/=coshax | v = L‘:‘”

2 ; . 2 .
_ x“coshax _ 2 |:><S|nhax _ l/smh axdx} __x“coshax _ 2 |:xsmha>< _ coshaX:|
a a a a a a a a-a

" 2
:2coas3ha>< _ 2xs;r;hax 4+ X coashax + c, XGR, ceR.

. 2 -
/x2 sinax dx — =5

_{uzxz ’

=2 :—7X2C053X+2 xcosaxdx ="~
v/=sin ax

a a

u'=1
v — sinax
a

v= e v/= cos ax
_ x%cos ax 2 | xsin ax 1 2 d _ x’cosax 2 | xsin ax — COos ax
=— I < — < [sSinaxdx|=— 4 < =
a a a a a a a a-a

" 2
:2c2§ax 4 2xsalgax _ X cgsax +oc, XER, ceR.
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /><7 sin ax dx = (a+Bx+7x?) sin ax+ (§+1x+¢x?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

{Rieéenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, 9, ¢}
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[04-0-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [[3—5a+2vx—1/)ax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2]cos ax.

Riesenie 6 rovnic so Siestimi nezndmymi «, 3,7, 9, 9, ¢}

OZﬂ—(Sa, 0:2’}/—’¢a, 1:—(103 pre sin ax,
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x2]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+w+ﬂax+2<px+’yaxz] oS ax.
Riegenie 6 rovnic so diestimi neznamymi a, 8,7, 3,1, ¢

0=ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/}, 0263"‘2@, 0='ya pre cos ax
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 02584‘2@, 0='ya pre cos ax
_0
= ’Y—;,
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /><7 sin ax dx = (a+Bx+7x?) sin ax+ (§+1x+¢x?) cos ax+c

x2sin ax= [(B+2vx) sin ax+ (a+Bx+7yx?)a cos ax|

+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0 ﬂ (53 0 2’}/ wa 1——Q08 pre sin ax, 0 aa—H/) 0 Ba—|—2go, 0 7Ya pre cos ax
= v=2 y= 7

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66 67-68 69 70

RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/}, 02584‘2@, 0:’)/3 pre cos ax
—0 =2 =%
:fy_a’ =T ==
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, 1:—(103 pre sin ax, Ozaa+1/), 02584‘2@, 0:’)/3 pre cos ax
0 =21 f=—¥ ,H,—1
= y=5. %=, a==%, p==,
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 0263"‘2@, 0:’)/3 pre cos ax
0 2 1 2
= 7= :j’y, 04:%, ==z Bzfiy
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
Ozﬂ—(sa, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 02534‘2@, 0:’)/3 pre cos ax
-0 p—2n ,_% 1 2 s5_8
= 1= ¥=5.a=25, 0= =25, 0=5
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
02ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 02534‘2@, 0:’)/3 pre cos ax
2 2
B N X

= v=0, $=0, a=0,
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RieSené priklady — 064

52:/x2sinaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 02584‘2@, 0:’)/3 pre cos ax
2 2
S =0 Y= a= 3, = p=te 5=b
= 7=0,¢=0,a=0,¢=-1,8=3,6=23.
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RieSené priklady — 064

a

S = /X2 sin ax dx = 2€03ax 4 2xsinax _ x’cosax aeR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

So=(a+Bx+7x?) sin ax+(5+1x+px?) cos ax+c

A 2
:2xsa|£13x_|_2c3§ax_x c:sax+c' XER, ceR.

{Denvéoa rovnosti /x’sm ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x?sin ax = [(B+27x) sin ax+ (a4 Bx+yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+1-x?]sin ax+ [0+0-x+0-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
02ﬂ—§a, 022"/—’(/18, 1:—Q08 pre sin ax, Ozaa+1/), 02534‘2@, 0:’)/3 pre cos ax
2 2
= fy:gr :?’Yra:%'@:%a’ﬂzjﬁ’ézg

= ’Y:O, 1/1:0, O[:O’ @:—%' ﬂ:%v 5:;
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Riesené priklady — 065, 066

/X2 cosh ax dx

61 62 63-64 64 65-66 66 67-68 69 70

/x2 cos ax dx
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Riesené priklady — 065, 066

/X2 cosh ax dx

_ |u=x? u'=2x
v/=coshax |v = 7“‘”"7‘”

/X2 cos ax dx
__|u x2 W= 2x
v/= cos ax v:%
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Riesené priklady — 065, 066

/X2 cosh ax dx

_ ju=x?
v'= cosh ax

" 2 .
=2 }Z*X e g/xsmh ax dx
\ s S 5

2 i
u'=2x }:x sin ax _g/xsmaxdx
v= e a a

_ o=
v/= cos ax
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Riesené priklady — 065, 066

/X2 cosh ax dx

_ ju=x?
v'= cosh ax

v/= sinh ax

" 2 . _
=2 }:M—g/xsmhaxdx:{“ *
\ s B 2

u'=1
v — coshax
a

2

u'=2x }:x smax_g/xsinaxdx :{u:x
v = snex a a

v/= sin ax

_ o=
v/= cos ax

u= 1
v — _cosax

a
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Riesené priklady — 065, 066

/X2 cosh ax dx

v/= sinh ax

" 2 . _
=2 }:M—g/xsmhaxdx:{“ X
\ s A S

u=x? u'=1
v'= cosh ax v= L’:"X

2 .
x“ sinh ax 2 | x cosh ax 1
= 2 -3 |: 3 — a/COSh ax dXi|

/x2 cos ax dx

:[u X2 u'=2x }:m_g/xsinaxdx :|:ll:X
v/= cos ax v:% 2 3

v/=sin ax
@ -
__x“sinax _ 2| _ xcosax 1
= a[ 2 +a/cosaxdx}

u= 1
v — _cosax

a
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Riesené priklady — 065, 066

/X2 cosh ax dx

v/= sinh ax

" 2 . _
=2 }:M—g/xsmhaxdx:{“ X
\ s A S

_ |u=x u'=1
v'= cosh ax v= L’:"X

2 2 g
_ X S|2hax _ i[xco:hax _ %/COSh axdx} _ x“sinhax _ 2 |:xcosh ax smhax}

a a a a-a

/x2 cos ax dx

/

2 i . =
u'=2x }:x S'”ax—g/xsmaxdx:{“ X
v = s B a

v/= sin ax

_ o=
v/= cos ax

u= 1
v — _cosax
a

2 2 . g
__x“sinax _ 2| _ xcosax 1 __x“sinax _ 2| _ xcosax sin ax
=xsh a[ = +a/cosaxdx}f { 4F }

a a a a-a
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Riesené priklady — 065, 066

! — 2 o ' . —
u'=2x }:M 2/x5|nhade:{” *

u=x? u'=1
v/=coshax|v = “‘”h% a a e Ccs:.ix

2 P .
__x“sinhax _ 2 |xcoshax _ 1 __x“sinhax _ 2| xcoshax _  sinhax
- a a|: a a/COShaXdX:|_ a a[ a a-a }

. 2 -
:25|2?ax _ 2xcg§hax 4+ X 5|2hax + c, XGR, ceR.

_ Ju=x?
- a

/ 2 a =
u'=2x }:x S'”ax—g/xsmaxdx:{“ X

u= 1

V= cosax |v = vi=sinax|v = -5

_ x2 sin ax 2 X COS ax 1 d _ x2 sin ax 2 X COS ax sin ax

=== —=f| —F—=—/= 4+ Jcosaxadx| =" — £| — /= ===
a a a a a a a a-a

A D _n
— 2S|r;ax 4 2xcozsax 4 X s;nax +c, XER, ceR.

a a
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{ Derivécia rovnosti /><7 cos ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c

x2 cos ax = [(B+2vx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

{Rieéenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, 9, ¢}
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [[3—5a+2vx—1/)ax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2]cos ax.

Riesenie 6 rovnic so Siestimi nezndmymi «, 3,7, 9, 9, ¢}

OZﬂ—(Sa, 0:2’}/—’¢a, 0:—(,03 pre sin ax,
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x2]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+w+ﬂax+2<px+’yaxz] oS ax.
Riegenie 6 rovnic so diestimi neznamymi a, 8,7, 3,1, ¢

0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/}, 0263-’—2@, 1:’)/3 pre cos ax
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/), 02584—2@, 1:’)/3 pre cos ax
= p=2,
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x’ cos ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.
Riegenie 6 rovnic so diestimi neznamymi a, 8,7, 3,1, ¢
0=p—0da, 0=2v—1)a, 0=—pa pesinax, 0=ca+1), 0=Fa+2p, 1=3a pre cosax
= o= 0 B= 2p

—a! —a’
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.
Riegenie 6 rovnic so diestimi neznamymi a, 8,7, 3,1, ¢

0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/}, 02584—2@, 1:’)/3 pre cos ax
= p=L,8=22 =15

a’ —a!’
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x’ cos ax dx = (a+Bx+7x2) sin ax+(5+1hx+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.
Riegenie 6 rovnic so diestimi neznamymi a, 8,7, 3,1, ¢
0=p—0da, 0=2y—1a, 0=—pa pesinax, 0=aa+1), 0=Fa+2p, 1 =22 pre cosax
= =2, =22, 6=2,9=1,

a’ —a!’
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/), 0263-’—2@, 1:’)/3 pre cos ax
_ 0 _20 s B . _1 _ 2y
= ==, B=%,0=5,v=3, V=,
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
Ozﬂ—(sa, 022"/—'(/13, OZ—QOB pre sin ax, Ozaa+1/), 02584—2@, 1:’)/3 pre cos ax
_ 0 2 s_B _1 4 2y _ ¥
= p=.=20=5, 7= ¢=F, a=5

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 066

sz/x2cosaxdx acR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

{Derlvéoa rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/), 02584—2@, 1:’)/3 pre cos ax
_ 0 _ 2 _B _1 _ 2 _
= p==3, f==5,0=5, 1=, 9=, a=5

= =0, =0, =0,
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Riesené priklady — 066

aeR, a#0

G :/x2 cos ax dx

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

Derivécia rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/), 02584—2@, 1:’)/3 pre cos ax
P

2 2
= 80:7031/8:%,6:6 ’y:%’ :?’y,a:—

a’ —a
1

= 80:0’ B:O’ 5:0' ’7:5x 7/):;, az—;.
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Riesené priklady — 066

sz/x%osade* x | x aeR, a#0

{Odhad rieSenia metédou neurcitych koeficientov}

G = (a+Bx+7x?) sin ax+ (5 +1x+px2) cos ax+c

A D g
:2xc‘;sax_2$|a|133x_~_x s;nax+c' XER, ceR.

Derivécia rovnosti /x?cosaxdx (a+Bx+7yx2) sin ax+(5+1x+px?) cos ax+c
x? cos ax = [(B+2yx) sin ax+ (a+Bx+7yx?)a cos ax|
+ [(¥+2¢x) cos ax — (6 +1x +px?)asin ax].
[040-x+0-x?]sin ax+ [0+0-x+1-x?] cos ax
= [ﬂ—5a+2vx—wax—<pax2]sin ax—+ [aa+¢+ﬁax+2gpx+’yax2] oS ax.

