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dx
/ VX2 +4x+4

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 O7-

Riesené priklady — 105, 106

dx

(ct2)7?

dx
/ VX2 +4x+4

vt

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 O7-

Riesené priklady — 105, 106

dx {Subst. t=x+2

- (x+2)? - dt=dx

XER*{*2}}
te R—{0}

dx
/ VX2 +4x+4

Subst t=x+42

/ / X+2)2 |X+2‘ _ dt=dx

x:R {0}2}}

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 105, 106

dx Subst. t=x+2
dt=dx

XER*{*2}}
te R—{0}

/ Vx2+4x+4

Subst t=x+2

/ / X+2)2 |X+2‘ dt=dx

xeR—{— 2}}_ dt
cR—{0} J 1t

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 105, 106

_ dx  _ [Subst. t=x+2|xeR—{-2}
[ (x+2)? _{ dt=dx | te R—{0} }
2
/t2 —/t dt=1% 2+1

dx
/ VX2 +4x+4

Subst t=x+2

/\/ ><+2)2 |X+2\ dt=dx
— [«
t

xeR—{— 2}}_ dt
€R—{0} J 1t

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 105, 106

_ dx  _ [Subst. t=x+2|xeR—{-2}
[ (x+2)? _{ dt=dx | te R—{0} }
—2 _1

dx
/ VX2 +4x+4

Subst t=x+2

/\/ ><+2)2 |X+2\ dt=dx
= [4=tnlel+c
= [t = =it tc

xeR—{— 2}}_ dt
€R—{0} J 1t

beerb@frcatel.fri.uniza. http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 105, 106

_ dx  _ [Subst. t=x+2|xeR—{-2}
o (X+2)2_{ dt=dx | te R—{0} }
—241
= %:\/tizdt:t_z_;rl‘i’c:*%‘i’c:*m‘l’c XER— { 2} ceR.

/dix = sgn (x+2):In [x+2|+¢

VX2 +4x+4

Subst t=x+2

/ / X+2)2 |X+2‘ _ dt=dx
:/%:In |t|+c=In|x+2|+c, x€(—2;00), cER,

:/i—tt:—/d—tt:—ln|t|+c: —In|x+2|+c, x€(—00; —2), cER.

xER—{— 2}} dt
€R—{0} |t]

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

— dx _ dx
VX2 +ax+4+1 V(x+2)2+1

o dx _ dx
_/\/X2+4x+4—1 _/\/(x+2)2—1

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

xeER
teR

— dx — dx :[Substv t=x+2
VX2 +ax+4+1 V(x+2)2+1 desdx

X € (—o0; —3), te(—o0; —1)
x€(—1;00), te(1;00)

— dx — dx :[Subst. t=x+2
V2 tax+4—1 V(x+2)2—1 dt=dx

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

xeER
teR

dx dx :[Substv t=x+2
VoAl V(x+2)2+1 desdx

€(—00; =3), te(—o0; —1)
XL( 1;00), te(1;00)

{Subst t=x+2
\/x2+4x+4 1 \/(x+2 dt=dx

t2—1

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

xeER
teR

Subst t=x+42
\/x2+4x+4+1 \/x+2 2+1 dt=dx
_ dt 2
—/m—ln(t—&-\/t +1)+c

€(—00; =3), te(—o0; —1)
XL( 1;00), te(1;00)

Subst t=x+2
/\/X2+4x+4 1 /\/(x+2 dt=dx
_/F_In|t+\/t2 1l+c

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

xeER
teR

_ Subst t=x+42
B X2+4X+4+1 \/x+2 2+1 dt=dx
=/ TH:M (H-\/ﬁ)—&-C:In (x+2+/(x+2)?>+1)+c

€(—00; =3), te(—o0; 1)}
XL( 1;00), te(1;00)

Subst t=x+2
\/x2+4x+4 1 \/(x+2 dt=dx
—/ d_—in|t+vt2—1 |+c=|n\x+2+\/(x+2)2—l|+c

) Ve

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 107, 108

dx — [ ) 2
———— = IN( X< X 2
e (x+24+vx2+4x+5)+c
— Subst t=x+2|x€ R}
x2+4x+4+1 \/x+2 1 dt=dx|teR

— 2 —
+1_|n(1r+\/1r + )+C—In(x+2+\/(x+2)2+1)+c
X+24+vx2+4x+5)+c, x€R, ceR.

=In

d 2 Ax 13
/mflnx\?\x—w,\\ﬂvc

Subst t=x+2
\/x2+4x+4 1 \/(x+2 dt=dx
—/ d_—in|t+vt2—1 |+c=|n\x+2+\/(x+2)2—l|+c

€(—00; =3), te(—o0; 1)}
XL( 1;00), te(1;00)

) Ve
= In |x+24+vx?>+4x+3|+¢c, x€(—o00; =3) U (—1; ), c€R.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

_ dx _ dx
B / Vxe—axtar2 / V(=22 +(V2)?

_ dx _ dx
- /\/x2—4x+4—2 a /\/(x72)27(\ﬁ)2

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 O7-

Riesené priklady — 109, 110

xeR
teR

— dx — dx :[Subst. t=x—2
/X2 —Bx+4+2 V(x—2)2+(V/2)?2 d=dx

x€(=00;2-/2), te(—o00; —v2)
x € (2+v/2; 00), tE(V2; )

— dx — dx :{Subst. t=x—2
/X2 —ax+4—2 V(x—=2)2—(v2)? dt=dx

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

— dx _ dx :[Subst. t=x-2 X&R}
\/x274x+4+2 \/(x72)2+(\/§)2 dt=dx |teR
dt
21+(V2)?

x€(=00;2-/2), te(—o00; —v2)
x € (2+v/2; 00), tE(V2; )

— dx — dx — {Subst. t=x—2
/X2 —ax+4—2 V(x—=2)2—(v2)? dt=dx

_ dt
e

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

— dx _ dx :[Subst. t=x-2 X&R}
\/x274x+4+2 \/(x72)2+(\/§)2 dt=dx |teR

dt _ 2 2
o (e Ve +(v2)?) +c

x€(—00;2—1/2), t€(—00; —V/2)
x € (2+v/2; 00), tE(V2; )

— dx — dx — {Subst. t=x—2
/X2 —ax+4—2 V(x—=2)2—(v2)? dt=dx
= [ =n e+ VAT e

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

xeR
teR

— dx — dx :[Subst. t=x—2
/X2 —Bx+4+2 V(x—2)2+(V/2)?2 d=dx

:/m:m(w 24+ (v2)2) +c=In (x+2+ /(x—2)2+4) + ¢

x€(=00;2-/2), te(—o00; —v2)
x(,(2{y§;x),t";(\f2;x)

— dx — dx :{Subst. t=x—2
/X2 —ax+4—2 V(x—=2)2—(v2)? dt=dx
:/\/ﬁzln |t+ V12— (V2)?|+c=In |x—2+/(x+2)2=2|+c

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

01 01-02 03-04 05-06 07-08 09-10

Riesené priklady — 109, 110

=In(x—24+vx>—4x+6)+

/ \/ X2 4x+6

— dx — dx :[Subst. t=x-2
Ve—bxtar2 | V(-2 (V2P de=dx
:/%zln(t-i— 2+(V2)?) +c=In(x+24+/(x—2)2+4)+c

2+(V2)
=In(x—2+vx2—4x+6)+c, x€R, ceR.

xeR
teR

(—00;2—v/2), te(—o0; —V/2)
x € (2+v/2; 00), tE(V2; )

— dx :{Subst. t=x—2|x€
\/x2 4x+4—2 V(x—2)2— (\/) dt=dx

— \/ﬁj—ln|t+\/ {+c—|n|x 24++/(x+2)2=2|+c

=In|x—24+vx2—4x+2 |+c,x€(—oo;2—\[)u(2+f;oo), ceR.
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Riesené priklady — 111, 112

dx
J V —x*>+4x-3

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 111, 112
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Riesené priklady — 111, 112

:/\/ (x2—4x+5) /\/ (x2— 4x+4+1)

dx
v/ —x2+4x—3

dx
/\/ (x2—4x+3) /\/—(x2—4x+4—1)
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Riesené priklady — 111, 112

— dx
_/ x2 4x+5) /\/ (x2— 4x+4+1) /\/—(x—2)2—

dx
v/ —x2+4x—3

/\/ x24x+3 /\/ x24x+41) /\/(xz /\/1x2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 111, 112

_ { (x—2)? 1>1>0}
x2 4x+5) \/ (x2— 4x+4+1) \/ (x 2 pre vietky x€ R

dx
\/ —x2+4x—3

/\/ x24x+3 /\/ x24x+41) /\/(xz /\/1x2

{Substt x—2

dt=dx

‘e
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x*>+4x—5
dx —[-(x=20-1>1>0
V= (x 4x+5 V= (x 4x+4+1) V/=(x—2)2-1 pre vietky xeR |’

Neexistuje riesenie pre ziadne x € R.

ke /« ) v

__ [Subst. t=x—2
dt=dx

(113) }f

7t2
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x*>+4x—5
dx —[-(x=20-1>1>0
V= (x 4x+5 V= (x 4x+4+1) V/=(x—2)2-1 pre vietky xeR |’

Neexistuje riesenie pre ziadne x € R.

ke /« ) v

7{Subst t=x—2 (1,3) .
o dt=dx } ,tz
=arcsin t+c¢; = — arccos t+ ¢
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Riesené priklady — 111, 112

nema riesenie

dx
J V —x*>+4x—5
dx _ dx :[ (x—2)2-1>1>0
V- x2 4x+5) V= (x2—ax+4+1) V/=(x—2)2-1 pre vietky xeR |’

Neexistuje riesenie pre ziadne x € R.

2)+c

‘ dx :
—=____ — arcsin(x—2 Ccl = arccos (X —«
[ =2)ta (

/\/ x24x+3 /\/ x24x+41) /\/(xz /\/1x2

{Subst t=ye=2 (l 3) _
dt=dx } 7t2
=arcsin t+ ¢y = — arccos t+ ¢

= arcsin (x—2)+c¢; = — arccos (x—2)+c, x€(1;3), a1, 2 €R.
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Riesené priklady — 113, 114
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Riesené priklady — 113, 114

dx

- f___dx
x(2—x) \/ —x2+2x

— dx
V —(x2—2x+1)+1
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Riesené priklady — 113, 114

dx — dx :[Subst. t:xfé x€(—00;0), t€ (—oc0; —3)
\/X2_2§+%_% \/(X_%)z_( )2 dt=dx | x&(L;00), te (300

Nl

dx

— . dx
x(2—x) B /—X2+2X
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Riesené priklady — 113, 114

lIx€e(-00;0), te(—oo;—3)

dx :/ dx _[Subst. t=x—1
N T e A NV Ve ses

x€(1;00), te (300

dx _ dx 7{Subst t=x—1

x€(0;2) }

dt=dx|te(-1;1)
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Riesené priklady — 113, 114

_ dx _ dx :[Subst. t=x—1|xe(~00;0), te(—o0;—1)
x2—oxii 1 \/(X_%)z_(%)z dt=dx | x€(1;00), te (% 00)

Subst t=x-1
V=02 2x+1 \/1 (x—1)2 d=dx

xe(o 2) }7 dt
te(-1:1) Vi
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Riesené priklady — 113, 114

_ dx _ dx :[Subst. t:xfé x€(—00;0), t&(fx;fé)
\/X2_2§+%_% \/(X_%)z_(%)z dt=dx | x€(1;00), te (% 00)
= = =In|t++/t2—(1)?|+c=In|x— L +vx2Z—x|+c
/ ( 2 2

§

dx _ dx
v/ x(2—x) B \/ —x242x

Subst t=x-1
V=02 2x+1 \/1 (x—1)2 d=dx

xe(o 2) }7 dt
te(-1:1) Vi

=arcsin t+ ¢y = — arccos t+ ¢
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Riesené priklady — 113, 114

_ dx _ dx :[Subst. t:xfé x€(—00;0), t&(fx;fé)
\/X2_25+1_% \/(X_%)z_(%)z dt=dx | x€(1;00), te (3 00)
:/\/72 In[t++/2—=(3)?|+c=In|x—3+Vx2—x|+a

t2—(1)
2x—14+4/x2—x

=In 3

+c

= arcsin (x—1)+c¢; = — arccos (x—1)+

Subst fr=se=1 xe(o 2) }7 _dt
V=02 2x+1 \/1 (x—1)2 dt=dx V1-t2
= arcsin t+cl—f arccos t+ ¢, = arcsin (x71)+c1 —arccos (x—1)+ o,

x€(0;2), a1, €R.
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Riesené priklady — 113, 114

_ dx _ dx :[Subst. t:xfé x€(—00;0), t&(fx;fé)
\/X2_25+1_% \/(X_%)z_(%)z dt=dx | x€(1;00), te (3 00)
:/\/72 In[t++/2—=(3)?|+c=In|x—3+Vx2—x|+a

t2—(1)
2Vx |y i 2x— 14V x|~ 2+ ¢

=In 3

= arcsin (x—1)+c¢; = — arccos (x—1)+

Subst fr=se=1 xe(o 2) }7 _dt
V=02 2x+1 \/1 (x—1)2 dt=dx V1-t2
= arcsin t+cl—f arccos t+ ¢, = arcsin (x71)+c1 —arccos (x—1)+ o,

x€(0;2), a1, €R.
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Riesené priklady — 113, 114

_ dx _ dx :[Subst. t:xfé x€(—00;0), t&(fx;fé)
\/X2_25+1_% \/(X_%)z_(%)z dt=dx | x€(1;00), te (3 00)
:/\/72 In[t++/2—=(3)?|+c=In|x—3+Vx2—x|+a

t2—(1)

2x—14+4/x2—x _

Y S l+a=In2x—1+vx?—x|—In 2—|—c1:{fﬁch ‘f;}
1C R, 2T

=In 3

= arcsin (x—1)+c¢; = — arccos (x—1)+

Subst fr=se=1 xe(o 2) }7 _dt
V=02 2x+1 \/1 (x—1)2 dt=dx V1-t2
= arcsin t+cl—f arccos t+ ¢, = arcsin (x71)+c1 —arccos (x—1)+ o,

x€(0;2), a1, €R.
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Riesené priklady — 113, 114

=In|x—2+Vx2—x|+c = In|2x—1+Vx2—x|+c

dx _ dx
\/x(x—1) - J V/x?—x

_ dx _ dx :[Subst. t:xfé x€(—00;0), t&(fx;fé)
\/X2_25+1_% \/(X_%)z_(%)z dt=dx | x€(1;00), te (3 00)
:/\/72 In[t++/2—=(3)?|+c=In|x—3+Vx2—x|+a

t2—(1)
2x—14+4/x2—x

=In
2
=In|2x—14+vVx?—x|+c, x€(—00;0) U (1; ), cER.

+C1:|n\2x—1+¢>ﬁ|—|n2+q:{@:cl ‘nz}

ca€R, oER

= arcsin (x—1)+c¢; = — arccos (x—1)+

Subst fr=se=1 xe(o 2) }7 _dt
V=02 2x+1 \/1 (x—1)2 dt=dx V1-t2
= arcsin t+cl—f arccos t+ ¢, = arcsin (x71)+c1 —arccos (x—1)+ o,

x€(0;2), a1, €R.

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 115, 116

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 115, 116

X2+ 4x+5=x%+4x+4+1

__[Subst. t=x+2
(x+2)2+1=1t2+1

dt=dx

xeR
teR

X2 +4x+3=x>+4x+4—1 | x€(—o0; -3), te(—o0; —1)
=(x+2)?—1=t>—1|x€(=1;00), t€(1; 00)

__[Subst. t=x+2
dt=dx
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Riesené priklady — 115, 116

X2+ 4x+5=x%+4x+4+1
(x+2)2+1=1t2+1

Subst. t=x+2
dt=dx

Xﬂ:/\/tbrldt

teR

_ [Subst. t=x+2
dt=dx

x*+4x+3=x*+4x+4-1 | x&(~00;=3), t€(-00;=1)] _ 7
) } /\/t 1dt

=(x+2)>-1=t>-1|x€(-1;00), te(l
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Riesené priklady — 115, 116

X2+ 4x+5=x%+4x+4+1
(x+2)2+1=1t2+1

__[Subst. t=x+2
dt=dx

teR

)= [VETTa= o 1y [

__[Subst. t=x+2 | x?+4x+3=x>+4x+4—1 | x€(—00; —3), te(—o0;—1)] __ /32 1
_{ dt=dx =(x+2)?—1=t>—1|x€(=1;00), t€(1; 00) }_/ ¢ ldt
_tV/t2—1 1 dt

- 2 2 V221
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Riesené priklady — 115, 116

X2+ 4x+5=x%+4x+4+1
(x+2)2+1=1t2+1

__[Subst. t=x+2
dt=dx

t:—,R

x€ER 2 t\/tz l

i /\/ t’+1dt= + \/ﬂ—
_ t/P+1 | In(t+Vi24+1)
— 2 + 2

+c

_ [Subst. t=x+2
dt=dx

X2 +4x+3=x>+4x+4—1 |x€(—o0;-3), t€(—oc; /\/tzidt

=(x+2)*—1=t>-1|x€(-1;00), t€
_ tV/t?—1 1 dt _tV/2—1 _In |t+\/ =1 +c
_ 2 Vi2— 2

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 115, 116

X2+ 4x+5=x%+4x+4+1
(x+2)2+1=1t2+1

__[Subst. t=x+2
dt=dx

fo /\/tzidt t\/t2 Jr t2

t:—,R

_ VP In (VPR | OV | In (b2 y/(x+2)2+1)
==+ 5 +c= 5 + +c

2
_ (x+2)\/x2+4x+5+ n(x+2+\/x2+4x+ )
- 2

+c, x€R, ceR.

_ [Subst. t=x+2
dt=dx

x2+4x+3=x>+4x+4-1 | x€(—oc; 3),tc(.xx; 1)}:/mdt

=(x+2)>-1=t>-1|x€(-1;00), te(l

_ tV/t?—1 1 dt _ tV/i2— |n|t+\/ |+C
_ 2 Vi2— 2

_ (x+2)x/>2<2+4x+3 In \x+2+\/x2+4x+ | +c, XE( 00: _3) U (_1; oo) ceR.
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Riesené priklady — 117, 118

/x2—4x+6 dx
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Riesené priklady — 117, 118

/x2—4x+6 dx

_ | Subst. t=x-2
dt=dx

X2 —8x+6=x%+4x+4-+2
=(x—2)2+2=12+(v2)?

xeER
terR

x?—4x+2=x2—4x+4-2 |x€(—00;-3), te(—o0; —1)

dt=dx| =(x—-2)2-2=t>—(v2)?|x€(-1;00), te(1;00)

_ {Subst. t=x—2
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Riesené priklady — 117, 118

/x2—4x+6 dx

_ | Subst. t=x-2
dt=dx

X2 —8x+6=x%+4x+4-+2
=(x—2)2+2=12+(v2)?

terR

”’R}z/\/t%(ﬁ)th

dt=dx

__ | Subst. t=x-2
=(x—2)2—2=12—(v2)? | x€(~1;0),

x?—4x+2=x2—4x+4-2 |x€(—o0;-3), te(—o0;-1)| __ /12 2
), t€(1; 00) }_/ t (\/i) dt
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Riesené priklady — 117, 118

/x2—4x+6 dx

_ | Subst. t=x-2
dt=dx

f\/t2+(\/§)2+; dt
? 2JVer(ay

X2 —8x+6=x%+4x+4-+2
=(x—2)2+2=12+(v2)?

terR

”’R}z/\/t%(ﬁ)th

x?—4x+2=x2—4x+4-2
=(x—2)2—2=t>—(v2)?

t/e2—(vV2)? 1 dt
2

2] Ve-(vap

dt=dx

__ | Subst. t=x-2
x€(-1;00),

Xx€(—00;=3), te(—o0; —-1) [ __ 2__ 2
0), te(1; 00) }_/ 4 (\/i) g
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Riesené priklady — 117, 118

/x2—4x+6 dx

_{Subst. t=x—2|x?—4x+6=x2+4x+4+2

=(x—2)2+2=12+(V2)?

_ e/ EH (V2P | In(t4y/PH(V2)?)
e v ek S +e

o dt=dx

rer) /mdt

t(,R

_{Subst.t:x 2| x2—4x+2=x?>—4x+4-2 |x€(—o0c; 3),tc( oo; —1) :/ /t2— \/§2dt

dt=dx| =(x—2)2-2=12—(v2)?|xe(-1;00),

t/2—(v2)? 1 dt _ty/P—(v2)2 In |f+v |
: VE-(VapE 3
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Riesené priklady — 117, 118

/x2—4x—|—6 dx —

_{Subst. t=x—2|x?—4x+6=x2+4x+4+2

dt=dx| =(x—2)2+2=12+(2)?
124(v/2)2

_ 1/ 2+(V2)? 41 dt
= 2 2|z 5
(x—2)\/§2—4x+6+|n (x—2+\2/x2—4x+6)+c’ x€R, ceR.

terR

”’R}z/\/t%(ﬁ)th

In(e+ VERC/ER) | o

/x2 Ax+2dx =

__ | Subst. t=x-2
dt=dx

x?—4x+2=x2—4x+4-2
=(x—2)2—2=t>—(v2)?

_t/P—(V2) 1 dt _ty/P—(v2)2 In |f+v |
= > =

x€(—1;00), te(l;

A U}:/Wdt

Ve (V22 3
— (Ve b2y R | o e R—(2—-1/2;244/2), cER.

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

11 11-12 13-14 15-16 17-18 19-20

Riesené priklady — 119, 120

\/ —x244x—3dx

/\/de _ ./'\/wadx
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_|u=t u'=1 S dt 1| t dt
_{\/ (r\'zr])‘ v 7z‘1|} _ /t2 1 + 2|: t2—1 +\/1.“2—1:|

[ _dt t 41 dt 1 dt t

t2—1 2(t2—1) 2 [ t2—-1— 2 -1 2(t2—12)

_ 1.1 1o [ x#2=1| _  x+2

=—33In ! 1 2(t2 7 Hc=—zln ’x+2+1 32 +axi3) T €

— _ 1 x+1| _ _ x+2

- 4 In ‘x+3 2(x2+4x+3) +c

_ 1 1 x+2

=a |n ‘X+3| — Zln |X+1| — m + €, X E R—{_B, — 1}, C€R

beerb@frcatel.fri.

iza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31 31-32 33-34 35-36 37-38 39-40

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31 31-32 33-34 35-36 37-38

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31 31-32 33-34 35-36 :

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31

Riesené priklady — 131, 132

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

31

Riesené priklady — 131, 132

31-32 33-34

35-36 37-38 39—

2x

mh—\

x
55 arctg 5

S
2(x2+a?)

1 X dx
—z[—er/m}

+c, xeER, ceR.
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x € (—00;0), te(a? o)

x€(0; 00), te(a% o0)

__ | Subst. t=x2+2%
dt=2xdx

a>0,neN, n#l

x€(—00;0), te(a? 00)
x€(0; 00), t € (2% 00)

__ | Subst. t=x2+42%
dt=2xdx
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__ | Subst. t=x%+a?
dt=2xdx

x € (—00; 0), t € (2% 00) _1/dt
x€(0;00), te (G x’) -2 t

a>0,neN, n#l

2 t"

| Subst. t=x%+a?
dt=2xdx

x€(—00;0), te(a%o0) | _ 1 [dt
x€(0; 00), t € (2% 00)
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2 2/
_ 1 [ 2xdx 1 [(x+a)dx 1 2 2
7§/x2+327§/( X2+z)iz —§|n|x +a|+c

__ | Subst. t=x%+a?
dt=2xdx

x€(—00;0), te(a?00) [ __ 1 fdt__ 1
x€(0; x),t(,(’az;x) } _ 2/ t 2 ln t+C

a>0,neN, n#l

| Subst. t=x%+a?
dt=2xdx

x€(—00;0), te(a? 00) _1 [dt _1 —ndt
x€(0; 00), t € (2% 00) 2 | wn 2
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RieSené priklady — 133, 134

_ 1 f2xdx 1 [(P+a%) dx 1 2., .2 _1 2., 2
*2/x2+a2*2/ o =5In[x*+a°|+ c=5In(x*+2a°) +c,
XER, ceR.