Riesenie 6 rovnic so Siestimi neznamymi «, 3,7, 9, v, ¢
0=ﬂ—§a, 022"/—’(/18, OZ—QOB pre sin ax, Ozaa+1/), 02584—2@, 1:’)/3 pre cos ax
0 g2 §_B _1 29 (¥
:(p_fa’ﬂ_fa’é_a”y_a’ =2 0=

= =0,8=0,0=0 =1 yv=3 a=—23.
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RieSené priklady — 067, 068

S, z/x” sin ax dx

61 62 63-64 64 65-66 66 67-68 69 70

neN, aeR, a#0

C, = /x" cos ax dx

neN, aeR, a#0
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RieSené priklady — 067, 068

Sn:/x”sinaxdx ”ENVBGR,a;A()
S — [lu=xt u'= nx"1
n_{‘//zsinax v= ¥}
_ [u=x g= 1
Sl_[V':S'\nax v= @}

neN, aeR, a#0

C _ [u=x" u'= nx"~1
n
v/=cosax | v = &
C _ [u=x u'=1
=
v/=cosax | v = L&
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RieSené priklady — 067, 068

Sn:/x”sinaxdx neN, aeR, a#0

_ [u=x" u'= nx""'] _ —x" cos ax n n—1
S,—, - {\/: sinax | v = — <2 } - a + a X Coi5 ek dX
G — [u=x u= 1 __ —Xcos ax+ cos ax dx
1 Vi=sinax|v = - a a

neN, aeR, a#0

’ n-1 n oo q
Cn: {u[ X u'= nx }:X sinax _ Q/Xn—]. S|naXdX
v/'= cos ax

v — sinax a a
a

u'=1 __ xsinax __ [sinaxdx
T sin ax - a a
e

a=[

v/= cos ax
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RieSené priklady — 067, 068

neN, aeR, a#0

_ Ju=x" u'= nx""17 _ —x"cosax n n—1 _ x" cos ax n
Sp= {V/:Sim Vo e }— 2 + 5 [x"" " cosaxdx = S L 3¢, 1,
u=x u= 1 —X COS ax cos ax dx xcosax | Gy X cosax | sin ax
S = = = — _—= €
1 [v’: sinax | v = — <% } a + &l & + 2 2 + +

XER, ceR.

a

C,,:/x"cosaxdx:ﬂf”S,, 1 neN, acR, a#0

v/= cos ax

/. n—1 n . n _:
u'= nx }:x sinax _ ﬂ/x"‘lslnaxdx _ Xx_sinax __ gsn_L
y = sinax 2 a a a

a a - a a a

sin ax

u=1 __ xsinax sin axdx __ xsin ax So __ xsinax | cosax
G=[1"" B S xsinex | cosax ¢

=

v/= cos ax

XER, ceR.
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Riesené priklady — 069

S3 :/x3 sin ax dx
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Riesené priklady — 069

S3 :/x3 sin ax dx

Pr.67
Pr.68

{Odhad rieSenia metédou

neurcitych koeficientov

- , .
‘/xsslnaxdx: e 4 %/chosaxdx

. X -
/><2cosa)<d><:L7""X 2/><s|na><d><}

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c
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Riesené priklady — 069

S3 :/x3 sin ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , .
‘/xsslnaxdx: e 4 %/chosaxdx

. X -
/><2cosa)<d><:L7""X %/xslnaxdx}

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67

- X 3
/xsslnaxdx: e 4 %/chosaxdx
Pr.68 | . : ;

2 2
/><2 cos ax dx = *—=12

{Odhad rieSenia metédou

neurcitych koeficientov

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.

{Rieéenie 4 rovnic so Styrmi neznamymi «, 3,7, fi}

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66 67-68 69 70

Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67

- X 3
/xsslnaxdx: e 4 %/chosaxdx
Pr.68 | . : ;

2 2
/><2 cos ax dx = *—=12

{Odhad rieSenia metédou

neurcitych koeficientov

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[040-x +1-x3]sin ax+ [040-x+0-x240-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(a+7)+(Ba+36)x?] cos ax.

Riesenie 4 rovnic so Styrmi neznamymi «, 3,7, fi}

022/8—")/3, 1=-6a pre sin ax,
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa — /X%m o= BO) o (e o:O)es axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[040-x+0-x2+1-x3]sin ax+[0 +0-x2 | cos ax
=[(28—~a)x—dax?]sin ax+ [(@a+7)+(Ba+36)x?] cos ax.
RieZenie 4 rovnic so &tyrmi nezndmymi a, 8, 7, &

0:2/8—’73, 1:—63 pre sin ax, O:aa—l-’y, 0:/334-35 pre cos ax.
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §
0:2/8—")/3, 1=-6a pre sin ax, Ozaa+’y, 0:ﬂ3+35 pre cos ax.
= §=1

—a!

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66 67-68 69 70

Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §
0:2/8—’73, 1:—63 pre sin ax, Ozaa+’y, 0:/334-35 pre cos ax.
= j=21,8=2%2

—a
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §
022/8—")/3, 1:—63 pre sin ax, Ozaa+’y, 0:ﬂ3+35 pre cos ax.
_ 1 __ 36 _ 2B
= d==, =25, 7=,
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §
0:2/8—’73, 1:—63 pre sin ax, O:aa—l-’y, 0:ﬂ3+35 pre cos ax.
_ 1 _ 3 _ 28 _
= 6==;, =25, 7y=F,a==;
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Riesené priklady — 069

53:/x3sinaxdx acR, a#0

%/xsinaxdx }

Pr.67
Pr.68

{Odhad rieSenia metédou

L X 5
. - /xsslnaxdx: e 4 %/chosaxdx
neurcitych koeficientov ¢ : ;

2 2
/><2 cos ax dx = *—=12

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.

Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §

0:2/8—’73, 1:—63 pre sin ax, Ozaa+’y, 0:ﬂ3+35 pre cos ax.

_ 1 _ 30 _2pB . —_1 3 _ 6 __ 6
=> ==, =5, 7=5.a=F = d=—3, =%, 7=3, a=—5.

—a a’
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Riesené priklady — 069

S3 :/x3sin axdx =

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , .
‘/xsslnaxdx: e 4 %/chosaxdx

. X -
/><2cosa)<d><:L7""X %/xslnaxdx}

S3=(a+Bx?) sin ax+(yx+x3) cos ax+c

—_ _6erlax+3x2§iznax+6xc;5ax_x3czsax+cv XER, ceR.

{Denva’oa rovnosti /><3 sin ax dx = (+Bx?) sin ax+ (yx+06x3) cos axfc}
x3sin ax = [23x sin ax+ (a+3x?)a cos ax]|
+ [(y+36x?) cos ax — (yx+6x3)asin ax].
[04-0-x+0-x2+1-x3]sin ax+ [040-x+0-x2+0-x3] cos ax
=[(28—~a)x—dax?]sin ax+ [(va+7)+(Ba+36)x?] cos ax.
Riesenie 4 rovnic so $tyrmi nezndmymi a, 3,7, §
0:2/8—’73, 1:—63 pre sin ax, Ozaa+’y, 0:ﬂ3+35 pre cos ax.
_ 1 __ 36 _28 _ __1 _ 3 _ 6 __ 6
= 0==3 =2, y=Fa=2 = d=—3, =5 7=3, a=—4.
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mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

61 61 62 63-64 64 65-66 66

Riesené priklady — 070

3 cos ax dx
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Riesené priklady — 070

cos ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c
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Riesené priklady — 070

3 cos ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /><3 cos ax dx = (ax+Bx3) sin ax+(y+0x?) cos axfc}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
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Riesené priklady — 070

C3:/3cosaxdx acER, a#0

Pr.67
Pr.68

{Odhad rieSenia metédou

f e 3
. . /><3ccvsa><d><zx"7”x
neurcitych koeficientov ¢ °

%/Xzsin ax dx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
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Riesené priklady — 070

G :/ 3 cos ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.

{Rieéenie 4 rovnic so Styrmi neznamymi «, 3,7, fi}

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 070

G :/ 3 cos ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /><3 cos ax dx = (ax+Bx3) sin ax+(y+0x?) cos axfc}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
0 +0-x2 Jsin ax+ [04-0-x+0-x2+1-x3] cos ax
=[(a—~a)+(38—0a)x?]sin ax+ [(a+28)x+Bax®] cos ax.

{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §

O:OZ—'YQ, 0:3/8—63 pre sin ax,
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Riesené priklady — 070

G :/ 3 cos ax dx

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /><3 cos ax dx = (ax+Bx3) sin ax+(y+0x?) cos axfc}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x40-x240-x3]sin ax+ [0 +0-x +1-x3] cos ax
= [(a—~a)+(38—da)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §

OZO[—'YQ, 0:3/8—63 pre sin ax, 02()43—0—25, ].:,63 pre cos ax.
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Riesené priklady — 070

C3:/3cosaxdx acER, a#0

Pr.67
Pr.68

{Odhad rieSenia metédou

f e 3
. . /><3ccvsa><d><zx"7”x
neurcitych koeficientov ¢ °

%/Xzsin ax dx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §
OZO[—’YQ, 0:36—63 pre sin ax, 02053+26, ].:,63 pre cos ax.
1
= B=3,
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Riesené priklady — 070

aeR, a#0

Pr.67
Pr.68

{Odhad rieSenia metédou

- , -
. . /><3ccvsa><d><zx"7”x %/xzsmaxdx
neurcitych koeficientov ¢ ° =

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §
OZO[—'YQ, 0:3/8—63 pre sin ax, OZOCQ+26, ].:,83 pre cos ax.
_1 5_38
= fB=3 0=,
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Riesené priklady — 070

cos ax dx aeR, a#0

Pr.67

f e 3
/><3 cos ax dx = >
Pr.68 | . ?

%/Xzsin ax dx

{Odhad rieSenia metédou

neurcitych koeficientov

/xzsinaxdx: X cosax | %/xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §
OZO[—'YQ, 0:3/8—63 pre sin ax, 02()43—0—25, ].:,83 pre cos ax.
_1 5_ 38 _ 25
= ﬁ—;, (S—?, o=

—aV
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Riesené priklady — 070

cos ax dx aeR, a#0

Pr.67

f e 3
/><3 cos ax dx = >
Pr.68 | . ?

%/Xzsin ax dx

{Odhad rieSenia metédou

neurcitych koeficientov

/xzsinaxdx: X cosax | %/xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §
O:OZ—’YQ, 0:36—63 pre sin ax, 02053+26, 1:,83 pre cos ax.
_1 _ 38 __ 25 _ o«
= p=5 0= 0=, 7=73
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Riesené priklady — 070

3 cos ax dx acER, a#0

Pr.67
Pr.68

{Odhad rieSenia metédou

- , -
. . /><3ccvsa><d><zx"7”x %/xzsmaxdx
neurcitych koeficientov ¢ ° =

/xzsinaxdx: X cosax | %/xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.

{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §

OZO[—’YQ, 0:36—63 pre sin ax, 02053+26, 1:,83 pre cos ax.

1 8 26 1 8 6 6
—N ﬂ:;é:?ﬁva:ja,/y:g = 6:5v6:?'a:—;,’}/:—?

a
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Riesené priklady — 070

C3:/ 3cosaxdx =

Pr.67

Odhad riesenia metédou
Pr.68

neurcitych koeficientov

- , -
‘/xscosaxdx:% %/xzsmaxdx

/xzsinaxdx: X cosax | %/Xcosaxdx}

Gz = (ax+Bx3)sin ax+(y+9x?) cos ax+c
8

. . 2
—_ _6><::|;1ax+x s;nax_6ct:iax_’_3x ngax_’_cv XER, ceR.