__ | Subst. t=x%+a?
dt=2xdx

x€(0;00), te(

:%/d—tt:%InH—cfél (x?+a%)+c,
xXER, ceR.

a>0,neN, n#l

| Subst. t=x%+a?
dt=2xdx

x€(—00;0), te(a%o0) | _ 1 [dt —n _
x € (0;00), t€ (% o0) }_ 2 | tn /t dt = 2(1 ”) €
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_ 1 [ 2xdx 1 (X2+82)/d)(_ 1 > 5 1 5 )
ii/x2+a2*§/ X2 a2 —§|n|x +a|—|—cf§|n(x +3)+C,
XER, ceR.

__ | Subst. t=x%+a?
dt=2xdx

x € (—00;0), t€(a% 00) dt 1 _ 2 2
x€(0; 00), te (a2 00) }—2/,3 Int+c= ,| (x*+a%)+c,
xXER, ceR.

a>0,neN, n#l

| Subst. t=x%+a?
dt=2xdx

x€(—00;0), te(a? 00) 7; —n _ @A
x€(0;00), te(a? 0) / 2/ dt _2(1—17) t+c
(Xera ) —n

2(1—n) +‘3:*2(,,_1)()(W)n1+c XER, ceR.
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a>0, nelN, n#1
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_ 1 [ 2xdx
T2 x2—2a?

_ {Subst. t=x2—a°

x€(—00;0)—{—a}, te (—a? 00) — {0}

dt=2xdx | x € (0; c0)—{a}, t € (—a% 00) — {0}

a>0, nelN, n#1

x € (—00;0)—{—a}, te(—a* 00) — {0}
x€(0; 00)—{a}, te (—a? 00) —{0}

_ {Subst. t=x%—a°

dt=2xdx
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_ 1 [ 2xdx _ 1 [(*=2%) dx
T2 x2—a2 7 2 x2—32

x€(—00;0)—{—a}, te(—a%o0)—{0}| _ 1 [dt
x€(0; 00)—{a}, te (—a? 00) —{0} 2 t

__ | Subst. t=x>—2%
dt=2xdx

a>0, nelN, n#1

_ {Subst. t=x%>—a°

x € (—00;0)—{—a}, t € (—a?; 0) {0}}:1 dt

dt=2xdx | x€(0; c0)—{a}, t € (—a? 00) — {0}
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2 2\/
_ 1 f2xdx 1 x“—a”)dx _ 1 2 2
_E/XQX—:Q_E/( 2L =JIn|x2-2?| + ¢

_ {Subst. t=x2—a°

dt=2xdx

x€(=00;0)—{=a},te(-a%00)—{0} | _ 1 fdt _ 1
x€(0; 00)—{a}, te (—a? 00) —{0} 2 t 2 ln‘t|+c

a>0, nelN, n#1

__ | Subst. t=x>—2%
dt=2xdx

xe(-oi0)—{-a}te(-ao0)—(0}] _1 fdt _1 [r—n
x?(O‘X)f{a},t’éa:faz,x)—{o} }_2/15” _Z/t dt
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RiesSené priklady — 135, 136

—32

22 ’d
:%/jgj;:%/(xxﬁ) X =1lin|x2—a?| + ¢, xe R—{=a}, ceR.

Subst. t=x2—a?
dt=2xdx

x€(—00;0)—{—a}, te(—a%o00)—{0} | _ 1 dt 1
X € (0;00)—{a}, t€ (—a? 00) — {0} 2 In \t|+c

=31In|x*—a?|+c, xe R—{*a}, ceR.

a>0, nelN, n#1

x€(—00;0)—{—a} te(-a%o0)—{0}| _1 [dt _ 1 [,—n _ .
x € (0; 00)—{a}, t € (—a?; 00) —{0} }_2/t” _2/t & =a=m T €

dt=2xdx

_ {Subst. t=x%>—a°
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RiesSené priklady — 135, 136

—32

22 ’d
:%/jgj;:%/(xxﬁ) X =1lin|x2—a?| + ¢, xe R—{=a}, ceR.

Subst. t=x2—a?
dt=2xdx

x€(—00;0)—{—a}, te(—a%o00)—{0} | _ 1 dt 1
X € (0;00)—{a}, t€ (—a? 00) — {0} 2 In \t|+c

=31In|x*—a?|+c, xe R—{*a}, ceR.

a>0, nelN, n#1

x € (—00;0)—{—a}, t€(—a* o0) _1 —n _ .
x€(0;00)—{a}, t & (— 22 o0) {0} / 2/ dt =5q=p +¢

R te= — m + ¢, xe R—{*a}, ceR.

__ | Subst. t=x>—2%
dt=2xdx
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Riesené priklady — 137, 138

_ [ x=1+41
*/7X—1 dx

xeR—{1}] __ t+1
téR—{O}}i/ t dt

_ [Subst. t=x—1
dt=dx
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/m
x—1
= /7X;i’{1 dx = /[1+i} dx

xeR—{1}] _ [t+l 4p__ 1
e Tdtf/[lJr;}dt

_ [Subst. t=x—1
dt=dx
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= [Zartax= [[E=he k] am [ttt ] ox

xdx , 1l
/E*\H”X 1|+c

:/X_i1+1 dX:/{1+i:| dx=x+In|x—1|+c, xe R—{1}, ceR.

x—1

_ [Subst. t=x—1
dt=dx

te R—{0}

Xng{l}} _ % dt:/[lJrﬂ dt=t+In|t|+c
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Riesené priklady — 137, 138

rex — “;—:+---+”§+\'—In Ix—1]4+c=In|x—1]+> X +c
i=1

= [Zartax= [[E=he k] am [ttt ] ox

=X 45 xtin [x—1+c=In[x—1|+ 3 %X +c, xeR—{1}, ceR.
i=1

xdx , 1l
/E*\H”X 1|+c

:/X_i1+1 dX:/{1+i:| dx=x+In|x—1|+c, xe R—{1}, ceR.

x—1

_ [Subst. t=x—1
dt=dx

te R—{0}

Xng{l}} _ % dt:/[lJrﬂ dt=t+In|t|+c

=x—1+In|x—1|4+¢c
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Riesené priklady — 137, 138

X EX — “;—:+---+”§+\'—In |x=1|4+c=In|x—1]+> %+C
i=1

= [t ax= [ty dx= [ttty ax

=X 45 xtin [x—1+c=In[x—1|+ 3 %X +c, xeR—{1}, ceR.
i=1

x dx . 1l
/E*\H”X 1|+c

:/X_i1+1 dX:/{1+i:| dx=x+In|x—1|+c, xe R—{1}, ceR.

x—1

_ [Subst. t=x—1
dt=dx

te R—{0}

Xng{l}} _ % dt:/[lJrﬂ dt=t+In|t|+c

=x—1+In |x—1|—|—c1:{ e=@=1 }

ceER, c1€R
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Riesené priklady — 137, 138

i 2 n ‘
=t = = b ot bl =Tl <k = L b=l HE Y SR
i=1

= [Zartax= [[E=he k] am [ttt ] ox

=X 45 xtin [x—1+c=In[x—1|+ 3 %X +c, xeR—{1}, ceR.
i=1

xdx , 1l
/Ef.\jtlnx 1|+c

:/X_i1+1 dX:/{1+i} dx=x+In|x—1|+c, xe R—{1}, ceR.

x—1

_ [Subst. t=x—1
dt=dx

te R—{0}

rer-m]_ fe dt:/|:1+%:| dt=t+In[t|+c

=x—1+In |x_1|+c1:{ e=a IR}:x+|n|x—1|+C, xeR—{1}, ceR.

ceR, ae
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Riesené priklady — 139, 140
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Riesené priklady — 139, 140

2
_ x“—1+4+1
—/7X_1 dx

X?R*{l}:|
te R—{0}

_ [Subst. t=x—1
dt=dx
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Riesené priklady — 139, 140

:/% dx:/[x—kl—l—ﬁ} dx

X;Rfu}} :/(t+1)2 dt
te R—{0} t

_ [Subst. t=x—1
dt=dx

x—1 x—1

/7x9*1+1 dX:/[x8—|—x7+x6+x5+x4+x3+X2—|—X+l—|— L | dx
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% 4+ x+In[x—1|+¢, xe R—{1}, ceR.

X;Rfu}} :/(t+1)2 dt :/(t2+2t+1) dt
teR—{0} t t

_ [Subst. t=x—1
dt=dx

:/7’(9;_11“ dx:/[X8—|—X7+x6+x5+x4+x3+x2—|—x+1+ﬁ dx

=X X e XX Lt |x—1|+c, x€ER—{1}, cER.
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% +x+In|x—1|+¢c, xe R—{1}, c€R.

xeR—{1}] _ [(@+1)*dt _ [(P42t41)dt _ 1
ZER*{OJ_/ - _/ - —/[t+2—|—t} dt

_ [Subst. t=x—1
dt=dx

:/% dx:/[x8—|—x7+x6+x5+x4+x3+xz+x+l+ﬁ dx

=X X X e X 0 X Ltin|x—1]+c, x€eR—{1}, cER.
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% +x+In|x—1|+¢c, xe R—{1}, c€R.

xeR—{1}] _ [(@+1)*dt _ [(P42t41)dt _ 1
ZEMOJ_/ - _/ - —/[t+2—|—t} dt

t2
=542t+In|t|+c

_ [Subst. t=x—1
dt=dx

:/% dx:/[x8—|—x7+x6+x5+x4+x3+xz+x+l+ﬁ dx

=X X X e X 0 X Ltin|x—1]+c, x€eR—{1}, cER.
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% +x+In|x—1|+¢c, xe R—{1}, c€R.

_ [Subst. t=x—1
dt=dx

o) fleara_ feomna_ fl o4

teR—{0} t t

=242t 4In|t|+¢ = CS 4 2(x—1)+In [x— 1|+

:/% dx:/[x8—|—x7+x6+x5+x4+x3+xz+x+l+ﬁ dx

=X X X e X 0 X Ltin|x—1]+c, x€eR—{1}, cER.
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% +x+In|x—1|+¢c, xe R—{1}, c€R.

_ [Subst. t=x—1
dt=dx

o) fleara_ feomna_ fl o4

teR—{0} t t

=242t 4In|t|+¢ = CS 4 2(x—1)+In [x— 1|+

— | =2 4+2(x-1)
= %—XA%+2><—2

c:qf%
cER, ciER

:/% dx:/[x8—|—x7+x6+x5+x4+x3+xz+x+l+ﬁ dx

=X X X e X 0 X Ltin|x—1]+c, x€eR—{1}, cER.
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Riesené priklady — 139, 140

+x+In|x—1|+c

:/%dx:/[muﬁ} dx=% +x+In|x—1|+¢c, xe R—{1}, c€R.

_ [Subst. t=x—1
dt=dx

o) fleara_ feomna_ fl o4

teR—{0} t t

=242t 4In|t|+¢ = CS 4 2(x—1)+In [x— 1|+

:rz—x‘%z(x—w =2 4 x+In|x—1|+¢c, x€R—{1}, ceR.

= %—XA%+2><—2

c:qf%
cER, ciER

:/% dx:/[x8—|—x7+x6+x5+x4+x3+xz+x+l+ﬁ dx

=X X X e X 0 X Ltin|x—1]+c, x€eR—{1}, cER.
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Riesené priklady — 141, 142

‘ dx
/x5(1+x2)
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Riesené priklady — 141, 142

= T—)®

__ | Rozklad na parcialne zlomky: % =5+
1= ax?+ Bx(x—1) + y(x—1) = —y + (=B+7)x + (a+B)x?

a

__| Rozklad na parcialne zlomky: W :m: L +%+%+F

B I=at®+Bt2(t+1)+7t(t+1)+6(t+1) =6+ (y+0)t+(B+7) 2 +(a+B)t3
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Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky: ﬁ =

X
1=ax?+ Bx(x=1) + y(x—1) = =y + (=B+7)x + (@+B)x® = 1=—v, 0=—P+7, 0=a+f

1

1 —a B 7,48
RS T B[R T HA T T E T E

__ | Rozklad na parcialne zlomky:

1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

beerb@frcatel


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

41 41-42 43-44 45-46 4748 49-50

Riesené priklady — 141, 142

__ | Rozklad na parcialne zlomky: W =5+ ;’ +% = Xllféfﬁ, y=-1, fg=-1, a=1
1=ax?+ Bx(x=1) + y(x—1) = =y + (=B+7)x + (@+B)x® = 1=—v, 0=—P+7, 0=a+f

__| Rozklad na parcialne zlomky: m r1(11+r):ﬁ } ?’ b % } %:—Tlﬂﬁ-x%—%-%—;lﬁ, 6=1,~v=-1, =1, a=-1

1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8
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41

Riesené priklady — 141, 142

1= ax?+ Bx(x—1) +y(x—1)

= [[Ra-1-4] ex

_ {Rozk\ad na parcialne zlomky: ﬁ =%

=1, ~v=-1, 8=1, a=-1

=
x|
%5l

__ | Rozklad na parcialne zlomky: W = ﬁ =

3
{ 1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

_ 1 1 1 1 — -2 _ ,—4 -6 _ _1
_/|:><2 x4 + x6 X2+1:| dX—/|:X X + X x2+1 dx

a 3
2+ 843y

i.uniza.sk/~beerb
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Riesené priklady — 141, 142

e y=—1, B=-1, a=1
X

__ | Rozklad na parcidlne zlomky: ﬁ = o 1
X + (a+8)x* = 1=—v, 0=—F+7, 0=a+p

x
1=ax?+ Bx(x=1) +y(x—1) = —y + (=B+

:/[xf;_;_%} dx:/ -2 dx=Inx—1|—In x|~ 5 4

1 1

- L1 3. 7.5 1 11
Rozklad na parcidlne zlomky: W:m:ﬁ et e te=—wm e T

_{ L=at®+Bt2(t+1)+7t(t+1)+6(t+1) =6+ (y+0)t+(B+7)t2+(a+B)t> = 1=0, 0=+, 0=5+7, 0=a+p

11 _ —2 -4 -6 _ 1
+ 55 X2+1:|dX—/|:X X T+ x pean dx

1 -3 -5
X _ _ X X _
=4 —3 T =g —arctgx+c¢

[l
I —
L—
X
|
X
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Riesené priklady — 141, 142

y=-1, B8=-1, a=1
l1=—v,0=—8+7, 0=a+43

= [[e-3-3] o= [[r=3-x dx=tmlx—1i=in|s|- 5 +e

=In |XT_1’+§+C, x€R—{0, 1}, ceRr.

1 — a8
_ T ~ x-171x

Rozklad na parcidlne zlomky: T =
1= ax?+ Bx(x—1) + y(x—1) = —y + (- B+~

_ 1 . 3 o s _ 1 1 1 1 S PO — —
=sam -t Tetets=wnte—wte 0=l9=-1 =1 a=-1

N
BA2) X

1=at3+Bt2(t+1)+yt(t+1)+6(t+1) =6+ (7+6)t+(B+7) 2+ (a+B)t2 = 1=6, 0=7+4, 0=B+7, 0=a+8

_ 1 1 1 1 — -2 _ ,—4 -6 _ _1
_/|:><2 x4 + x6 X2+1:| dX—/|:X X + X x2+1 dx

1 -5
—x Xy x -1, 1 1 _
= =3 = arctgx +c= — & + 333 55 —arctgx +c,

xeR—{0}, ceRr.

_ {Rozk\ad na parcialne zlomky:
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Riesené priklady — 143, 144
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Riesené priklady — 143, 144

_ [Subst. t=x—1
dt=dx

X%R*{l}}
te R—{0}

dt=dx

_ {Subst. t=x—2

x€R {2}}
te R—{0}
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Riesené priklady — 143, 144

Subst. t=x—1
dt=dx

Xe,mm} _ (t—1)*dt
te R—{0} 2

_ [Subst. t=x-2
dt=dx

xeR {2}}: (t+1)*dt
te R—{0} &

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

41 41-42 4344 45-46 47-48 49-50

Riesené priklady — 143, 144

Subst. t=x—1
dt=dx

xeR—{1}] _ [(@=1)*dt _ [ (t*—4t>+61>—4t+1)dt
zﬁR—{O}}_ N t2

_ [Subst. t=x-2
dt=dx

te R—{0}

x€R {2}}_/(t+1)4dt_/(t4+4t3+6t2+4t+1)dt
: - 2 - 2
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Riesené priklady — 143, 144

_ [Subst. t=x—1
dt=dx

xeR—{1}] _ [(@=1)*dt _ [ (t*—4t>+61>—4t+1)dt
zﬁR—{O}}_ N t2

:/[t2—4t+6—%+t_2} dt

_ [Subst. t=x-2
dt=dx

x€R {2}}_/(t+1)4dt_/(t4+4t3+6t2+4t+1)dt
_ - t2 - t2

te R—{0}

:/{t2+4t+6+%+t*2} dt
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Riesené priklady — 143, 144

_ [Subst. t=x—1
dt=dx

xeR—{1}] _ [(@=1)*dt _ [ (t*—4t>+61>—4t+1)dt
zﬁR—{O}}_ & t2

:/{t2—4t+6—%+t_2} dt=L5 -4 1 6r—4In|t|+ +c

_ [Subst. t=x-2
dt=dx

x€R {2}}_/(t+1)4dt_/(t4+4t3+6t2+4t+1)dt
_ - t2 - t2

te R—{0}

:/[t2+4t+6+%+t’2} dt:§+“2ﬁ+6t+4ln ==
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Riesené priklady — 143, 144

(x—1)2+6(x—1) —4In|x—1| — % +c

xeR—{1}] _ [(@=1)*dt _ [ (t*—4t>+61>—4t+1)dt
zﬁR—{O}}_ N t2

:/{t2—4t+6—%+t_2} dt=L—%2 16t 4In|t|+ S +c

_ [Subst. t=x—1
dt=dx

— 0D o(x—1)2 4 6(x—1) —4ln|x—1| — =25 + ¢, xe R—{1}, ceR.

)2 +6(x—2)+4In|x—2| — L5 +¢
_ [Subst. t=x—2|xeR—{2}] __ [ (t+1)*dt _ [ (t*+4t>+6t°+4t+1)dt
_{ dt=dx|teR {o}}_ T t2

:/{t2+4t+6+%+t*2} dt=L+22 1 6t44In|t|+ 5 +c

= 02 4 o(x—0)2 4+ 6(x—2) + 4In|x—2| — =15 + ¢, xeR—{2}, cER.
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RiesSené priklady — 145, 146
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RiesSené priklady — 145, 146

/ dx _/ dx
' x3—7x—6 _‘ (x—1)(x—2)(x+3)
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RiesSené priklady — 145, 146

(x—1)(x—2)(x+3)

B Y
e = it tah
1= a(x—2)(x+3) + B(x—1)(x+3) + y(x—1)(x—2) = (—6a—3B+27) + (a+28-37)x + (a+8+7)x?

___ | Rozklad na parcialne zlomky

__ | Rozklad na parcialne zlomky:

B
(x+1)(x11)(x—2) =ihteites
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7)x?
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RiesSené priklady — 145, 146

(x—1)(x—2)(x+3)

i4 1 a 5, i, % . % 1 1 1
___ | Rozklad na parcialne zlomky D23 — x itistas —rr= +—3 a=—3, B=z 7=z
1= a(x—2)(x+3) + B(x—1)(x+3) + y(x—1)(x—2) = (—6a—3B+27) + (a+28-37)x + (a+8+7)x?

5 o 1 —
3 5

1 _
CADeD62) %l

Rozklad na parcialne zlomky =
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) +

X1 x—2 = x+

—3a—B)x + (a+B+7)x?

beerb@frcatel. . i.uniza.sk/~beerb
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RiesSené priklady — 145, 146

/ dx _/ d
' x3—T7x—6 _‘ (x—1)(x—2)(x+3)

ng 1 a , B | 3 i % _1 1 =1
___ | Rozklad na parcialne zlomky OG- — 1 Tx2txs = I T2 Txs @ 7 B=5 7=
1= a(x—2)(x+3) + B(x—1)(x+3) + y(x—1)(x—2) = (—6a—3B+27) + (a+28-37)x + (a+8+7)x?

1 1 1
— — 4 5 20
_/|:><—1+x—2 x+3:|dX

o 3 v z : _1 _
D) — i tri Tz = I Txa Tz @=5 B=-—

1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) (2(\*2&*"3 + (—3a—B)x + (a+B+7)x?

1
S=ar

_ {Rozk\ad na parcilne zlomky: rrgytre—s = J

R Y
:/{m+ﬁ+mdx
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RiesSené priklady — 145, 146

/ dx _/ dx .
' x3—7x—6 _‘ (x—1)(x—2)(x+3)

_ {Rozk\ad na parcialne zlomky:

a 3 o —a 5 20
63 l)(xlz](x 3 = 1 tx2 T3 = =1 T2 tx43 @ %' B
1= a(x—2)(x+3) + B(x—1)(x+3) + v(x—1)(x—2) = (—6a—38+27) + (a+28—37)x + (a+

1
5
B+7)x?

1 1
:/{—“1+Xi2 ;—_fg}dx: —2In|x=1]+ L In|x=2| + % In|x+3| +c,
xeR—{1,2, -3}, ceR.

_ d _1 Loy 1
_/m sIn|x+1[ = 3In|x=1|+ 3In|x=2[+ ¢

1
5

1 1
2 3 _
+35 o=

ol

D= = i txatxz = 1T

_ {Rozk\ad na parcialne zlomky: ———t— . — J =
1= a(x—1)(x—2) + B(x+1)(x—2) + y(x+1)(x—1) = (2a—28—7) + (—3a—B)x + (a+B+7)x?

1

1 11
:/{Xﬁﬁ—ﬁ—x_?l—i—ﬁ]dx:% In|x+1] = 3In|x=1] + 3 In|x=2| +c,
x€R—{+£1,2}, ceR.
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Riesené priklady — 147, 148
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Riesené priklady — 147,

/. dx _ / dx
7 (x—2)(x+1)?

‘ dx _ ‘ dx
/x3+x3—x—1 - /(x—l)(x-‘,—l)2
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Riesené priklady — 147, 148

dx
x—2)(x+1)?

1 _ _« B
DGTE = 2t Tt e

__ | Rozklad na parcialne zlomky:
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

dx

(x—1)(x+1)?

1 _ B
C=DGF? = 51T T oy

1= a(x+1)? + B(x=2)(x+1) + 7(x=2) = (a—B—7) + (2a+7)x + (a+B)x?

_ {Rozk\ad na parcialne zlomky:

beerb@frcatel. . i.uniza.sk/~beerb
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Riesené priklady — 147, 148

dx
D) (AT

1

1 _ _«a 3 v _ -1 -1 _1 _
CDGHY = x2 T3 T od1P = 2 Tl T e @ B=—

1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

__ | Rozklad na parcialne zlomky: é,

dx
(x—1)(x+1)?
Rozklad ilne zZlomky: b= a4 B v & iy 3,1 g 1 1
— | Rozklad na parcidlne zlomky: r—pgqy = % 1‘x71‘(x—l)A*x—1+x+1+(x—1)2' a=gz, P=—7. 7=—3

1=oa(x+1)?+ «f(x—Z)(xA1;+ Y(x=2) = (a—B—7) + 2a+7)x + (a+B)x?
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

— Rozklad na parcialne zlomky: W:X“QJrﬁJrW:ﬁ ><}1+(x i), (\:é, J:*é, 7‘:7%
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

_/|:>< 2+X+1 (x+1)2:|dX

1 1 1
= GHE = eateitenp %= f=—2 7=-3
1= a(x+1)? + B(x—2)(x+1) + ( —2) = (a—B—7) + 2a+7)x + (a+8)x?