{Denva’oa rovnosti /x%osaxdx (ax+Bx3)sin ax+(<7/$x7)cosax76}
x3 cos ax = [(a+38x?) sin ax+ (ax+3x>)a cos ax]|
+ [20x cos ax — (y+6x?)asin ax].
[04-0-x+0-x240-x3]sin ax+ [040-x+0-x2+1-x3] cos ax
= [(a—~a)+(38—0a)x?]sin ax+ [(va+28)x+Bax®] cos ax.
{Rieéenie 4 rovnic so Styrmi neznamymi a, 3,7, §
OZO[—’YQ, 0:36—63 pre sin ax, 02053+26, 1:,83 pre cos ax.
= ﬁ:%véz%va:%,’y:g = B:%, (5:%,0{2—%,’}/:—£

a
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Subst. t=1+21, sinxe(0;1) | x€(0+2km; 7+2kn), ke Z x € (042km; 5+2km) O<cosx7\1(112)

sinx’ R0 t
R S 1 ore(200) |si . T _ —d -1 __ -d (2
. sinx=7=(t—1)7%, t€(2;00) |sinx€(=1;0) = 1+ 5 <0 dx—ﬁ;- :(tiz)fw,t-\(lx)
cosxdx=—(t—1)"2dt = (:’132 = dx:ﬁ»ﬁ, cosx#0 X € (5 +2km; m+2km) 0>cosx:—w
2 2 1 (=11 _ £2-2et1-1 _ d (2 00
cos’ x=1—sin’ x=1— (=" = ey —W, te(2; )
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Subst. t=1+-1, sinxe(0;1) | x€(0+2km; m+2km), ke Z x €(042km; 542km): 0<cosx= ‘/@
. sinx=2;=(t—1)"%, t€(2;00) |sinxe(—-1;0) = 1+ <0 dX:([j’)g-ﬁ:ﬁv tE(2;00)

cosxdx=—(t—1)"2dt = <ff’1§z = dxzﬁ’ﬁv cos x#0 X € (5 +2km; m+2km) 0>C°5XZ’\/Z(j;2)

cos2 X —1—sin? x = 11)\ (t[L]);V] tl(zm% dx ﬁ% (rm“ﬁ te(2;00)

—/tdt

x€(0+2km; T+2kn), keZ | — (tfl)\/fm

Vidt

x€(5+2km;m+2kr), keZ | = (t—l)\/fm
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—
Subst. t=1+-1, sinxe(0;1) | x€(0+2km; m+2km), ke Z x € (0+2km; 5 +2km) 0<cosx=Y=2
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Riesené priklady — 085, 086

/XX(In x+1)dx = x*+c¢

x /— (elnx)’ xInx )/ x In x x x
Inx+% | 1
— |u=x u'= (e .).(S ) ev (Inx+%) = x*(Inx+1) :XX+C,X€(O;OO),C€R.
V'=Inx+1|v=... nie je nutné, pretoze u’ = [x*]' = x*(Inx+1)
_ [Subst. t=x*|dt=x*(Inx+1)dx|x* ma min pre x=1, t. j. Inx+1=0|x€(0; %)
(xx) (e‘”v)/ (e<"x)" = e X(Inx+%) = x*(Inx+1) | t€( :

=t+c=x*+c, x€(0; ), ceR.

_ u=1In?x
V= x

I_ 2Inx 2.2 =
! f}:ﬂ%—/xlnxdx:y "
v=72% v'=x

22 2 22 2 2
_x"In"x _ |x“Inx _ [xdx|_x"In"x _ x“Inx x° 5
) [ 2 /2}— 2 > + % +c¢, xe(0;00), cER.

o= 1

X
_ %
V=3
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/In(1+x+m)dx
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x

|

[In (L)} + (1)}

VIex—vVIEx I=x—VI¥x 1

)’

VIXHVIF VI—x—VITx 2\/1-x2

 1(1—x)? VItx+VI—x VItx
1—x—2vT—xv/Tx+14x 2-2y/1-x2 V1-x2-1
[(1—x)—(14x)]-2¢/1—x2 —2x2y/1-x2  2x\/1-2
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’ 2x 2
=g 2 _ [ 2x“dx
v ]—Xln(x +1) /XZJr1

[In(\/l ><+y17><ﬂ, [\n((lfx)%f(lfx)iﬂ %(“X)% 2

2/TExy
(14x) 2 +(1—x)% VItx+VI—x VItx+v/1I—x

VI—x—/TFx 1 VI—x—VTEx  V/I—x—TFx 1 1—x—2v/T—x/Tix+1+x 22/l XE VAE L

VItx+VI—x 2V/T+xv/I—x VI—xAHVIFx VI—x=VITx 2,/1-x2 [(1—x)—(14x)]-2¢/1—x2 —2x2y/1-x2 2xy/1-x2
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“i:ﬁ] =xIn(x>+1) —/2;21:‘; =xIn(x3+1) — 2/7)(2;{i11 dx

’ ’ 1 11/ 2 1 2 =
[In (VI+x+vI=x)] = [In ((1+x)2 + (1-x)2)] ok} VI Vit yi=x
T 1 Lx 2y TRy T dex _ 2-2/1x _ /121
1) —(1H)12y/1-2  —2x2¢/1-¢  2xy/1-x2

VA x\gux'\m X \/ux'z\/l 2 I

arcs2inx +oc, Xe(_]_;O)U(O;]_), ceR.
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:{u:m(%q)

V=X

=xIn (x +1 /der/Xzzin

-] (1) - (2 —xin(241) - 2415t

V1 x\gux'\m x \/ux'z\/l 2 a-

VITxtvVI—x
2-2\/1-x2

—2x:2y/1-x2

(14x) 2 +(1—x)2
1 1—x—2vT—xv/Tx+14x
x)—(1+x)]-2/1—x2

V1-x2-1

2xy/1-x2

arcs2inx +oc, Xe(_]_;O)U(O;]_), ceR.
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/In(x2+l)dx = xIn(x?4+1)—2x+2arctg x+c
] xIn(x2+1) — /ifflx:xln(ﬁ—l—l)—2/XXJ{i11dx

=xIn (x +1 /der/Xzzjf‘l—xln

{u:\ n (x24 1)

(x2+1)—2x+2arctgx+c, xER, cER.

2-21/1

. /
v /I—x—1+x 1 1—x—2vT—xv/Tx+14x
2 [(1—x)—(14x)]-2/1—x

(-1;0)U(0; 1), ceR.

—2x:2y/1-x2
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/| (x+VX2+1) dx
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/| (x+VX2+1) dx

" 1h—x VT
—Inl 221) | o= L2V = ) TR x| T Vit _ 1
u=In(x+vx>+1) | v'= [In (x + (x*+1)2)] = e e s s
vi=1 vV=2x

:/[x(xz—ax—bx+ab] dx
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/| (x+VX2+1) dx

2 4 1+ —2— VR —A—
_ ( 777 | o= L (2 i~/,1%(x\1)"2x7 Vor Vo2 _
= |[u=In(x+VvXx2+1) [In(x (E+1)z ] - x+v/x2+1 Tox+VXEL T xR

vi=1

=xIn (X—|—\/X2 ) \/Xx‘zjix

V=X

:/[x(x2—ax—bx—|—ab] dX:/[X3—(a—|—b)x2—|—abx] dx
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Lﬁn@+¢?1ﬂdx

S, . 1,241y~ e CEm .
= | u=In (e+v5TD) = [In (x + (R1)3)) = D 2 T
vi=1 V=x
dX Subst. t=x2+1|x€(—00;0) | x € (0; 00)
=xIn (x+vx2+1)— | X2 ‘ i
+ Vx2+ dt=2xdx |te(l;00) |te(l;00)

[xtx=a)x=b)de = 5 - 202 o

:/[x(x2—ax—bx—|—ab] dX:/[X3—(a—|—b)x2—|—abx] dx

:XT"_(E’“’) +2% ¢ x€R, ceR.
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/| (x+VX2+1) dx

= |20V | = [in (a0 = ST = e = =l =
vi=1 =
dX Subst. t=x2+1|x€(—00;0) | x € (0; 00)
=xIn (x+vx2+ ) —Xox : i
+ Vx2+ dt=2xdx |te(l;00) |te(l;00)

=xIn (x—i—\/x2 )—— ——Xln (x—l—\/x2 ) ;/t_%dt

/X(Xfa)(xfb)dx .

:/[x(x2—ax—bx—|—ab] dX:/[X3—(a—|—b)x2—|—abx] dx

:XT"_(E’“’) +2% ¢ x€R, ceR.
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/| (x+VX2+1) dx

u=In (X v/ x24 1)
vi=1

Vo1
T ox+VXEHL T x VXA
_ xdx __ [Subst. t=x2+1

x2+1 dt=2xdx

)
el m)_%/T—Xm(H\/T) ;/r—%dt
)

x € (—00;0)
te(l; 00)

x €(0; 00)
te(l; 00)

:/[x(x2—ax—bx—|—ab] dX:/[X3—(a—|—b)x2—|—abx] dx

—X{—(a“’) +2% ¢ x€R, ceR.
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/In(x—|—x2+1)dx:.\'|n(x\\xz)1) Vx2+1+c

ot [ = [ e et
—xIn (x+ x2+1>—1/7—xln<x+¢r> /t—%dt
2

A 3 3
* (atb)x® | abx
— 7 7#+%+C

:/[x(x2—ax—bx—|—ab] dX:/[X3—(a—|—b)x2—|—abx] dx

—X{—(a“’) +2% ¢ x€R, ceR.
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{ Neur¢ity integral na intervale tvoria spojité primitivne funkcie.
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X+

o= gx‘—f—c, x€(0;00), ceR.

= %+C:¥+C:%+C, x€(—00;0), ceR.

{ Neur¢ity integral na intervale tvoria spojité primitivne funkcie. ~ Aby uvedené funkcie tvorili neuréity integral danej funkcie,

musia byt spojité na celom (0; ), t. j. aj v bode x=1.
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RieSené priklady — 091, 092

X+

o= gx‘—f—c, x€(0;00), ceR.

= %+C:¥+C:%+C, x€(—00;0), ceR.

/ min ){1,%}dx = x+C pre XE(0; 1), resp. 1+Inx+c pre xE(1; 00).

x€(0;00

:/dx:x+c =x+c, x€(0;1), ceR.

{ Neur¢ity integral na intervale tvoria spojité primitivne funkcie. ~ Aby uvedené funkcie tvorili neuréity integral danej funkcie,

:/d%: Inx+c; = 1+Inx+c, x€(l;0), ¢, ER.

musia byt spojité na celom (0; ), t. j. aj v bode x=1. = Musi platit 1+c=In1+c; pre vietky c,ci€R, t. j. o =1+c.
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X

XER
te(0; 00)

Il
o @

t

__ | Subst. t
x=Int, dx=

xeR
te(0; )

{Subst. =

x
x=Int, dx:‘%
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XER
te(0; 00)

_ {Subst. =

_ dt dt
= [t(5+4t) — [4t2+5t

x
x=Int, dx:d—t’

__ | Subst. t=e*|xeER _ dt _ 4dt
T | x=Int, dx=%|te(000) | [ tv/B+at [ 4t\/5+4t
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XER
te(0; 00)

_ {Subst. =

_f_de [ de _1f_de _1 dt
t(5+4t) 4245t — 4 [ 2438 T 4 [ £242.3L4(3)2(2)2

x
x=Int, dx:d—t’

_ | Subst. t=e*|xER _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | tc(0; )
x=Int, dx=19 |te(0; 0) tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)
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t=e*|xeR

_ {Subst.

x
x=Int, dx:d—t’

_1 dt
+f TP

te(0;

dt dt

[ dt 1 dt 1
t(5+4t) — [4t245t 4| 2455 T 4 [ 242.5E4(5)2(3)2

0)

__ | Subst. t=eX|xeR
x=Int, dx:‘% te(0;

— 2udu

— [ (v*—5)u

_ dt 4dt  __ |Subst. u=\5+4t=1/5+4e|te(0;00)
o0) t\/5+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)
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Sl R N E dt [ dt 1 [ dt _ 1 dt
_l/#_ Subst. u:t+% te(0; o)
& (t+%)2_(g)2 a { du=dt u?(%x)}

— —_ dt — 4dt _ Subst. u=+/5+4t=1/5+4ex | te(0;00)
x=Int, dx=19 |te(0; 0) tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)
_ [ 2udu __ [2du

[ (v*—5)u " | u?-5
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_ [Subst. t=e|xeR _ dt dt  _ 1 dt 1 dt
x=Int, dx=4 | te(0;00) t(5+4t) 4245t — 4 [ 2438 T 4 [ £242.3L4(3)2(2)2
_ 1 dt _ Subst. u=t+ % te(0;0) _ 1 du
4 (t+%)2—(g)2 du=dt | u€(3;00) 4 uz—(g)2

— ¢ _ dt —_ 4dt _ Subst. u=+/5+4t=1/5+4ex | te(0;00)
x=Int, dx=19 |te(0; 0) tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

_ 2udu  __ [2du __ 2 In
[ (u?=5)u " [u’P=5 " 2\/5

u—v5
u+\/§|+c
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| Subst. t=eX|xeR . dt . dt 71 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) 1 dve 1 1 In = +C

4 (77 du=dt|ue(300) | &) =GP 4°2F Tury !

_ | Subst. t=e*|xeR _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | te(0; 0)
=Int, dx="2|t€(0;00 tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

)
_ 2udu  __ [2du __ 2 In
[ (w*=5)u — | u®=5 " 25

|+c_—ln’ vF”“‘ex_‘/g‘—t-c, xE€R, ceR.

u+\f V5+4e<++/5
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_ [Subst.  t=e|xeR _ dt dt 71 dt 1 dt
x=Int, dx=9% | te(0; c0) t(5-+4t) 4245t — 4 [ 243 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) 1 dve 1 1 In = +C
4 (77 du=dt|ue(300) | &) =GP 4°2F Tury !
_lyatt3—3
_5|nt+g+g +c

_ | Subst. t=e*|xeR _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | te(0; 0)
=Int, dx="2|t€(0;00 tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

)
_ 2udu  __ [2du __ 2 In
[ (w*=5)u — | u®=5 " 25

|+c_—ln’ vF”“‘ex_‘/g‘—t-c, xE€R, ceR.

u+\f V5+4e<++/5
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_ [Subst.  t=e|xeR _ dt dt 71 dt 1 dt
x=Int, dx=4 | t(0; 00) t(5-+4t) 4245t — 4 [ 243 T 4 t2+2-3+(5)2—(§)2
:l dt _ Subst. u:t}% te(0;0) :l du :l 1 I u— +C
4 (77 du=dt|ue(300) | &) =GP 4°2F Tury !
1t Lt
_5Int+%+5+cl—5|nt+%—|—c1

_ | Subst. t=e*|xeR _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | te(0; 0)
=Int, dx="2|t€(0;00 tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

)
_ 2udu  __ [2du __ 2 In
[ (w*=5)u — | u®=5 " 25

|+c_—ln’ vF”“‘ex_‘/g‘—t-c, xE€R, ceR.
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_ [Subst.  t=e|xeR _ dt dt 71 dt 1 dt
x=Int, dx=4 | t(0; 00) t(5-+4t) 4245t — 4 [ 243 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) :l du :l 1 In u— +C
4 (t+3)—(3)2 du=dt|ue(Si00) | 4[] w2—(3)2 4 23 Vugz ' 1
N ik TIPS | 1
_5Int+%+%+q—5ln =+c1 = In4t+5—|—c1

_ | Subst. t=e*|xeR _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | te(0; 0)
=Int, dx="2|t€(0;00 tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

)
_ 2udu  __ [2du __ 2 In
[ (w*=5)u — | u®=5 " 25

|+c_—ln’ vF”“‘ex_‘/g‘—t-c, xE€R, ceR.

u+\f V5+4e<++/5

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

_ Subst. t=e|xeR — dt — dt :l dt :l dt
x=Int, dx=4 | t(0; 00) t(5-+4t) 48245t~ 4 [ 245 T 4 t2+2.2+(5)27(g)2
:l dt _ Subst. u:t}% te(0;0) :l du :l 1 I u— +C
4 (t+%)2—(g)2 du=dt | u€(3;00) 4 u2— %)2 4 2. g U+5 1
T o et TIPS | 1 n4 It 1
_5|nt+%+%+q—5ln s+c = In4t+5—|—c1 e+ 5 — 5 In(4t+5)+c

_ | Subst. t=e*|xeR _ dt _ 4dt __ | Subst. u=+/5+4t=/5+4¢ex | te(0; 0)
=Int, dx="2|t€(0;00 tv/b+4t 4t/5+4t w?=5+4t, 2udu=4dt|ue (/5 00)

)
_ 2udu  __ [2du __ 2 In
[ (w*=5)u — | u®=5 " 25

|+c_—ln’ vF”“‘ex_‘/g‘—t-c, xE€R, ceR.

u+\f V5+4e<++/5

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

_ Subst. t=e|xeR — dt — dt :l dt :l dt
x=Int, dx=9% | te(0; c0) t(5-+4t) 48245t~ 4 [ 245 T 4 t2+2.2+(5)27(g)2
_1 dt _ | Subst. u=t+3[te(0;00) | _ 1 du 1 1 [P —|—C
4 (t+%)2—(g)2 du=dt | u€(3;00) 4 u2— %)2 4 2% U+5 1
_ 1 ttE—3 1yt 1 In4 y Int 1
_5|nt+%+%+cl—5lnt+%+c1 In4t+5—|—c1 e+ 5 — 5 In(4t+5)+c
:[c—u{qc R,CNR:|

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- .v 7er ) ; )
/( o 7/“2—522\/5'

V5+4e—/5
V5+4e<++/5

u+\[ ‘+C,XER,C€R.

|+c——ln’

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91 91-92 93-94 94 95 96 96 97-98 99 100

RiesSené priklady — 093, 094

| Subst. t=eX|xeR . dt _ dt _1 dt 1 dt
T | x=Int, dx=9|te(0;00) |~ [ t(5+4t) T [4t24+5t T 4| 2438 T 4 t2+2-3+(5)2—(§)2
_1 dt __ | Subst. u=t+3|te(0; 00) _ 1 du _1 1 In = +C

4 1523 du=dt | ue (3;00) (3 423 e T
_ il = 1.t 1 In4 Int

5'”t+g+g+cl 5Int+%—|—c1 In4t+5—|—c1 In(4t+5)+c1
:[c:‘"TA{Cl,CCR,qCR}:é—%|n(4e +5)+C,X€R, CER

4dt _ {Subst u=+/5+4t=+/5+4ex | te(0;00) }

_ dt
7/t\/5+4t7 At\/5+4t u?=5+4t, 2udu=4dt ue(\/g; x)

- 3 7er ; )
/( o 7/“2—522\/5'

5[ e gy | T
U+\f VE+de+/5

‘+c, XER, ceR.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

xXeR

_ | Subst. t
te(0; 0)

x=Int, dx

_ dt
_/t\/5+4t

ex
dt
t

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

xXeR

_ | Subst. t
te(0; 0)

x=Int, dx

0]

_ [ __dt  __ [Subst. u?’=4t
t\/5+4t 2udu=4dt

ex
dt
t

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

xXeR

_ | Subst. t
te(0; 0)

x=Int, dx

tC(O‘x)]: quu
ue(0;00) AV

_|__dt  __ [Subst. s’=4t
t\/5+4t 2udu=4dt

ex
dt
t

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

x€R
te(0; 0)

_ {Subst. t

x=Int, dx

tC(O‘x)}: ¢ [ _2du
ue(0;00) % 5+ u2 uv5+u2

_|__dt  __ [Subst. s’=4t
t\/5+4t 2udu=4dt

ex
dt
t

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

__ | Subst. t=e*|xeR dt __ [Subst. u?’=4t|te(0;00) ] __ quu _ 2du
x=Int, dx=4|te(0;00) t\/b+4t 2udu=4dt | ue(0; ) % 5412 uv/5+u?
_ Subst. V=i' u i v 1| V5+u? \,'5+% VVSVVA’I ue(0; 00)
du=—v-2dv=—% ve(0; 00)

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

__ | Subst. t=e*|xeR dt __ [Subst. u?=4t | te(0;00) quu _ 2du
x=Int, dx=4|te(0;00) t\/b+4t 2udu=4dt | ue(0; ) U42 5+u2 u/5+u?
_ Subst. v i u i v 1| V5+u? \,'5+% % ue(0; 00)
du:7v’2dv:7% vE(0;00) 5V2+

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98

RieSené priklady — 094

99 100

_ | Subst. t=e*|xeR _ dt __ [Subst. u®=4t|te (0 00) quu _ 2du
x=Int, dx d{ t€(0; 00) tv/5+4t 2udu=4dt | ue(0; ) 2 u /5 u/5+u?
_ Subst. v=1, u=1=v=1|\5+u? \,'5+% % ue(0; 00) _ Zdv —2dv
du=—v2dv=—9 ve(0; 00) 1V 5V2+ \/5‘/2""1

v

beerb@frcatel.fri

niza.sk



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

_ | Subst. t=e*|xeR _ dt __ [Subst. u?=4t|te(0;00)] __ quu _ 2du
x=Int, dx=4|te(0;00) t\/5+4t { 2udu=4dt uL’(O‘x)] %\/54,”2 uv/5+u?

VB = [543 = Yo

u

|:Subst.v Loy % v1

du=—v2dv=—9
v

_ 2dv
ue(0ieo) | [ —5F [ —2dv
ve(0: 50) 1 V5241 V5v2+1
v v

__ 2 241
V5) e Fhn v +viEed]+a

__ 2 dv 2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

_ | Subst. t=e*|xeR _ dt __ [Subst. u?=4t|te(0;00)] __ quu _ 2du
x=Int, dx=4|te(0;00) t\/b+4t { 2udu=4dt uL’(O‘x)] %«/54»”2 uV/5+u?

__ | Subst. v Lou=1=v1| V5412 \,'5+% % ue(0; 00) —% _ —2dv
du=—v2dv=—-% | ViZ+1= [ +1=Y2 | ve(0;00) 1V/5241 VBv2+1
% / V5u B v

_ 2 [_dv __ 2 2,1 —_ 2 1, V5412
v yoeie \/gln[v—i— v+5}+cl In[u—f—

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96

RieSené priklady — 094

97-98 99 100

__ | Subst. t=e*|xeR _ dt {Subst. =4t tC(O‘x)]_ quu _ 2du
x=Int, dx=4|te(0;00) t\/b+4t 2udu=4dt | ue(0; ) %\/54,”2 uv/5+u?
_ Subst. v=1, y=2=y-1|/5+12 \,'5+% Vysvviifl ue(0; 00) —% _ —2dv
du=—v=2dv=—3¢ |/ \2+1=,/L 15t ve(0; 00) 1 V/5v241 V5v2+1
v 5-VuiTs V5u =S v v
2 dv _ 2 [ 2,1 _ 2 1 5+ u?
——F=|—F7———=——F1In |V 4 = ag=—==In|= C
Py N V| IR TN TR T
— 2 |y VB2
= — = ||y M2E2EEE
\[ 5w +C1

5 V5

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98

RieSené priklady — 094

99 100

__ | Subst.  t=e*|xeR dt __ [Subst. u>=4t | te (0 o) quu 2du
x=Int, dx=4|te(0;00) t\/b+4t { 2udu=4dt | ue(0; x)] %\/54,”2 u/5+u?