_ {Rozk\ad na parcialne zlomky: m ==

:/[xéd‘_x_i_k(x-‘rly}dx
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Riesené priklady — 147, 148

/. dx _ / dx
x3—=3x—2 = [ (x—2)(x+1)?

— Rozklad na parcialne zlomky: Wm = x“2+x»/1+(xA1)? = ﬁ ><}1+(x i) (\:é, J:*é, 7‘*7%
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

—/[X 2+X+1 (X+1)2}dx gIn|x— 2|—1|n|x+1|—L1)1)+c

1 1 1
= GHE = eateitenp %= f=—2 7=-3
1= a(x+1)? + B(x—2)(x+1) + ( 2) = (a—B—-7) + (2a+7)x + (a+B8)x?

_ {Rozk\ad na parcialne zlomky: m ==

1
1 x+1
:/[X%+Tﬁ+(x+1)2}dx_’|”‘x 1|—l|”|x+1|_+7)1)+c
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Riesené priklady — 147, 148

— Rozklad na parcialne zlomky: Wm = x“2+x»1+(xA1)? = ﬁvﬁJrﬁ (\:é, J:*é, 7‘:7%
1= a(x+1)® + B(x—2)(x+1) + v(x—2) = (@—28-27) + (2a—B+7)x + (a+B)x>

1 1
1 x+1
:/[Xi‘2+x+91+(x+1)2}dx |n\x 2|_l|n|x+1|—+7)1)+c

dx _ dx _ 1 . _ 1 i 1
/m = /(x—l)(x+1)2 — 2 Inibe—1] — = ini|xF1| + sy €

_ {Rozk\ad na parcialne zlomky:

1 _ 3 ol i 2 _ _
DGR = ATt ey T et T e 9T BE-1 =3

1= a(x+1)? + B(x=2)(x+1) + 7(x=2) = (a—B—7) + (2a+7)x + (a+B)x?

+<x+1)2]dX— Injx—1] - 3 In jx+1] — G- 4 ¢
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dx
2—2x+2)(x—1)
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dx
—2x+2)(x—1)

1 _ _ax+p 4+
(+2x+2)(x—1) = x?—2x+2 ' x—1

__ | Rozklad na parcialne zlomky:
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

dx _ dx
x3—3x2+3x—1 (x—1)3
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o dx
) —1)
_ Rozklad na parcidlne zlomky:! (x2+2x+12)(x—1) = xz\lexf\z L=y L a=—1, =1, 4=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

/Xs_z -1 —
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Riesené priklady — 149, 150

dx
x2—2x+2)(x—1)
__ | Rozklad na parciélne zlomky (XQ‘ZX‘IZ)(X 1)—%\2;1‘2 L=l L a=-1, =1, 4=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

:/[ 5t —}dx

dx

/Xs_z -1 —
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dx
x2—2x+2)(x—1)
__ | Rozklad na parciélne zlomky (XQ‘ZX‘IZ)(X 5 =2+ =t o=-1, B=1, 7=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

o i —x+1 x—1)dx dx
—/[ﬁ *}dx—*/ileJrﬁ/m

dx

/Xs_z -1 —
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dx
x2—2x+2)(x—1)
__| Rozklad na parcialne zlomky: (XQ‘ZX‘IZ)(X 5 —XZ\XZ';‘Z = l—x’gler—, a=-1, B=1, =1
1= (ax+B)(x—1) + 7(x®?—2x+2) = (=B+27) + (—a+B—-27)x + (a+7)x

Y (x—1)d dx 1 [(x-2)d d
= e

dx

/Xs_z -1 —
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dx
x2—2x+2)(x—1)
__ | Rozklad na parciélne zlomky (XQ‘ZX‘IZ)(X 5 =2+ =t o=-1, B=1, 7=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

— 7><+1
_ —2x+2

_ 1 (x2—2x+2)’dx+ dx
- 2 x2—2x+2 x—1

x—1)dx dx
7}dx_*/>(<2—2i+2+/ﬁ—

1 .(2x72)dx+ dx
2 [ x2—2x+2 x—1

dx

/Xs_z -1 —
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dx
x2—2x+2)(x—1)

__| Rozklad na parcialne zlomky: (XQ‘ZX‘IZ)(X I = XZ\XZ';‘Z =5 —X’XIZJr—, a=-1, B=1, =1

1= (ax+B)(x—1) + 7(x®?—2x+2) = (=B+27) + (—a+B—-27)x + (a+7)x
. — X1 [ (x=1)dx dx 1 [(2x=2)dx dx
_/[ —2xt2 ]dx_ /><2—2x+2Jr 1= "2 etz T [ %=1
_ 1 (X2—2‘x7+2)’dx A 1inlx2— _
=—3|“aar =3[} =2x42[ +In[x—1| + ¢

dx

/Xs_z -1 —
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Riesené priklady — 149, 150

dx
x2—2x+2)(x—1)
__ | Rozklad na parciélne zlomky (XQ‘ZX‘IZ)(X 1)—%\2;1‘2 L=l L a=-1, =1, 4=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

(2x—2) dx

—x+1 dx 1
x—1" 2[ x2—2x+2

st fims ]

2_2x+2)'d
-1 %Jr/xd%lz—%ln\xz—z”z]+In|x—1|+c
_ [x®—2x+2
_{ =(x 1)2>1>o]

dx

s

=l

dx

/Xs_z -1 —
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dx _ dx
x3—=3x2+4x—2 = [ (x?—2x+2)(x—1)
__ | Rozklad na parciélne zlomky (XQ‘ZX‘IZ)(X 5 =2+ =t o=-1, B=1, 7=1
1= (ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

Y (x—1)d dx 1 [(x-2)d d
=

_—l/miﬁ)/dﬂr/d—x:—%ln |x?=2x+2| +In|x—1| + ¢

2 x2—2x+2 x—1

:V it ]:—%In (x*=2x+2) + 3 In(x—1)> + ¢

=(x—1)2+1>0

dx

/XS_ 2 —1 —
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dx
—x12)(x—1)
Rozk\ad na parcwa\ne zlomky = ‘12)(X I = XZI\XZ‘x{\ZAx;l = x72t12+7' a=-1, B=1, ~v=1
(ax+B)(x—1) + y(x®—2x+2) = (=f+27) + (—a+B—27)x + (a+7)x?

=il SR _ [ (x=1)dx d _ 1 [(x=2)dx dx
/X2 22 T - 1}dx_ /><2—2x+2Jr 1= "2 etz T [ %=1

(x*—2x+2)" dx dx 1 2_ _
2 i v —|—/—X71— 2In‘x 2x—|—2’+|n|x 1]+ ¢

:{% 2x+2 ]:_%m (x2—2x+2) + 1In(x 12 +c¢

=(x—1)2+1>0

=1 |nxg%i)+2 +c¢, xeR—{1}, ceR.

dx
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dx _ dx
x3—2x—4 = [ (x®4+2x+2)(x—2)
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x _ dx
x3—2x—4 = [ (x®4+2x+2)(x—2)

i 1 _ _axtB 5
— Rozklad na parcidlne zlomky: B2 = roxis Trs

1= (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?
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x _ dx
x3—2x—4 = [ (x®4+2x+2)(x—2)

wx+8 v

7 . —x_a 1 .
Tae—D) — diaxn T = e t s A= i T=10
1= (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

___ | Rozklad na parcialne zlomky
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x _ dx
x3—2x—4 = [ (x®4+2x+2)(x—2)

3 - _x_ 4
yx+8 =10

s L= B v 10
(x2+2x+2)(x—2) xX24+2x+2 ' x=2 ,Y:\Qx\2+x 2!

1= (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

a=-%, B=-15 1

_ {Rozk\ad na parcialne zlomky:

_x _ 4 1
— 10 10 10
_ + x—2

x24+2x+2 }dX
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_ 4 dx
i /(x3+2x+2)(x72)

_ {Rozk\ad na parcialne zlomky: st _oax+B | v %=1 X q _l B=_4 .

(x2+2x+2)(x—2) xX24+2x+2 ' x=2 X2+42x+2

1= (ax+8)(x—2) + v(x*+2x+2) = (—28+27) + (- 2(\+\1+2 )x-(z\vw)x2

1
_ 10 _10 1 (x+4)dx
/|:><2+2x+2 }dx = 10 XZ42x12 Jr 2
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_ 4 dx
i /(x3+2x+2)(x72)

_{Rozk\ad na parcialne zlomky: ﬁ S/ . —5—1 25, a ,%‘ 3 ,%‘ 5 E}

+2x+2)(x—2) xX24+2x+2 ' x=2 X2+42x+2

1= (ax+8)(x—2) + v(x*+2x+2) = (—28+27) + (- 2(\+\1+2 )x-(z\vw)x2

1
o o 10 1 (X+4) dx _ 1 2(x+4) dx 1 [ dx
/|:><2+2x+2 }dx = 10 XZ42x12 Jr 2 =—20 [ Xr2xr2 T 10 [ x—2
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_ 4 dx
i /(x3+2x+2)(x72)

— {Rozk\ad na parcialne zlomky Wlﬂ(xz) %*ﬁ = ?sz ‘]’2 2 @ 7ﬁ‘ 3 7%‘ 5 %
1= (ax+8)(x—2) + v(x*+2x+2) = (—28+27) + (- 2(\+\1+2 )x + (a+7)x?
X 4
_ | 1 —1¢ i _ 1 [ (t4)dx _ 1 [2(x+4)dx | 1 [ dx
_/|:><2+2x+2 }dx o/x2+2x+2 +15 [ 325 =1 X212x12 T 10 | x-2
(2x+246) dx

20 x2+42x+2 +E x—2
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dx
(x2+2x+2)(x—2)

-/

52 53 53 54 55

55 56 57 58 59-60

— Rozklad na parcidlne zlomky:! WIZ)(xZ) %—ﬁ =z « % B —%‘ 5 %
1= (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?
_ 90— 1 1 [ (x+4)dx _ 2(x+4) dx dx
/[ }dx =10 | siarra 10 [ 2= 30| xraeis T 16 xoz
1 M_f_i dx 1 (2X+2)dx_i el
20 X242x+2 10 —2 7 20 [ x242x+2 20 X2+2><+2 10
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_ 4 dx
i /(x3+2x+2)(x72)

— {Rozk\ad na parcialne zlomky: le)(xz) %*ﬁ X2 ?szwlyz 2 a 7%‘ 3 7%‘ v %
1= (ax+8)(x—2) +v(x2+2x+2) = (—28+27) + (— 2(\+\1+2 )x + (a+7)x?
o = 1 1 [ (x+4)dx _ 1 [2(x+4)dx | 1 [ dx
/[ }dx_ 16 | xtorrs T 16 5= X2T2x2 110 | x-2
—_1 M_f_i dx 1 (2X+2)dx_i NI
20 X242x+2 10 [ x—2 20 [ x242x+2 20 X2+2><+2 10
— Subst. t=x+1|x?+2x+2=x?+2x+1+1 |x€R
{ dt=dx =(x+1+1=t>+1 tCR}
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_ 4 dx
i /(x3+2x+2)(x72)

— {Rozk\ad na parcialne zlomky Wlﬂ(xz) %*ﬁ = ?sz\yz " « 7ﬁ‘ 3 7%‘ 5 %
1= (ax+8)(x—2) + v(x*+2x+2) = (—28+27) + (- 2(\+\1+2 )x-(z\vw)x2
o = 1 1 [ (x+4)dx _ 1 [2(x+4)dx | 1 [ dx
/[ }dx_ 56 o T 10| nos =20 | xrrarie T 16 ) s
—_1 M_f_i dx 1 (2X+2)dx_i NI
20 X242x+2 10 [ x—2 20 [ x242x+2 20 X2+2><+2 10
_ [Subst. t=x+1|x®+2x+2=x2+2x+1+1 |x€R (X +2X+2) dx 6 +L
_{ dt=dx =(x+12+1=12+1 trR} — 20 Xx24-2x4-2 20 t2+1 10 2
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_ : dx
_ /(x3+2x+2)(x72)