VB = [543 = Yo

Subst. v=1, y=1=y-1
— u v
du=— ’de*fd

ve@o)] _ [ =2 [ a4y
dv \/@:\/'Q:% ve(o)|  J 12 T [VEV24L
2 4 2 2 n (1, v6r2
V5| Tt \/gln [v+ }—}—cl \/gln {u—i— eu }—kcl
fln f*fv RAESVCEST ———In (VB+VBs+u?) + % Inv/5 + % Inu+c

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

__ | Subst.  t=e*|xeR _ dt __ [Subst. u>=4t | te (0 o) quu 2du
T | x=Int, dx 4t | te(0;00) = [ t5+4r { 2udu=4dt | ue(0; x)] - UAZ\/5+U2 | un/Br2
| Subst. v Lou=1=v1| V5412 \'5+i @ ue(0;00) | _ —% _ —2dv
- du=—v-2dv=—=¢ | \ V2v77\, L+i= v:>5\“u ve(0;00) - %\/5\;244 V5Ev2+1
__ 2 dv. _ 2 2 1, V542
=~/ 7aT \/gln [v—i— }—}—Cl \/gln {u—f— o }—i—cl
2
ZIn RESVET ——— = In (VB+vs+u?) + ZInvB+ Zlnu+tcq
V5u V5 V5

7——In (VB+V5+u2) + '"5 ":/“g +a

beerb@frcatel.fri.

iza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

RieSené priklady — 094

/

91-92 93-94 94 95 96 96 97-98 99 100

_ | Subst. t=e|xeR Subst. u?=4t | t€(0; 00) quu _ 2du
T x=Int, dx=4 L | te(0;00) t\/5+4 { 2udu=4dt (O‘X):| %«/54»”2_ uv/5+u?
__ | Subst. v % u=1=v71|V5+u? \,'5+% M ue(0;00) | _ —% _ —2dv
a du=—v-2dv=—% \/Tv%:\,'l%Jr% fg ve(0;00) a % 5‘;2+1 T VEvAHL
__ 2 dv __ 2 2 1, V542
=G| In [v+ }+C1 — 5 In L-i— T }+C1
__ 2 V54512 __ 2 2 2 2
=— 2 In 2ELEE 4 g fln(\[—i—\/S—&—u)—i—f n\/g—f—\/glnu—f—cl
%In (\[er) '"5 "\‘; +a
— 2= In (VB+/5+4t) + '”5 + 2880 1

beerb@frcatel.fr

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

/m

Subst. u?=4t|te

[ om] ¢ [ _2du
t\/5+4 2udu=4dt ; %\/54»71,2 uV/5+u?

ue(();x) o —% _ —2dv
€(0; 00) T 1m0 [ VBvitl

xXeR
L | te(0;00)

BA
2

Subst. t=ex
x=Int, dx=%

V5+u? \’5+i <2l

|:Subst v % u v1

V2rl= /541 Nz

du*fv’zdvfff

Y 57 Vsu v v
2 [ dv 2 2 1, Vori?
\/5/ = [vr }“1 ~Js i [+ e
+

= — 2 |n ¥oiy5t? ——In(\[+\/5+u2)—|—% V5 + Zinu+ta

- x@ f

:—7 n (VB+vE+uZ) + 08 4 e g
:_7 ( 54 /7)_’_7 In ( 4t)+c
:_7 ( +\/7)+7 In4_~_|\n/£+c1

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

/m

Subst. t=e|xeR {Subst =4t |te (0 x)] quu _ 2du
x=Int, dx=4 |t (0; ) t\/5+4 2udu=4dt | ue(0; ) %«/54»”2 u\/5+u?
Subst. v % u v VE+u? \'5+i M ue(();x) _ —% _ —2dv
du=—v-2dv=—=¢ | \ Vzv,:\'i 1o | e (0; c0) 1 V5241 V5v2+1
y \5( v v

2 dv _ 2 2 1 V5+u?

= G In | = €
ﬁ/ Ao s { }J” 1= [“L ﬁuh !

_l’_

— 2y VBBt
—=2In ——In(\[+\/5+u2)—|—% Vo + Zinuta

- \/5 V5u

:—7 n (VB+vE+uZ) + 08 4 e g

:_7 ( 54 /7) _’_7 In ( 4t)+c

:_7 n (VB+v5+ )4—7 '"4+'\”/E+c1 [ —bsibiic, ceR GeR

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

RieSené priklady — 094

Subst. u?=4t|te

/t\/5+4 { 2udu=4dt

S e _ [ =3 [ —odv
ve(0;00) 1 V5241 V5v2+1

__ | Subst. t=ex
- d

x=Int, dx

88

¢ 2

L
.

Ak

o

y

Il

—

u_|l\)

+&

c

4

|:Subst.v Loy=1=y-1
u v

du=—v2dv=—9 \/vzv%:\/'u%Jr%:ng‘T i -
__ 2 dv 2 | 1 __ 2 1, V5+u
— == =——In|v vetz|+ta=—==In = €
V5 ,/V2+% V5 { u +5}+ 1= {u—'— 5u }—F !

In(\[+v5+u2) '"5 "\‘;Jrcl

|n In (4t
%In (VB++/5+4t) + f ") 1 e
% In (f+\/5+4 ) |\n/§ I\n/i I\n/E—f—C]_ { %Jr\ngrq CER, a1 ER
2

VE+v/6+4e) + Jetc xER, ceR.

5 \
=)
—

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

beerb@frcatel.fri.uniza.sk http://frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

xeR
te(0; 0)

_ {Subst. t

x=Int, dx

dt
pr— t pr— dt
/\/t2+t+1 /t t24t4+1

ex
dt
t

beerb@frcatel.fri.uniza.sk http://frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96

97-98 99 100

XER
te(0; 00)

dt

7 _ dt
x=Int, dx d*f Vi2t+1 tV2+t+1

_ {Subst. t=e

~ . A 3
— Subst. u:%v t:‘l’,:‘rl \tZVtvl:\/T{Jr%'l:% t&(0;0)
_ dt=—u2du=—4

2

u€(0; 00)

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dt

t _ dt
V244l tVt24t+1

dt=—u2duy=—d u€(0; 00)

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

_ | Subst. t=e*|xeR _ th _ dt
x=Int, dx=9¢| t(0; c0) V244l t/t24+t+1
[TFUT i d
Subst. u=1, t=F=u"" | VETTHI=y/ g+ +1="EE te(0i00) | e —dw
= = = = =
dt=—v"2du= ‘j/;‘ ue(0;00) %7142““’ \/1+u+u

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

__ | Subst. t=ex
- d

x=Int, dx

dt
_ T _ dt
Vi2+t+1 tV/t2+t+1
_ Subst. u=1, t=1=y"! \tzvtvlz\/“%Jr%-l:i”‘:'“z t€(0; 00) _ 7:%’ _ —du
dt=—u"2du=—34 ue(0;00) 1 Vitutu? \/1+LI+LI2
o u u

_ du — du
- / Viet3P+i-3 / Vier37+

beerb@frcatel.fri.uniza.sk http:


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

__ | Subst. t=ex
d

x=Int, dx

d
_ £ _ dt
Vi2tt+l V2t 1
_ Subst. u=1, t=1=y"! \tzvtvl:\/7¥+%v1:7\/1‘l7'“2 te(0; o) _ *jfg . —du
dt=—u?du=—5 ue(0;00) 1 Viver? [ V1tutd?
o u u

- _ du — du _ {Subst. v=u+3
V0t dr+i-g Vi dr+] oo

beerb@frcatel.fri.uniza.sk http://frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

__ | Subst. t=ex
d

x=Int, dx

d
_ £ _ dt
Vi2tt+l V2t 1
_ Subst. u=1, t=1=y"! \tzvtvl:\/7¥+%v1:7\/1‘l7'“2 te(0; o) _ *jfg . —du
dt=—u?du=—5 ue(0;00) 1 Viver? [ V1tutd?
o u u

- _ du — du _ {Subst. v=u+l
V0t dr+i-g Vi dr+] oo

—_ [_dv
V?(%vx)}_ Vv2+3

beerb@frcatel.fri.uniza.sk http://frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

Riesené priklady — 095

91-92 93-94 94 95 96 96 97-98 99 100

dx
Ve e 1

__ | Subst. t=e|xeR — th _ dt
T | x=Int, dx=4 | t€(0;00) Vi24t+1 V2t 1
| Subst. w=%, i=g=u" \tzvtvl:\/%ﬂr%-l:”'lij"“z t€(0; 00) _ *jfg _ —du
- di——u—2du—_du € (0; 00) 1 Vitutu? V1tutu?
s N u u
_ du _ du . {Subst. v:uv% u€(0; 00) } — dv
Vet V0t +3 o) Vi3

=—In(v+Vv2+3) +q

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

Riesené priklady — 095

91-92 93-94 94 95 96 96 97-98 99 100

dx
Ve +ex +1
__ | Subst. t=e*|xeR _ th _ dt
T | x=Int, dx=4 | t€(0;00) Vi24t+1 V2t 1
| Subst.u=%, t=1=u"! \tzvtvl:\/%ﬂr%vl:”%’j'“z te(0; 00) _ 7:%’ _ —dw
- di——u—2du—_du € (0; 00) 1 Vitutu? V1tutu?
u? N u u
_ du _ du {Subst. v=u+1]ue(0; x)}:_ dv
V(uti+1-1 V()23 dv=du|ve(3;) Vv2+3

— (VD) + amin e VA DD 4

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dx
Ve +ex +1

__ | Subst. t=ex
d

de
_ P _ dt
/\/t2+t+1 /t t2+t+1
t€(0; 00) _ =% _ —du
ue(0;00) 1 Vitutu? Vi1tu+tu?
u u

- _ du — du _ {Subst. v:uv% u€(0; 00)
V0t dr+i-g Vi dr+] oo

t€(0; 00)

x=Int, dx

o
NS

2 1 1 /1 2
_ Y ez
VEstttl= /gty tl=

|:Subst. u:%, t=1=y1

_ dv
V?(%vx)}_ Vv2+3
——In (VAT + @ == (w bV D) + e
=—In(u+i+Vi+tu+?) +

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dx

Ve fex 41

_ Subst. t=e|xeR _ th _ dt
x=Int, dx=9¢| t(0; c0) V244l t/t24+t+1

P
1,1 Vitutu?

e L] =
+utl u

T+utu? du
7 t€(0;00) _ — 2 _ —du
&y \1-u-u2:\/1-l{\:—lff u€(0; 00) 1 Vituru? Vitut?
u u

=— c = du _ {Subst. v=u+l }:_ dv
V(3P +1-3 V()23 dv=du|ve (% 00) \/m

=—In(v+Vv2+3) +a=—In(ut3+V(u+3)’+3) +a

= In (u+ 3 +VIFaFR) + == o (143 + YT 4

|:Subst. u=1 t=1=yt|y tzvtvl:\

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dx
Ve e 1

__ | Subst. t=ex
d

te(0; 0)

x=Int, dx

dt
— r _ dt
/\/t2+t+1 /t t2+t+1
\tzvtvl:\/“—lﬂr%-l:i\/w t€(0; 00) _ *jfg _ —du
1[ YEEHEL e (0; 00) 1 Vitutd? \/1+U+U2
€ u u

- _ du — du _ {Subst. v=u+l }:_ dv

Vet V0t +3 o) Vi3
0 (VETE) + == n (a1 VT RRD) +

= (it 3 +VITUTER) + e =~ (b4 3+-F55) 4 o

2+ t42V 2t 41
— | 2o 2tt terl | o

|:Subst. u:%, t=1=y1

du \/1-u-u2:\/1-

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dx
Ve +ex +1

__ | Subst. t=ex
- d

x=Int, dx

t€(0; 00)

dt
pr— t pr— dt
/\/t2+t+1 /t t24t4+1

e
| Subst. w=%, i=g=u" \tzvtvl:\/%&r%- = VI3uhiE | 4 € (0; 00) o % . —du
— — e | - 2 2
dt=—u"2du=—% \1-u-uz:\/1-%\:—3*% u€(0; ) 1 Vitutus Vitutu
u

=— du = du _ {Subst. v=u+l }:_ dv
Vet Vs av=du|ve (£ioo) Jil

=—In(v+Vv2+3) +a=—In(ut3+V(u+3)’+3) +a

——In (u+3+VItuFe?) +a=—In (3+34+L5HH) 4 ¢

=—In ZEER2YELEEL 4 o) = — In (2+t4+2V 2+ t+1) +In2+Int + ¢

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

dx
Ve e 1

__ | Subst. t=ex
x=Int, dx=4

dt
_ 7 _ dt
/\/t2+t+1 /t t24t4+1

t€(0; 00)

[TFUT i du
PR (G| ) _ [1i1,q_ Vitux (0 oo _du
Subst. u=¢, t=;=u"" |Vt vtvl—\/FJrD- = AL 1 e (0; 00) 2 —du
- — e | - 2 2
dt=—u"2du= % \1-u-uz:\/1-%\:—3:7”7l‘ L | ue(0;00) 1 Vitutu Vitutu
u

— du — du _ {Subst. v:uv% }:_ dv
Vet V0t +3 o) Vi3

= (v VD) =t (3 VD)

=—In (u+3+vVItute®) + og=—In (2414 L) 4 g

=—In ZEER2YELEEL 4 o) = — In (2+t4+2V 2+ t+1) +In2+Int + ¢

__[e=a+In2
ceR, g€eR

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 095

/e2‘<d+XeX+ =x—In(24+ e +2vVe> +ex+1) +

dt
_ > _ dt
/\/t2+t+1 /t t24t4+1

xXeR
L te(0;00)

_ {Subst t=ex

x=Int, dx=%

A1 01 VIR
v tzvrvlz\/iﬂr%-lzw

u

|:Subst. u:%, t=1=y1

t€(0; 00) _ *jfg _ —du
ue(0;00) 1 Vitutu? Vitutu?
u u

dt=—v"2du= % V1+u+u? \/1-%\:—3:%
— du __ du _ {Subst v=u+1]ue(0; x)}
V(uti+1-1 V()23 dv=du|ve (3io) \/\/2+4

o (v VD) + =i (w3 D) +
 n (w4 VIFRR) + = in (434255 4
:—In%+C1:—In(2+t+2m)+|n2+|nt+c1
=[ailt]=x—In(2+e*+2V/e>+e*+1) + ¢, xER, cER.

ceR, g€eR

beerb@frcatel.fri.uniza. http://frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

__ | Subst t=eX|1+e*>0 pre xeR
d{ 1—e*>0 pre x<0

xé(—x,o,\}

x=Int, dx te(0;1)

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

_ {Subst t

1+e*>0 pre xeR
x=Int, dx

x € (—o0; 0) _ l—tﬂ: Vi-tdt
te(0;1) 1+t t Vit t

e
d{ 1—e*>0 pre x<0

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

_ | Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ l—tﬂ: Vi-tdt
T | x=Int, dx=9 | 1—e*>0 pre x<0 | t€(0; 1) 1+t t 1+t t
Subst. uf‘/i : /2 ‘/1“71 u? % : v+utt=1-t, tfw te(0;1)
= dt:72““(;’)u§“ L) dy— ud ue(0;1)

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ 1—tdt __ 1-tdt

T | x=Int, dx=9 | 1—e*>0 pre x<0 | t€(0; 1) 1+t t 1+t t
Subst. u:\/’gzv%z\/’%fl uZ:§ : v+utt=1-t, t:%‘—ﬁ;’ te(0;1) —4u2d;
_ _ —2u(ti®)-2u(1—i?) | —audu 0 _— . (A+u?)
= dt,((leufm ue(0;1) = f|u "
1+u?

beerb@frcatel.

i.uniza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96

Riesené priklady — 096

99 100

_ | Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ 1—tdt
x=Int, dx=9|1-eX>0 pre x<0 | t£(0;1) 1+t t
Subst. u:\/’gzvzﬁrtz\/’%fl uZ:§ : v+utt=1-t, t:i

— _ —2u(1+u?)—2u(1—d?) 4. —4udu

- dt= A+ du=yay

— —41° du 40 du

+2)1-2) — | @+?)(u?—1)

T‘ji te(0;1)

—4udu

L (4u2)?

1—u?
1+u?

beerb@frcatel.

i.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 096

__ | Subst t=eX|1+e*>0 pre xeR
x=Int, dx d{

1—e*>0 pre x<0

x € (—o0; 0) _ 1-tdt _ 1-tdt
te(0;1) 1+t ¢t 1+t t
Subst. u:\”gzv%z\/’%rfl u :% : v+utt=1-t, t:% te(0;1)

. —4udu
2 2)2
_ —2u(itu’)2u(l—i?) 4 —audu 0 — . (4u?)

= dtfwdufm ue(0;1) _/u

1—u?
_ —4u’du 40 du _ [ (2v’=242u742) du
= | ma-? = | Trene—D —

1+u2
(u2—1)(u?+1)

beerb@frcatel.fri

niza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

Riesené priklady — 096

91-92 93-94 94 95 96 96

Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ 1—tdt __ 1-tdt
>< Int, dx=94|1—e*>0 pre x<0 | te(0;1) 1+t t 1+t t
Subst. uf\”?ﬁ V/Zif\/ = 1 u 7%, v+utt=1-t, t:% te(0;1

_ —2u(i+u®)—2u(1—v?) o —4udu

==y 9Y= [Ty

(2u*—2420°42)du

— 4’ du _ 407 du
(1+u2)(1 u?) _/(1+u2)(u27

5=/

—1)(u?+1)

97-98

99 100

—4udu

L (4u2)?

1—u?
1+u?

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98

Riesené priklady — 096

__ | Subst t=eX|1+e*>0 pre xeR
x=Int, dx d{

1—e*>0 pre x<0

x € (—o0; 0) _ 1—tdt _ 1—tdt
te(0;1) 14t t 1+t t

Subst. u=/T5t=\/20 =/ 1| =55k Proit=1-t, t=F% | te(0:1)
2u(1+u?)—2u(1—u? d n.
d==2u (;juz)‘u( ) dL/Zi(li‘flg)‘i ue(0;1) u

_/ —4u’ du _/ 40’ du _/(2u2—2+2u2+2)du_/[ 2 2
) A+ (A-?) T [ Q) (er-1) T B

(u2—1)(u?+1)

=2arctgu+ 3In |4 | + ¢

99 100

—4udu

L (4u2)?

1—u?
1+u?

beerb@frcatel.fri.uniza.sk

http://frcatel.fri.uniza.sk/ beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98

Riesené priklady — 096

99 100

_ | Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ 1—tdt __ [ V1-tdt

x=Int, dx=9 |1—e*>0 pre x<0 | t€(0;1) 1+t t 1+t t
Subst. u—\//i \/%:\,/ﬁfl uZ:H, v+utt=1-t, t:%‘—ﬁ;’ te(0;1) — Al
2 J— J— 2)2
— _ —2u(1+u?)—2u(1—d?) 4. —4udu o A=t _ JIft+/I-t n- — . (Q4ut)”
= dt === du=Gia | 1Eu=1+ erf‘:/li?/ 0 |ue(0;1) —/U "
4t-2y/1-2+41-t _ 2-2\/1-2 _ 1-\/1-2 0 1+u?

- 2 - t >

1-u_ VI+t=VI-t__ VItt—v1-t VItt—vI-t__

tu — VI+t+V/I-t  VI+t+V/I-t VI+t—V/I-t 1+t—(1-t)

_ —4u’du aldu [ (QuP—2+420P42)du
= mars = |t =| e =/ |

=2arctgu+ 3 In |4 | + c=2arctg 1+t+|n

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98

Riesené priklady — 096

eX|1+e*>0pre xeR
dt
t

_ | Subst t
1—e*>0 pre x<0

x€(—o0 1—tdt _ [V1-tdt
x=Int, dx z&01 1+t t Vit t
t

2_1 2 24 1 1
ut=1 v tut=1-t, t7”“>

Subst. uf\”é \/7211rtz\//%71
— _ —2u(d)-2u0-) 4 —aud
= dtfwduf )2

[T+t + /1

_ = T
ltu=1+n =" >0

_ Lpt-24/1-2241-t  2-24/1-12  1-4/1-¢2 0
- I+t—(1—1) - 2t - t >

1-u _ VIFt-VI=t ri\/I t—vI=t r_\,H

THu — VIttrv/it  VIttrvit Vitt—Vit

_ —4u’du aldu [ (QuP—2+420P42)du
= mars = |t =| e =/ |

\/1—t2 +e

=2arctgu + 3 In |43 | 4+ c=2arctg /15 £ 41n -

=2 arctg 1+t L tin(l-v1-t?)—Int+c

te(0;1)
ue(0;1) :/U'

99 100

—4udu

(14u2)2

11—
1+u?

271} du
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Riesené priklady — 096

+In(l—v1—e>)—x+c

_ | Subst t=e¥|1+e*>0 pre xeR | x€(—00;0) | __ 1—tdt __ [ V1-tdt
x=Int, dx=9 |1—e*>0 pre x<0 | t€(0;1) 1+t t V1i+t t
_ izt [2oie_ [ 2_1 B P _1-a 1)
Subst. ”*\//ﬁf\/ﬁf\//ﬁil =17t PHu’t=1-t, t=175 |te(0;1)
— _ —2u(1+u?)—2u(1—d?) 4. —4udu _ /1=t _ /IFt+ /It - n- — .
= dtfwdufuﬂ;)) LLuflLﬁf‘\TT‘r;O ue(0;1) —/U
1ou_ VIFE-VITE _ VIR VIR VIR VITE_ L2/ 8ilt 22218 1/
Tru — VeIt VIRVt VITE VIt (-9 2% .t

—4udu

(1+u?2)2

1—u?
1+u?

_ —4Pdu aldu [ (QuP—2+420P42)du 2 2
_/(1+u2)(17u2) _/(1+u2)(u271) —/ @D (1) _/[u2+1+ 7o) du

u—1
u+1

— 1—/1—¢2
=t4in—Y"—"+c

| + c=2arctg | /1%

=2arctgu + % In|
=2arctg /i +In(1-vVI-12) —Int + ¢

=2arctg 4/ 175 +In(1-v1—e>) — x + ¢, x€(—00;0), c€R.
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Riesené priklady — 096
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Riesené priklady — 096

Subst. t—q/lﬂx ‘/QI}refx */1+ex*l 2(1+e¥)=1-e = e~ 1’{2 1+e*>0 pre x€ R | x €(—00; 0)
t

o= [ = | dli= A = In 15 —In (1— ) —In (1+£2) | 1—e*>0 pre x<0 | t€ (0; 1)

t -1 2+1

l\t
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Riesené priklady — 096

Subst. t \”}Te‘,\ \,’21‘17;” \,’%—1 t(1+e)=1-e = =1L 1+e*>0 pre x€ R | x €(—00; 0)

dx=[£2 — 2] dt = [&5 — 2] dt | x=In 155 =In (1— ) —In (1+£?) | 1—e* >0 pre x<0 | t€(0; 1)

15
_ 2t 2t
- |:t2—1 a t2+1} dt
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Riesené priklady — 096

Subst. t \”}Te‘,\ \,’21‘17;” \,’%—1 t(1+e)=1-e = =1L 1+e*>0 pre x€ R | x €(—00; 0)

2

dx [—ZL 2t Wdt _2t 2t 1 dt | x=In 1=t

1-2 1+ -1 t2+1 1+e2

_ 282 2t2 _ 202242  2t242-2
- |:t2—1_t2+1}dt_ |:t2—1 — ST | dt

In(1—t2)—In (1+t?)|1—e*>0 pre x<0 | t€(0; 1)
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Riesené priklady — 096

| Subst. t \”}Tg,\ \,’21‘17;” \,’%—1 2(1+e¥)=1-e = e~ 1’{2 1+e>0 pre x€R | x € (—00; 0)
22 20 =2 — 2] dt [ x=In 58 =In (1-12) —In (1+£2) | 1—e*>0 pre x<0 | t € (0;1)

- / - A5 de— (2522 - 2422
/ + 7y -2+ A dt
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Riesené priklady — 096

| Subst. t \”}Tg,\ \,’21‘17;” \,’%—1 2(1+e¥)=1-e = e~ 1’{2 1+e>0 pre x€R | x € (—00; 0)
22 20 =2 — 2] dt [ x=In 58 =In (1-12) —In (1+£2) | 1—e*>0 pre x<0 | t € (0;1)

/ - &5 de= [ [“i?_i“ - ”iiffz} dt
/ + 7y -2+ A | de=2 /tz+1
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Riesené priklady — 096

_ Subst. t \”}Tg,\ \,’21‘17;” \,’%—1 2(1+e¥)=1-e = e~ 1’{2 1+e>0 pre x€R | x € (—00; 0)
dx=[£2 — 2] dt = [&5 — 2] dt | x=In 155 =In (1— ) —In (1+£?) | 1—e* >0 pre x<0 | t€(0; 1)

282 202242  2t242-2
-1 t2+1} dt—/[ L

-l
:/{2+7—2+t2 }dt 2 /t2+1

|+2arctgt+c—g|n +2arctgt+c

t+1 1+t
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Riesené priklady — 096