_ {Rozk\ad na parcialne zlomky:

1 ax+B |~
(x2+2x+2)(x—2) xX24+2x+2 ' x=2

1 = (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

- = 1 1 (X+4) dx - 2(x+4) dx 1 dx
/[ }dx =—1 X242x+2 +15 2= —% x2Foxt2 110 | x=2
__ 1 M_f_i dx 1 (2X+2)dx_i NI
20 X242x+2 10 [ x—2 20 [ x242x+2 20 X2+2><+2 10
__[Subst. t=x+1]|x?+2x+2=x>+2x+1+1 |x€R (X +2X+2) dx 6 4+l
_{ dt=dx =(x+12+1=12+1 trR} 20 Xx24-2x4-2 20 t2+1 10 2
35 In[x?+2x+2| — Zarctgt + 5 In[x—2| + ¢
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_ 4 dx
i /(x3+2x+2)(x72)

_ {Rozk\ad na parcialne zlomky:

1 ax+f .
(x2+2x+2)(x—2) xX24+2x+2 ' x=2

1 = (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

- = 1 1 (X+4) dx - 2(x+4) dx 1 dx
/[ }dx =—1 X242x+2 +15 2= —% x2Foxt2 110 | x=2
__ 1 M_f_i dx 1 (2X+2)dx_i NI
20 X242x+2 10 [ x—2 20 [ x242x+2 20 X2+2><+2 10
__[Subst. t=x+1]|x?+2x+2=x>+2x+1+1 |x€R (X +2X+2) dx 6 4+l
_{ dt=dx =(x+12+1=12+1 trR} 20 Xx24-2x4-2 20 t2+1 10 2
25 In|x? +2X+2\ Sarctgt+ 4 In|x—2| + ¢

:217)'”()(_2) 2 In (x 2+2X+2) 3 arctg (x+1) +
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_ 4 dx -
_ /(x3+2x+2)(x72) 20

_ {Rozk\ad na parcialne zlomky:

1 ax+f8 5
(x2+2x+2)(x—2) X2H2x+2 T x—2

1 = (ax+8)(x—2) + v(x?+2x+2) = (—28+27) + (—2a+B+27)x + (a+7)x?

- = 1 1 (x+4) dx - 2(x+4) dx 1 dx
/|: }dX— 10 x2+2x+2+ 2 - 20 X242x+2 10 x—2

—_1 M_f_i dx 1 (2X+2)dx_i NI

20 X242x+2 10 [ x—2 20 [ x242x+2 20 X2+2><+2 10

__[Subst. t=x+1]|x?+2x+2=x>+2x+1+1 |x€R (X +2X+2) dx 6 4+l

_{ dt=dx =(x+12+1=12+1 trR} 20 Xx24-2x4-2 20 t2+1 10 2

35 In[x?+2x+2| — Zarctgt + 5 In[x—2| + ¢

:%In(x—2) — % In(x 2+2x+2) 3 arctg (x+1) + ¢

1y (=2 3
20 In X2+ox+2 — 10 arctg (X+1) +cC, xXe R—{2}, ceE R.
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— dx
7/(x2+1)(><2— \/§X+1)(X2+\/§X+1)
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= dx — % + %\/54»% + 72)(W+% dX
(x2+1)(x2—\/§x+1)(x2+\/?:x+1) 7 x2+1 x24++/3x+1 x2—+/3x+1
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3 N 7
/(x2+1)( \[X-Q—l) x2+\fx+1) /[Xii-l + xzj—\s/gx—&-l + 2\/><+1:| dx

+ 2x+ 4‘[ . 2x— # d
X2+1 4\[ X2+fx+1 x2—~/3x+1 X

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

RieSené priklady — 152

3 N 7
/(x2+1)( \[X-Q—l) x2+\fx+1) /[Xii-l + xzj—\s/gx—&-l + 2\/><+1:| dx

n 2x+4f+f V3 2XJTV5—«/§+\/§}d
X2+1 4\[ X2+fx+1 x2—+/3x+1 X
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3 N 7
/(x2+1)( \[X-Q—l) x2+\fx+1) /[Xii-l + xzj—\s/gx—&-l + 2\/><+1:| dx

n 2x+4f+f V3 2XJTV5—«/§+\/§}d
X2+1 4\[ X2+fx+1 x2—~/3x+1 X

2x+/3 e -3 V3
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3 23 7ﬁ+%
/(X2+1)( \/X-&-l) x2++/3x+1) /[Xa‘l i x2++/3x+1 + x2—+/3x+1 dx

2x+4f+f Vi =23 -V31V3 d
x2+1 + 4\f x2+fx+1 x2—/3x+1 }
=larctgx + -1 / cty3 V3 = + 5 ng_\/g }dX
3 43 [ [ x2+V3x+1 | x2+V3Bx+1 fx+1 —V/3x+1
{Subst u= x+‘[ du=dx|x€R, ueR|x ,\/3x\17(xL‘2)2 1 % 4\%(@ V3) }
Subst. v= xf— dv=dx|xeR, veR (X:‘f) +3 (Xi%g)%r(%)z‘o %*% 41;3 %
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1 1
e
3 x2—1/3x+1
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1
3
/(x2+1)( \/x+1) x2+1/3x+1) /[X“rl u x2++/3x+1
n 2x+4f+f V3 _ 2= VB3]
X2+1 4\[ X2+fx+1 x2—+/3x+1
—Larctgx+ Lo [ 2B 4 VS 2edE Mg,
3 4\/ x24++/3x+1 x2+4/3x+1 fx-&—l —/3x+1
Subst. u=x-+ \/3 du=dx|x€R, ueR|x>+3x+1= (XL‘T/?)Z 1 % 4\%(@ V3)
dv=dx|x€eR, veR 3 /32 250 R (e

X,f

|

Subst. v

€R, (x:‘;) +3 = (x£%°) +(%)
1 1 (P+V3x+1)  (xX*=V3Bx+1)’ 1 [ du 1 [ dv
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(x2+1)(x2 \/X-&—l) x2+\f><+1) x2+1 T 24/Bx41 | x2—/3x+1
n 2x+4f+f V3 _ 2= VB3]
X2+1 4\f Py —V/3x+1
=Larctgx + 2x+V3 V3 23 s VL] dx

3 4\/ x24++/3x+1 x2+4/3x+1 x2—+/3x+1 V3x+1

Subst. u=x-+ \3 du=dx |x€R, ueR |x ,\/3x\17(xL‘2) 1 % 4\%(@ V3)

Subst. v xf— dv=dx|x€R, veR (X:‘f) +1=(x i‘TG) +(%) >0 1-i=3=1
_1 1 [+ (x —fx+1 yifdu 1 av
=3 arctg x+ 4\/§/|: P el \[er 12 w+i + 12 v2+1
1 In (x*++/3x+1)—In (x27\[><+1) 1 u 1 1 %
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(x2+1)(x2 \[X-Q—l) x2+\fx+1) x2+1 x24++/3x+1 x2—+/3x+1
n 2x+4f+f V3 _ 23 -VEVE]
X2+1 4\[ X2+fx+1 —V/3x+1
_1 2x++/3 -V3 _ -3 4733_‘/§
— 3 arCth + 4\f/|:x2+fx+l x24++/3x+1 fx-&—l + —/3x+1 dx

Subst. u=x-+ \3 du=dx |x€R, ueR |x ,\/3x\17(xL‘2) 1 % 4\%(@ V3)

Subst. v xf— dv=dx |x€eR, veR (x:‘;) +4 ( i‘TG) +(%)250 %7% 41;3 %
_1 1 [+ (x —fx+1 yifdu 1 av
=3 arctg x+ 4\/§/|: P el \[er 12 w+i + 12 v2+1
_1 |n(x2+ﬁx+l)f|n(x27\fx+1) 1 1 v
=z arctg x+ +3 T T 2 Earctg +12 garctg g—f—c

_1 X +fX+1 1 1
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(x2+1)(x2 \[X-Q—l) x2+\fx+1) x2+1 x24++/3x+1 x2—+/3x+1
n 2x+4f+f Vi =23 -V31V3 dx
X2+1 4\f Py —V/3x+1
_1 2x++/3 -V3 _ -3 4733_‘/§
— 3 arCth + 4\f/|:x2+fx+l x24++/3x+1 fx-&—l + —/3x+1 dx
_ Subst. u= x\\g du=dx |xER, ue Rx,\/SX\lf(xLH) 1 % 4\#/3(% V3)

Subst. v xf— dv=dx |x€eR, veR (x:‘;) +4 ( i‘TG) +(%)250 %7% 41;3 %
1 1 [ [PHVEx41) (x —fx+1 1 [ du_, 1 [ dv
_3arctgx+4\/§/[ Y] fx+ +1 u2+%+12 g

1 |n(x2+ﬁx+l)f|n(x27\fx+1) 1 1 v
=jzarctg x+ — +& garctg +12-garctgg+c
_1 1 XVBx4l 1 1

=3 arctg x+ f In a1 T6arctg 2u—&—6 arctg2v+c

_1 1. XP+VBx+1l | arctg (2x+V/3) | arctg (2x—+/3)
3arctgx+4\fln 27\/§x+1+ 5 + 5 +c, xeR, ceR.
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_ x dx — |: 3 o 6 6 L
(x2+1)(x2—+/3x+1)(x2++/3x+1) x24+1 x24+4/3x+1 x2—/3x+1
_;/2xdx 1 [ 2x42V3 | 2x=2V3 }dx

x_ 3 x 1 V3
- i (P
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/.de

x64+1
— x dx — |: 3 + _%_§ e _§+§ dx
] (H1) (2 —V3Bx+1)(x24+V3x+1) x24+1 x24+4/3x+1 x2—/3x+1
:é/2><dx_i [2x+2f - 2= 2f:|dX

X*+L 12 [ | x244/3x+1 —V/3x+1
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/.de

x64+1
— x dx — |: 3 + _%_§ e _§+§ dx
] (H1) (2 —V3Bx+1)(x24+V3x+1) x24+1 x24+4/3x+1 x2—/3x+1
:é/2><dx_i [2x+2f - 2= 2f:|dX

X*+L 12 [ | x244/3x+1 —V/3x+1
_1fCydx 1 [ 2x4vE . VB 2%=v3 B
6 x2+1 12 | | x24+/3x+1 x24+4/3x+1 —/3x+1 x2—~/3x+1
Subst. u= x+f du=dx |xeR, ueR|xP£VAx+1= (x£3)°+1-3 = (x+L)*+1 = (x+ L)’ + (1)’ >0
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/.de

x64+1
— x dx — |: 3 + _%_§ e _§+§ dx
] (H1) (2 —V3Bx+1)(x24+V3x+1) x24+1 x24+4/3x+1 x2—/3x+1
:é/2><dx_i [2x+2f - 2= 2f:|dX

X*+L 12 [ | x244/3x+1 —V/3x+1
_ 1[04 dx 1 24v3 4 VB 2=VB V3 dx
6 x2+1 12 | | x24+/3x+1 x24+4/3x+1 —/3x+1 x2—~/3x+1
du=dx |x€R, ueR|x2£VAx+1= (x£L)*+1-3 = (x£2)*+1 = (x£B)* 1 (1)