_ Subst. t \”H \,’21‘17;” \,’1 (1+e)=1-e& = e~ 1’{2 1+e*>0 pre x€R | x € (—00; 0)
dx=[£2 — 2] dt = [&5 — 2] dt | x=In 155 =In (1— ) —In (1+£?) | 1—e* >0 pre x<0 | t€(0; 1)
_ 2t 202242  2t242-2
_/[tz—l t2+1} dt—/[ t2—1 EEE| dt
:/2+7_2+t2 j|dt 2 /t2+1
_2 2
2|n’t+1|+2arctgt+c_ In1+t+2arctgt+c
— | 11— \/] = VITe—/I—& JiTe—J/Io _ (1+e)—2V/IFes/I—ef+(1—¢") _ 2-2/1—e>
/e Vitetvier Vite —Vi-e @re)—(1-e) 2e
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Riesené priklady — 096

_ Subst. t \”H \,’21‘17;” \,’1 (1+e)=1-e& = e~ 1’{2 1+e*>0 pre x€R | x € (—00; 0)
dx=[£2 — 2] dt = [&5 — 2] dt | x=In 155 =In (1— ) —In (1+£?) | 1—e* >0 pre x<0 | t€(0; 1)
_ 2t 202242  2t242-2
_/[tz—l t2+1} dt—/[ t2—1 [EesT dt
:/2+7_2+t2 j|dt 2 /t2+1
_2 2
2|n’t+1|+2arctgt+c_ In1+t+2arctgt+c
= {1;1 = \/] = = VITeE—/I—* It —/I—e& _ (14+&)-2/IFer/I—e+(1—e*) _ 2-2¢/1—e>
s = ~ = Vit Ve Vite VIe @te)—(1—e) 2¢
o 1-14y/1—e 1—ex
=In —%45—— + 2arctg =l
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Riesené priklady — 096

| Subst. t \”H \,’21‘17;” \,’1 (1+e)=1-e& = e~ 1’{2 1+e>0 pre x€R | x € (—00; 0)
dx=[£2 — 2] dt = [&5 — 2] dt | x=In 155 =In (1— ) —In (1+£?) | 1—e* >0 pre x<0 | t€(0; 1)

_ 2t 202242  2t242-2

_/|:t2—1 t2+1} dt—/[ L

:/2+7_2+t2 j|dt 2 /t2+1

_2 -2

—2|n’t+1|+2arctgt+c In1+t+2arctgt+c

= {1;1 VITeE—/I—* It —/I—e& _ (14+&)-2/IFer/I—e+(1—e*) _ 2-2¢/1—e>
Ft - Vite+/I—& JIte —/I-e (1+e¥)—(1-e) 2e
1-14/1—e2x

=In —%45—— + 2arctg 1+eX+C
In(1—v1—e?*) — IneX + 2arctg 1+ex +c
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Riesené priklady — 096

| Subst. t V \,’21‘17;” \,/126 (1+e)=1-e& = e~ 1’{3 1+e>0 pre x€R | x € (—00; 0)
dx= 72— m}dr [ —25] dt [ x=In 18 =In (1—#2) ~In (1+2) | 1—e*>0 pre x <0 | t€ (0; 1)

_ 2t 202242  2t242-2

_/[tz—l t2+1} dt—/[ t2—1 EEE| dt

:/2+7_2+t2 j|dt 2 /t2+1

-2 -2

—2|n’t+1|+2arctgt+c In1+t+2arctgt+c

— {1;1 VIFF—I=F  JTFe—/I=& _ (14e)—2/TFe /I f(1—¢e") _ 2-2y/1—eX
Ft - Vite+/I—& JIte —/I-e (1+e¥)—(1-e) 2e
1-1y/1—e>

=In —%45—— + 2arctg 1+eX+C
In(1—v1—e?*) — IneX + 2arctg 1+ex +c

=In(l1—v1—e*) — x + 2arctg +eX -+ ¢, x€(—00;0), ceR.
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RieSené priklady — 097, 098
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RieSené priklady — 097, 098

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov
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RieSené priklady — 097, 098

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{/2 Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

=(a+Bx+yx?)e™+c
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RieSené priklady — 097, 098

/2:/X2eaxdx aeR, a#0

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+Bx+yx?)e*+c

[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+pBx+yx?)e®+c
[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
[sverime| 0= B+, 0=27+pa, 1=7a
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

/2:/X2eaxdx acR, a#0

u=x? u'=2x x2e™  [oxeXdx _ [u=2|u=2 | _ x2e® |2xe¥* [2e™dx
v/= e a Vi—e> |y e;' a a2 22
_ x?e™

an

£ 2xe +2e 4c

BJ

" a2 " aa?
{metéda S:uhraé(\]t\;‘cfi‘o‘eafidentovJ I2 = (a+6x+7X2) eax—"_c
] e = (B4 27x) e (o Bx-yx) e
[040-x+1-x2 ] X = =[(B+aa)+(2y+Ba)x+vyax?]e™
Lﬂ:’;ﬂ”a“:eJ 0=p+aa, 0=2y+pBa, 1=~a
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

_Ju=x?|u=2x] _ x*e™ [2xeXdx _ [u=2|u=2 ]| _ x2e* |2xe* [2e™dx
vi— e |y = & a a V= e |y = & a a2 a2
X2 ax ax 2 3 2 jax

+c:%fﬂ+2ejx+c, XER, ceR.

P a

Y

L

[
R

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+pBx+yx?)e®+c
[04+0-x+1-x?] e™ = =[(B+aa)+(2y+Ba)x+vyax?]e™.
[sremime] =B +0a, 0=27+fa, 1=7a
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

_Ju=x?|u=2x] _ x*e™ [2xeXdx _ [u=2|u=2 ]| _ x2e* |2xe* [2e™dx
vi— e |y = & a a V= e |y = & a a2 a2
X2 ax ax 2 3 2 jax

+c:%fﬂ+2ejx+c, XER, ceR.

P a

Y

L

[
R

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+pBx+yx?)e®+c
[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
[sverime| 0= B+, 0=27+pa, 1=7a
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

=2 =21 _ x?e™  [2xe™ [2e™dx
e |y =& a a2 a2
5

ax 2 ax ax
=X WP e po=X WP 27 40 XER, cER.

P a3

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+pBx+yx?)e®+c
[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
|Jone] 0=B+aa, 0=2y+fa, 1=ya = y=1,
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

99 100

= v=2x]| _ x*e® [2xeXdx _ [u=%
X |v=2 a a V= e a2

ax

ax 2 ax ax
: 72)({2% +2e +C:X: _ 2xe +2e3 JrC,XER,CER.

P a

} x2eax_[2xe‘” _/Zeaxdx:|
: =

{ Odhad riegenia J /2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬁ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+Bx+yx?)e*+c

[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.

[ omee | 0=B+aa, 0=2v+fa, 1=ya = y=1 ﬂ:ﬁ——é,

3 nezndme a’' —a
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

=x? [u=2x]_ x*e™  [2xe™dx _ [u=2|u=2 ] _ x?e™ |2xe™ [2e¥dx
x|y = & a a V= e |y = & a a2 a2
ax

ax 2 ax ax
: 72)({23 +2e +C:X: _ 2xe +2e3 JrC,XER,CER.

P a

{ Odhad riegenia J I2 — (a+6x+’yx2) eax+c

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬂ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+Bx+yx?)e*+c
[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
ime] 0=f+as, 0=2y+82, 1=92 = 7=} f=2=—3 a=L =3,
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RieSené priklady — 097, 098

/(x+ 1)eXdx = xe*+c

_Ju=x?|u=2x] _ x*e™ [2xeXdx _ [u=2|u=2 ]| _ x2e* |2xe* [2e™dx
vi— e |y = & a a V= e |y = & a a2 a2
2 jax ax ax 2 jax ax ax
x‘e 2xe 2e __x‘e 2x e 2e

=52 +a,ag+C—T*T+ >3 +c, XER, ceR.

{ Odhad rieenia J IQ:(a—i-ﬁx—i-'sz) eaX+C:(%—%+é)eax+C, x€R, ceR.

metdéda neurditych koeficientov

{ Derivécia rovnosti } X2 eax:(ﬂ+2'yx) eax+(a+ﬂx+,yx2)aeax

h=(a+Bx+yx?)e*+c

[04+0-x+1-x?] e™ = =[(B+aa)+(2v+Ba)x+vyax?]e™.
[Fone] 0=p+aa, 0=27+Pa, 1=72 = 7=1, f=B=-% a=L£-2.
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Riesené priklady — 099
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Riesené priklady — 099

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
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Riesené priklady — 099

’ 7 8 nax
u ?f}:xe 7§/X7€ade
r==% a a

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

'Der\véaa rovnosti fg = (a+Bx+vyx 2163 Fahxt +ox® + ux®+vxT +0x8 )e 7X+C-‘
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

beerb@frcatel.fri.uniza. http://frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 099

v 8‘{}:)(86’”7§/X7€axdx: {u X7
v="°- a a V= e

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

I B
o =
of% %

o
[

'Der\\/éaa rovnosti fg = (a+Bx+yx2+0x3+9x* +ox® + ux®+ux7 +0x8) e 7X+C-‘
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 099

a a

/ ax

v 8)(7}:)&;6’3X 8 X7€aXdX: {“ X

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B42yx+36x% +4px3 +5px* +6ux® +Tvx® +80x") e

+(a+Bx+yx%+Ix3+1hx*+px® +ux®+vxT+0x8)a e,
:9 rovnic a 9 neznémych} 0:6‘1‘043,

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 099

’ 7 8 nax
Y E——

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B42yx+36x% +4px3 +5px* +6ux® +Tvx® +80x7) e
+(a+ Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B+aa, 0=2v+ 4,

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 099

’ 7 8 nax
Y E——

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B42yx+36x% +4px3 +5px* +6ux®+Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx+px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych ] 0= B +aa, 0=2v+La, 0=35+13,

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 099

’ 7 8 nax
Y E——

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B42yx+36x% +4px3 +5px* +6ux® +Tvx® +80x7) e
+(a+ Bx+yx%+Ix3+1hx* 4+ px® +ux®+vx+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+(a, 0=30+va, 0=4v+4a,

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 099

’ 7 8 nax
Y E——

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B42yx+36x% +49px3 +5px* +6ux®+Tvx® +80x") e
+(a+ Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=>5p+a,
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Riesené priklady — 099

’ 7 8 nax
Y E——

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

[ Derivacia rovnosti fg = (a+ Bx +yx?+0x3 +1hx* +ox®+ ux® +vx” +0x8) e™+-¢ |
x8 e = (B+2yx+36x% +49px3 +5px* +6ux> +Tvx® +80x") e
+(a+ Bx+yx%+Ix3+1hx* 4+ x>+ ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=5p+1a, 0=06u+pa,

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/ beerb
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

'Denva’c.a rovnosti f = (a+Bx+7x2+0x3 + x4 +ox° 4+ pux®+ vx7 +0x8) e +c |
x8 e = (B42yx+36x% +4px3 +5px* +6ux® +Tvx® +80x7) e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=5p+1a, 0=6u+pa, 0=7v+pua,

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

'Denva’c.a rovnosti f = (a+Bx+7x2+0x3 + x4 +ox° 4+ pux®+ vx7 +0x8) e +c |
x8 e = (B+2yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=b5p+1a, 0=6u+pa, 0=7v+pua, 0=80+va,

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c

'Denva’c.a rovnosti f = (a+Bx+7x2+0x3 + x4 +ox° 4+ pux®+ vx7 +0x8) e +c |
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+ Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=5bp+va, 0=6u+pa, 0=7v+pua, 0=80+va, 1=~0a.