{S ubst. u=x+%> VE

Subst. v xf—

2
>0
(x®+V3x+1)(x2=v3x+1) = (x2+1)2—(v/3x)2 = x*—x2+1> 0 }

1 2 (><2+\/§><+1)’ (><2—\/§><+1)/ V3 du V3 dv
—5|n(X +1)_E { x2+/3x+1 x2—+/3x+1 -1 U2+%+

dv=dx|xeR, veR

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

RieSené priklady — 153

x dx
x64+1

x _x_ V3 _x. V3
_ x dx — 34 66 66 dx
(x2+1)(x2—+/3x+1)(x2++/3x+1) x2+1 x24+/3x+1 x2—/3x+1
_ 1 f2xdx 1 2x+2v/3 2>< 23
= 6/x2+1 12 [ + 3 } dx

x24++/3x+1 —/3x+1
_ 1[04 dx 1 24v3 4 VB 2=VB V3 dx
6 x2+1 12 x244/3x+1 x24+4/3x+1 x2—~/3x+1 x2—~/3x+1
Subst: uf><+v5 du=dx|x€R, ueRr x2>\/§x+1:(x}%§)2+1—%:(x-\76)2+%:(x}\/7§)2+(;)2 >0
Subst. v xf— dv=dx |x€R, vER|(x®+V3x+1)(x2—V3x+1) = (x*+1)>—(v3x)? = x*—x*>+1 > 0

1 2 (><2+\/§><+1)’ (><2—\/§><+1)/ V3 du V3 dv
—5|n(X +1)_E [ x2+v/3x+1 x2—/3x+1 dx_ﬁ U2+l+
_ In(x*+1)>  In(°+V3x+1)+In (x*—V3x+1) V3 1
7 12 12 12

N

arctg 3 ‘[ Larctg Y+ ¢
2
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x _x_ 3 x4 V3
_ x dx — 3 66 66 dx
(x2+1)(x2—+/3x+1)(x2++/3x+1) x24+1 x24+4/3x+1 x2—/3x+1
_ 1 f2xdx 1 2x+2v/3 + 2>< 23 dx
6 x*+1 12 ] | x244/3x41 —V/3x+1
_ 1[04 dx 1 24v3 4 V3 2=VB V3 dx
6 x2+1 12 x24++/3x+1 x24+4/3x+1 x2—~/3x+1 x2—~/3x+1
Subst uf><+v5 du=dx |xER, ueR x2>\/§x+1:(x}%§)2+1—3:(x-\76)2+%:(x}%§)2+(%)2 >0
Subst. v xf— dv=dx |x€R, vER|(x®+V3x+1)(x2—V3x+1) = (x*+1)>—(v3x)? = x*—x*>+1 > 0
_1 2 1 [[6AEVEx+L) | (P=V3x+1) B du | VB[ dv
T 6 I L) [ x2+v/3x+1 x2—/3x+1 dx—33 u2+1+ 12 | v241
2 32 2 2_
_ In(x12+1) _In(x +x/§x+1)1+2ln (*=V3x+1) f 1 arctg +¥3 f %arctg %"‘Cl
2 2
_1 (A1) 3 i
15 In VA ) (e — V3 D) arctg 2u+ % arctg2v+c1
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(x“+1)° v 3 arct, X 3
x2+1

— x dx — 3 + _%_§ e _§+§ dx
] (H1) (2 —V3Bx+1)(x24+V3x+1) x24+1 x24+4/3x+1 x2—/3x+1
:é/2><dx 1 [ 2x+2/3 - 2= 2V/3 }dx

X*+L 12 [ | x244/3x+1 —V/3x+1
_ 1[04 dx 1 24v3 4 VB 2=VB V3 dx
6 x2+1 12 | | x24+/3x+1 x24+4/3x+1 —/3x+1 x2—~/3x+1
du=dx |x€R, ueR|x2£VAx+1= (x£L)*+1-3 = (x£2)*+1 = (x£B)* 1 (1)

dv=dx

Subst uf)<+v5
Subst. v xf—

20
(x®+V3x+1)(x2=v3x+1) = (x2+1)2—(v/3x)2 = x*—x2+1> 0 }
_1 2 1 [[6AEVEx+L) | (P=V3x+1) V3 [ du V3 [ dv
=¢In(x*+1) 12 [ ey Sy dx—¥5 u2+1+

In(x*+1)°>  In(x*+v3x+1)+In (x> —v3x+1) f 1 f 1
X12 _ X X > X X arCtg +

xeR, veR

— (2+1)* V3 f
=15In Vi —V3dD) 6 arctg 2U+T arctg 2v+cl

2,112 B
— 1] X(AX_J;213_1 . \/garctg6(2x+\/§) + \/garctgé2x V3) tc, xR, cLER.

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

RieSené priklady — 153

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

RieSené priklady — 153

x dx
x64+1

. {Snbst t=x2

x € (—o0; 0),

x€(0; 00), t€(0; c0)

dt=2xdx
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x dx
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__[Subst. t=x?
dt=2xdx

€(—00;0), te(0;¢ }:l dt
x€(0; 00), t € (0; 00) 2 [ 341
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x dx
x64+1

_ {Snbst t=x?
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x € (—00;0), t €(0; c }71 dt 1 dt
xe(0io0), te(0io0) | 2 | B+1 7 2 [ (t+1)(2—t+1)
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x dx
x64+1

__[Subst. t=x?
dt=2xdx

x?(fx,o,t,tél\o,x)}il dt 1 dt
x€(0;00), te(000) | 2 [ 341 T 2 [ (t4+1)(t2—t+1)

_1
_5/{t+1+t2 t+1} dt
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x dx
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dt=2xdx

1 3t+3 1 /de 1 2t—4
_2/{t+1+t2 t+1}dt_6 t+1 12/ t+1dt
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_ {Snbst t=x?
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1 3t+3 1 /de 1 2t—4
_2/{t+1+t2 t+1}dt_6 t+1 12/ t+1dt

_1[dt 1 [2t-1-3
—6/t+1 12/ Tt At

x€(—00;0),te(0;00)] __ 1 dt 1 dt
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x dx
x64+1

__[Subst. t=x?
dt=2xdx

1 dt 1 2t—4
_2/{t+1+t2 t+1 dt— /+ 2/ t+1

x € (—o0;0), t€(0; ’)() 1 dt 1 dt
x€(0; 00), t€(0; c0) —2[8B+17 2 (t+1)(t2—t+1)

_1 [dt 1 2r13 _1 _ 1 f(et= l)dt+ dt
T 6 ) t+1 12 t+1 G t+1 t2 t+1 t2—t+1
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x dx
x64+1

_ {Snbst t=x?

dt=2xdx

1 dt 1 2t 4
_2/{t+1+t2 t+1 dt - /+ 12 t+1

x € (—o0;0), t€(0; ’)() l dt 1 dt
x€(0; 00), t€(0; c0) 2 t34+1 7 2 (t+1)(t2—t+1)

G\H—l

dt 1 2t 1— 3 _1 1 [ (et= 1)dt+ dt
t+1 12 t+1 6 t+1 t2—t+1 t2—t+1

Subst. u=t—1 v
2 . 1y2 L7 132 3 _,.2 V32 -
du=dt | u il = (b=g) 4l = (¢ 5)2‘5*“‘(\2))0}

te(0; )
c(-1
- 2

.X)

—
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x dx
x64+1

_ [Subst. t=x
dt=2xdx

_1 2t—4
_2/{t+1+t2 t+1 dt /t+1 / t+1
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T2 ) 341 7 2 [ (t+1)(2—t+1)
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§/{t+1+m} dt —_€/T+7 tJtr+1 dt
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4
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1
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x€(—00;0),te(0;00)] _ 1 [ tdt __ 1 tdt
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12
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du=dt
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(x2+1)(x2—/3x+1)( x2+\fx+1) x2+1 x2+4+/3x+1 —V3x+1

2+884v3-v3 | 2%-8E 313
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_ [Subst. t=x®+1|x€(—00;0), te (1;00) _ 1 fdt__ 1 _1
_{ dt=6x°dx | x€(0; 00), t € (1; 00) }_6 t _6|nt+c 6| (X +1)+C
xXER, ceR.

_ x° dx _ 3 + 5+¢ + - Al

(X2+1)(X27\/§X+1)(X2+\/§X+1) x2+1 x24+/3x+1 x2—+/3x+1

2x dx 2x+/3 2>< V3

76/X2+1 + \/{x“rfx—&-l + fx—&-l} dx
_ 1 [ (P+1) dx 1 (*+v3x+1)’ (x —fX+1)
76/ 21+ 6/[ Y e R R e e

tin(x3+1)

+ £ In(x®+V3x+1)
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_ [Subst. t=x%+1
dt=6x°dx

x€(—00;0),te(l;jo0)] 1 fdt 1 _1
x€(0;00), te(1;00) }_6 t 6 |nt+C 6| (X +1)+C

xXER, ceR.

— x> dx — |: 3 4 §+Tf 4L §_§ dx
T (1) (x2—VBx+1)(x2+v3x+1) ~ [ | x3+1 x24+/3x+1 x2—/3x+1

2x dx 2x++/3 2x—/3
*6/x2+1 + /[x2+fx+1 T fx+1} e

_ 1 [ (P+1) dx 1 (*+v3x+1)’ (x*=v3x+1)’
75/ x2+1 +6/|: Xx24+/3x+1 + x2—/3x+1 }dX

=2In(x*+1) + £ In(x*+v3x+1) + % In(x? —V3x+1)+c
=2 In[(x*+1)(x*+v3x+1)(x2=V3x+1)] +¢

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Riesené priklady — 157

_ [Subst. t=x%+1
dt=6x°dx

x€(—00;0),te(l;jo0)] 1 fdt 1 _1
x€(0;00), te(1;00) }_6 t 6 |nt+C 6| (X +1)+C

xXER, ceR.

— x> dx — |: 3 4 §+Tf 4L §_§ dx
T (1) (x2—VBx+1)(x2+v3x+1) ~ [ | x3+1 x24+/3x+1 x2—/3x+1

2x dx 2x++/3 2x—/3
*6/x2+1 + /[x2+fx+1 T fx+1} e

_ 1 [ (P+1) dx 1 (*+v3x+1)’ (x*=v3x+1)’
75/ x2+1 +6/|: Xx24+/3x+1 + x2—/3x+1 }dX

LIn(x2+1) + % In(x®+v/3x+1) + £ In(x? —V3x+1)+c

=56
=LIn[(x2+1) (2 +V3x+1)(x2—V3x+1)]+c =L In(x0+1)+c,
XER, ceR.
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(X +1—1)dx de— —x— 4 23 ' 3 + 2v3 ' 3
Tx5+1 x6+1 X241 1 x24Bx+1 | x2—/3x+1
2x+M 2x— 402
=X — 27 3 = = dx
x“+1 4f x2+1/3x+1 —V/3x+1
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x% dx
x0+1
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(X +1—1)dx de— —x— 4 23 ' 3 + 2v3 ' 3
T ox5+1 X6+1 x2+1 x2+\[x+1 x2—+/3x+1
e 2x+%+ﬁfﬁ 22 V3+v3]
a X2+1 4f X2+1/3x+1 7\[x+1
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x% dx
x5+1
1 X 1
(x*+1-1) dx ! PrEME “35t3
X1 dx— X6+1 =X= x2+1 + x24+/3x+1 + x2—+/3x+1 dx

5ill
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1 2x+4f+f V3
- X2+1 4\[ X2+\/§X+1

L3

=X—

2x743£7\/§+\/§ d
7\/§x+1 i|

arctgx 1 2x+f
3 43 | | x@+v3x+1

_ _2x—V3 47\3/5_\6 :| dx

T
x2+4+/3x+1 x2—+/3x+1 x2—+/3x+1

beerb@frcatel.fri.

iza.sk/~beerb



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51

51 52 53 53 54 55 55 56 57 58 59-60
Riesené priklady — 158

x% dx
x0+1

1 x_4 1 S
CEH-Ddx _ [y, =x— |5 + 528" + 24 I dx
x6+1 x6+1 X2+1 T x244/3x+1 | x2—/3x+1
1 2x+“f+f V3 _ 2= V3V3]
= x2+1 4f P x2—/3x+1
— y_arctgx 1 2x+f V3 w3 -3
3 43| | @+vV3x+1 | x24+/3x+1 —V3x+1  x2—/3x+1
Subst. u:x-%—‘/§ du=dx|x€R, ueR|x>+3x+1= (XL‘T/?)Z 1 % 4\%(/’\? V3)
Subst. v= xfi dv=dx |xeR, veR (X:?)Q#»,% (xi%@)%r(%)zs(] %7% % %

beerb@frcatel.fri.uniza.sk

http:/ /frcatel.fri.uniza.sk /~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