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

[ Odhad riegenia metédou neuréitych koeficientov |
lg = (a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
8
'Denva’c.a rovnosti f = (a+Bx+7x2+0x3 + x4 +ox° 4+ pux®+ vx7 +0x8) e +c |
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,

0=5bp+va, 0=6u+pa, 0=7v+pua, 0=80+va, 1=~0a.

beerb@frcatel.fri.uniza. .fri.uniza.sk/ beerb
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+hx* + x5+ ux®+vx"+0x8) e +c
8ix” | 8lx®
7132 + 8la
'Der\véaa rovnosti fg = (a+Bx+yx2+0x3+9x* +ox® + ux®+ux7 +0x8) e 7X+C-‘

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=bp+va, 0=6u+pa, 0=7v+pua, 0=80+va, 1=~0a.
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}
lg=(a+Bx+yx2+x3+hx* + x5+ ux®+vx"+0x8) e +c
8Ix° _ 8Ix” | 8Ix8
o — 72t s
'Denvécna rovnosti fg = (ar—+Bx+yx2+0x> +x* + x5+ ux+vx7 +0x%) e +c |
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych | O:ﬁ—l—aa, 0:2’Y+ﬁa, 0236+'ya, 024'(/)‘1'(53,
0=bp+va, 0=6u+pa, 0=7v+pua, 0=80+va, 1=0a.
1 80 _ 8 —Tv _86
a
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg = (a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
8lx° | 8Ix® _ 8Ix” | 8x®
T 5lat + 6la3  71a2 + 8la
'Der\véaa rovnosti fg = (a+Bx+yx2+0x3+9x* +ox® + ux®+ux7 +0x8) e 7X+C-‘

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=5p+a, 0:6u+<pa 0=7v+pua, 0=80+va, 1=~0a.

1 ,_8__8 , _7v 6p _ _ 875
P ir -2 —73—33,90—,3 “at !
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Riesené priklady — 099

v=% a = e

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg = (a+Bx+yx2+x3+hx* + x5+ ux®+vx"+0x8) e +c
8lx*  8Ix° | 8Ix®  8Ix” | 8Ix®
taw 5 Tes 72 8
'Der\véaa rovnosti fg = (a+Bx+yx2+0x3+9x* +ox® + ux®+ux7 +0x8) e 7X+C-‘

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+a, 0=30+va, 0=4v¢+4a,
0=5p+va, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

1 __ 8 _ _ 8 __Tv 61 875 __ 8765
V=55 aﬁ'u_ja_zﬁ’(p_fa = a a5
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Riesené priklady — 099

= o) I gax

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+hx* + x5+ ux®+vx"+0x8) e +c
8lx> | 8lx*  8Ix® | 8Ix®  8Ix’ | 8Ix®
T 3146 + 4125~ 5lat + 6la3  71a2 + 8la
'Denvéaa rovnosti g = (a+Bx-+7x2+0x3+hx* + x>+ pux®+vx7+0x8) e +c |

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+(a, 0=30+va, 0=4v+4a,
0=5p+a, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

_1 _ 8 _ 8 . _ 1w 61 _ 875 __ 8765
:G_a’y_fa_ E _73_33’90_73 “at _73 a2
5741/)7 8:7-6-5-4

- —a FI

iza.sk/ beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

91-92 93-94 94 95 96 96 97-98 99 100

Riesené priklady — 099

= o) I gax

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
8lx2  8Ix® | 8lx*  8lx® | 8Ix®  8Ix" | 8Ix®
to7 —3Ftar s tes T2t Ba
'Denvéaa rovnosti g = (a+Bx-+7x2+0x3+hx* + x>+ pux®+vx7+0x8) e +c |

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= B +aa, 0=2y+Fa, 0=30+va, 0=4v¢+4a,
0=5p+a, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

_1 8 _ 8 ,_ T 64 875 __ 8765
= 0=z, v=="=—3, —53—33,90—73 ==, —73 &I
_ 4 87654 8.7:654:3
o= a 7__3 = f
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Riesené priklady — 099

= o) I gax

:{U, X8 |u 8f7}zxse’3x7§/x7eaxdx: {“ X
V= e a

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}

lg = (a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
8lx | 8Ix%  8Ix3 | 8Ix*  8Ix> | 8Ix®  8Ix” | 8Ix®
1S T2 T 3F T as 5 Teid 72 8l
'Denvéaa rovnosti g = (a+Bx-+7x2+0x3+hx* + x>+ pux®+vx7+0x8) e +c |

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 nezngmych] 0=B+aa, 0=2v+[a, 0=30+va, 0=4v+4a,
0=5p+a, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

_1 8 _ 8 . _ 1w 6u _ 875 _ 8765
:G_E’V_fa_ a2’ _73_33’90_73 “at 73 a2
4 8:7- 6 5-4 8-7~6-5-4'3 8:7-6-5-4-3-2
o= 1{;: ’Y_—a a’ b= —A/ - a® z
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Riesené priklady — 099

v e™ a /— gax

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

/ ax

’ 7 8 nax
u SX}:XG 7§/X7€ade:{u X

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}
lg = (a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e+

8! 8lx | 8Ix%  8Ix> | 8Ix*  8Ix> | 8Ix®  8Ix” | 8Ix®
012 118 T 217 316 T a5 518 Tei? 7122 T 8la

'Denva’c.a rovnosti f = (a+Bx+7x2+0x3 + x4 +ox° 4+ pux®+ vx7 +0x8) e +c |

x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,

[9 rovnic a 9 neznamych] 0= +aa, 0=2y+(a, 0=30+va, 0=4v+4a,
0=5p+a, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

N _ 1 _ 8 _ 8 __Tv 61 _ 875 __ 8765

G_E’V_fa_ aﬁ'u_fa_zﬁ’(p_fa “at 73 E
4 8654 8.7:65.4:3 v _ 8765432 __ B _ 8l
o= a~ ’Y_—a a’ B —a a8 P ==
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Riesené priklady — 099

8 jax

’ 7
u SX}:XG 7§/X7€ade:{u X

v= a I gax

Ako vidime, tymto smerom pre norméalneho smrtelnika cesta rieSenia nevedie. Je potrebné vykonat 8-krat per partes.

:Odhad rieSenia metédou neurcitych koeﬁc'\entov}
lg=(a+Bx+yx2+x3+1hx* + x5+ ux®+vx"+0x8) e +c
2 3 4 15 6 7 8
i( 8! 8lx +8!x 8lx _|_8!X 8lx _|_8!X _ 8lx _|_8!x )eaX+C,XER, ceR.

0a% 1128 " 21a7 — 31a6 " 4155 Bla* T pla3  7la? 8la
'Denvécua rovnosti fg = (ar—+Bx+yx2+0x> +x* + x5+ ux+vx7 +0x%) e +c |
x8 e = (B42yx+36x% +49px3 +5px* +6ux® +Tvx® +80x") e
+(a+Bx+yx%+Ix3+1hx* 4+ px® +ux®+vxT+0x8)a e,
[9 rovnic a 9 neznamych | O:ﬁ—l—aa, 0:2’Y+ﬁa, 0236+'ya, 024'(/)‘1'(53,
0=5p+a, 0:6u+<pa 0=7v+pua, 0:89+1/a 1=0a.

N _ 1 _ 8 _ 8 __Tv 61 _ 875 __ 8765

G_E’V_fa_ aﬁ'u_fa_zﬁ’(p_fa “at 73 E
4 8654 8.7:65.4:3 v _ 8765432 __ B _ 8l
o= a~ ’Y_—a a’ B —a a8 ==
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Riesené priklady — 100

h :/X efdx=xe—1lly=xe*—e +c
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Riesené priklady — 100

,,:/X" eXdx = x"eX —n /x"’*l eX dx

— n—1
o }:x"ex —n/x”_lex dx=x"e*—nl,_1, xER, ceR.

h :/Xex dx=xe*—1lh=xe*—e*+c, pricom IO:/eX dx =e*+c.
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Riesené priklady — 100

- n—1
ufgx }:x"ex—n/x”_lexdx:x”ex—nln_l,XGR,CER.
v—e

h :/Xex dx=xe*—1lp=xe*—e*+c, pricom IO:/eX dx =e*+c.

b /x eXdx=x%e*—2h =x?eX-2(xeX—e)+c=x?e—2x e +2-1e +c.
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Riesené priklady — 100

- n—1
u:gx }:x"ex _n/Xn—lede:Xnex _nln—lv XGR, ceR.

/exdx xeX—1ly=xe*—e*+c, pricom IO:/eXdX:eX—i—c.
I2z/><2 X dx=x2eX—2h =x?eX—-2(xeX— &) +c=x%e—2x e +2-1eX+c.

I3:/ eXdx=x3eX-3h=x3e-3(x?e*— 2xeX—|—2 le¥)+c
=x3e*-3x2e*+3-2xeX—3-2-1eX+c.
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Riesené priklady — 100

/. n—1
u:gx }:x"ex _n/Xn—lede:Xnex _nln—lv XGR, ceR.

/exdx xeX—1ly=xe*—e*+c, pricom IO:/eXdX:eX—i—c.
I2z/><2 X dx=x2eX—2h =x?eX—-2(xeX— &) +c=x%e—2x e +2-1eX+c.

I3:/><3 Xdx=x3eX—3h=x3eX-3(x? e — 2xeX—|—2 le¥)+c
=x3e*-3x2e*+3-2xeX—3-2-1eX+c.
I4:/ eXdx=x*eX—4h=x*eX—4(x3 eX—3x% e +3-2xeX—3-2-1eX)+c
=x*eX—4x3 e +4.3x° X —4.3.2x ¥ +4-3-2.-1e¥+c.
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Riesené priklady — 100

n /. n—1
e }:Xnex_n/xn_lexdxzxnex_”/n—LXGR,CER.

xeXdx=xe*—1ly=xe*—e*+c, pricom IO:/eX dx =e*+c.

I2z/><2 X dx=x2eX—2h =x?eX—-2(xeX— &) +c=x%e—2x e +2-1eX+c.

&

:/X3 Xdx=x3eX—3h=x3eX-3(x? e — 2xeX—|—2 le¥)+c
=x3eX—3x2eX+3-2xeX—3-2-1e¥+c.
I4:/><4 eXdx=x* e)‘—4l3:x4 eX—4(X3 eX—3x2eX+3-2xeX—3-2:1eX)+c
=x*e —4x eX+4-3x%eX—4-3-2x e*+4-3.2-1 eX+c.
I,,:/ efdx=x"e*—nl,_1= eXZ( 1)'n(n—=1)---(n—i+1)x"""+ ¢

i=0
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Riesené priklady — 100

n /. n—1
e }:Xnex_n/xn_lexdxzxnex_”/n—LXGR,CER.

xeXdx=xe*—1ly=xe*—e*+c, pricom IO:/eX dx =e*+c.

I2z/><2 X dx=x2eX—2h =x?eX—-2(xeX— &) +c=x%e—2x e +2-1eX+c.

&

:/X3 Xdx=x3eX—3h=x3eX-3(x? e — 2xeX—|—2 le¥)+c
=x3eX—3x2eX+3-2xeX—3-2-1e¥+c.
I4:/><4 eXdx=x* e)‘—4l3:x4 eX—4(X3 eX—3x2eX+3-2xeX—3-2:1eX)+c
=x*e —4x eX+4-3x%eX—4-3-2x e*+4-3.2-1 eX+c.
I,,:/ efdx=x"e*—nl,_1= eXZ( 1)'n(n—=1)---(n—i+1)x"""+ ¢

i=0

—[x —nx""t4n(n—1)x"" 2—~--+(—1)”n!]ex+c
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Riesené priklady — 100

n /. n—1
e }:Xnex_n/xn_lexdxzxnex_”/n—LXGR,CER.

xeXdx=xe*—1ly=xe*— e+, pricom IO:/eX dx =e*+c.

I2z/><2 X dx=x2eX—2h =x?eX-2(xeX— &) +c=x%e—2x e +2-1eX+c.

&

:/X3 Xdx=x3eX—3h=x3eX-3(x? e — 2xeX—|—2 le¥)+c
=x3eX—3x2eX+3-2xeX—3-2-1 e¥+-c.
I4:/><4 eXdx=x* e)‘—4l3:x4 eX—4(X3 eX—3x2eX+3-2xeX—3-2:1eX)+c
=x*e —4x eX+4-3x%eX—4-3-2x e*+4-3.2-1eX+c.
I,,:/ efdx=x"e*—nl,_1= eXZ( 1)'n(n—=1)---(n—i+1)x"""+ ¢

i=0
W n—i .x

= [x"—nx""1n(n—1)x""%—- . -4(=1)"nl]e*+c= ;}%_ﬂ:_
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