51 51 52 53 53 54 55 55 56 57 58 59-60

Riesené priklady — 158

x% dx
x0+1
X —

(X A1) dx — = x— 3 + 2%/§+% + 725/§+% e
X6+1 X6+1 x2+1 Xx24+1/3x+1 x2—/3x+1

X2+\/§X+1 x2—+/3x+1
— o arctgx 1 { 2x+f 4T_\/§ 2x—/3 4—‘3/5—\/5

2x+4f+f Vi 243 -V31V3 q
m 4\f }

3 43 | PHVBx+1 | PHBxfl P—Bx+1l x2—\/§x+1:| dx
__ | Subst. u=x ﬁ du=dx |x€R, ueR|x>£V3x+1= (x* ‘6) F1-2 4\|/§( V3)
Subst. v xf— dv=dx|xeR, veR (x:%i)%r,% (xi‘G)ZJr(%)z >0 1-1 =l
_x_actgx 1 (VI (VB g 1 f du 1 dv
3 4./3 x24++/3x+1 x2—/3x+1 12 )2yl T 12 241
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x% dx
x5+1
X 1 X 1
(*+1-1)dx 3 PV “35'3
X1 dx— X6+1 =X= x2+1 + x24/3x+1 + x2—+/3x+1 dx
e 2x+4f+f V3 =43 V3+v3 dx
= ST — 4\/ x2+x/§x+1 —V3x+1
_y_arctex 1 2x+\[ 3 _ 2x=/3 3 -3 dx
3 43| | x2+V3x+1 x2+\/§x+1 —V/3x+1 —V/3x+1
__ | Subst. u=x VE du=dx |x€R, ueR|x>£V3x+1= (x* ‘5) F1-2 4\%(@ V3)
Subst. v xf— dv=dx|xeR, veR (X:?)Q#»,% (xi‘g) +(%)250 %7% % %
o arctgx (*+V3x+1)’ _ (x*=v/3x+1)’ dx— L du _'_i dv
3 4\[ x2+\fx+1 x2—/3x+1 12 )2yl T 12 241
_ o arctgx _ In(x*+v3x+1)—In (x> —v/3x+1) _ 1.1 v, 1.1 v
= e 13 %arctg%+12 %arctg%—f—
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x% dx
x0+1

1 X 1
(*+1-1) dx 3 PR “2/3t3
/ x0+1 dx— ><6+1 =X—| |2 + x24+/3x+1 + x2—/3x+1 &

1 2x+4f+f V3 _ 2= V3V3]
- X2+1 4\[ X2+\/§X+1 x2—+/3x+1

oy arctgx 1 2x+f YPV3 -3 -3 dx
3 4\/ x24+4/3x+1 x2+4+/3x+1 x2—+/3x+1 x2—+/3x+1
_ Subst. u=x-+ VE du=dx|x€R, ueR|x>+3x+1= (x+ ‘5) 1 % 4\%(@ V3)
Subst. v xf— dv=dx|xeR, veR (X:?)Q#»,% (xi‘g) +(%)250 2 2ol

_arctgx _ In(HVBx+1)—In (P—v3x+1) 1
3 4/3 12

arctg x 1 X2+\/§X+1
=X— === — — |p T r +1
3 23 M e a1 a ctg 2u G arctg 2v

2
— y_arctgx _ (P+V3x+1)  (x*—v3x+1) dx_ L [ _du _’_i dv
3 4\[ x2+\fx+1 x2—/3x+1 2f 2+l P12 2t
1
1
>

+
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52 53 53 54 55
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1 x_4 1 x_ 41
(x°4+1-1) dx lse— —x— 54 233 23 '3 | dy
x6+1 x6+1 x2+1 1 x24/3x+1 —V3x+1
. 2x+4f+f V3 =43 V3+v3 dx
= ST — 4\/ x2+x/§x+1 —V3x+1
_y_arctex 1 2x+\f 3 __2x—/3 AT\/g—\@ dx
3 43 | | x2+/3x+1 x2+\/§x+1 —V3x+1 V3x+1
__ | Subst. u=x VE du=dx |x€R, ueR|x?>£/3x+ } = ((xa= ‘5) F1-2 4\%(@ V3)
Subst. v xf— dv=dx|xeR, veR (X:%3>2+% (xi‘g) +(%)250 %7% % %
5 Arctex (*+V3x+1)’ _ (x*=v/3x+1)’ dx— L du _'_i dv
3 4\[ x2+\fx+1 x2—/3x+1 12 )2yl T 12 241
_ arctgx  In(*+v3x+1)—In (x*~v3x+1) 1 1 v 1 1 v
=Xx— — i35 Tarctg T +5-tarctg T +¢
2 \/A:\/g 12°1 EIT12'1 €1
. arctg x 1 In X +v3x+1 1 1
=x— 55— = |n X222 gretg 2u+ = arctg 2v
X 3 e = e 5 arctg2u+-g arctg2v+-c
_arctgx 1 X*4v/3x+1 _ arctg (2x+V/3) | arctg (2x—V/3) R
S S 74%' p Ry F + - +c, xeER, ceR.
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_ [Subst. t=2x+1, 2=¢-1
- )7\n(r71)
o In2

x€ER, t&’(l"x,)}

x=log, (t—1 dx= =3z ?ian

_ | Subst. t=v/2xX+1, 2x=¢2-1

In (-1
x=log, (t 1):(‘:72)

2tdt
@-1)in2

X€ER, t(’(l;'x;)}

dx=
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d
x?l'_\’,t&’(l"x,)}i m

dx= t

| Subst. t=2+1, 2*=t-1
— )= In (1)
~ In2

d
x=log, (t—1 G 1§|n2

| __2tdt
_ [ Subst. t=v2¥+1, 2%=t>—1|x€R, te(l;0) _ [ =12
— In (-1 -
x=log, (t*~1)= (\an ) dxz(ﬂ?—rld)rlnz &
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dt
X€ER, t&’(l‘x,)} _ [G&=pm2 _ 1 dt

| Subst. t=2+1, 2*=t-1
_ dx=

In(t—1
)= ”(\:2 }

x=log, (t—1 =Tz t “In2 [ t(t—1)

—_— __2tdt
__[Subst. t=v2%+1, 2*=t>~1| x€R, te(l;00)] @ _1)In2 D) dt
- In (£ - = 2 _
x=log, (2—1)="nlt-1) dx= 2 t In2 [ t2—1
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51 52 53 53 54

241, 2*=t—-1

m( 1)

_ {Subst t

dt
xeR te(lioo)| _ [ GE=pmz __ 1 dt 1
x=log, (t—1)= dxf(r‘fﬁ - t T In2 [ t(t—1) — In2

(t—t+1)dt

t(t—1)

2 dt 2
In2 [ t2—1 7 21In2

_ {Subst. t=+/2x+1, 2*=t2

2tdt
X€ER, f(’(l"x‘)} _ [ E=m2 _
dX*(rl T)h2 :

In (-1
x=log, (t 1):7(‘:2)

In m+c
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Subst. t=2"+1, 2*=t—-1
x=log, (t—1)= ‘”( D)

dt
X€R, te’(l‘x,)} :/m 1 dt 1 [ (t—t+1)dt

dx= t “ In2 [ t(t—1) — In2 t(t—1)

dt
(t-1)In2

JE— 2td
_ [ Subst. t=v2¥+1, 2%=t>—1|x€R, te(l;0) o ﬁ _ 2 dt +
o x=log, (t 1):% dx:ﬁ o t T In2f t2—-1 t+1 ¢
22X 11—
1 241 1+C

|n2 V2X 4141
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x=log, (t—1)= ‘”( D)

x€R, te(1;00) /(r Dz _ 1 dt 1 [ (t—t+1)dt

dx= In2 [ t(t—1) — In2 t(t—1)

(t 1)|n2

<[] ee o= ey

_ Subst. t=+/2X+1, 2x=t2—1|x€R, te(1;00) o m_ D) dt +
B x=logy (2=1)="0E2D | gy— 2ede | = t T2 2-17 2 t+1 €
By ‘/2X+1’1+c:iln V2XF1-1 /2%F1-1 P
In2 " /254141 In2 X141 /25 +1—-1
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Subst. t=2*+1, 2*=t-1
x=log, (t—1)= ‘”( 1)

x€R, te(1;00) /(r D2 _ 1 dt 1 [(t=t+1)dt

dx= In2 [ t(t—1) — In2 t(t—1)

(® 1)|n2

:L/{?ll—l} dt:%[ -1) - Int}+c—|n2ln—+c

In(£*-1)
n2

_ Subst. t=+/2X+1, 2*=t?
o x=log, (t*—1)=

2
1|xeR te(lio0)] _ [ @2=—n)m2 __ 2 dt
dxe _2tdt }*/ t 2| 2-1 2|n2In t+1+c

(GEY
TV, o S T IV i BV s W | 1 2812y /FAi4l
In2 In e tC=m3aln 1 1|Tc=mzln >+1-1 1€
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Subst. t=2*+1, 2*=t-1
dx= In2 [ t(t—1) — In2 t(t—1)

x=log, (t—1)= ‘”( 1)

x€R, te(1;00) /(r D2 _ 1 dt 1 [(t=t+1)dt

(® 1)|n2

=L [|1 -1 dt:i[ -1) - Int}+c-ln2ln—+6——| s21+c

2
1| xeR, te(l;00) . m _ 2 dt
_ } */ t 2 P-1 2|n2 In ¢ 1 ke

_ {Subst. t=+/2x+1, 2*=t2

x=log, (t 1):% dx= @21z
1 W2 EEl=1l _ 1 WZFR=1l 2P R=1 _ 1 25412/ F141
|nzIn \/T+1+C_ 2'” X141 /25 F1-1 = n2I 241-1 B
_ In(242-2v2+ )—In2x+c

In2
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| Subst. t=2+1, 2*=t-1
- m( 1)

x€R, te(1;00) /(r Dz _ 1 dt 1 [ (t—t+1)dt

x=log, (t—1)= dx= =915 In2 [ t(t—1) — In2 t(t—1)
_1 1 1 _ 1 2%
—m/[;—?] dt—72|: ) Int:|+C—|n2|n7+C—7| 2x+1+C
_ In2"—In (2X+1)+C

In2

o {Subst. t=+/2+1, 2X=t?

2t dt
X€ER, t((l"x) . m _ dt _
e }*/f s | E =z N t+1+c

x=log, (t*~1)= m“ 1) r1 l)|n2
— 1 |, ¥2ZHI-1 -1, V2XF1-1 /2411 +e=Ln 241 -2/25F ESES WP
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7{Subst t=2"+1, X=t—1

dt
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T x=logy (t—1)="{t21) = e t " In2[ t(t—=1) ~ In2 t(t—1)

_1 1 o
_m/[f ;} dt—m[ n(t— 1)—|nt}+c_,n2|n—+c_—| n g2 +c
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_ In2 tc= In2 +c

o {Subst. t=+/2+1, 2X=t?

2t dt
1|xeR te(lio0)] _ [ @2=—n)m2 __ 2 dt
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1 e VZHI—1 1 g [P VP A B2/l
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dx 1
2X41
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= W —12L+8hL =

z 4z
Z+1)? —12 [ + 2(z2+1)] +8h = (Z2+1)2 z2+1 +2h
= (Z;‘ﬁ—zf—il—ﬂ arctg z+c¢
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Riesené priklady — 170

:{\/;ERZXE<O;OC)

Subst t=+/x|x€(0;1) =it
x€(0;1 v N (R — 2t dt
1—/x>0: x€(0;1) { >} L:t{ dx=2tdt ra::jo;lj»} t
__ | Subst. z= 7\”1+§ \%:\,'ﬁ 1| 2(1+t)=1-t — |z 2(1-2°) —4zdz
- > ) 2
12 —24(2 (1) ()1 —22(F+1)-(1=2) 22 (,4zd)z te(0:1), z€(0:1) 2241 (22+1)

_ z (z —1) dz Rozklad na parcwa\ne z\omky 3 1
_8/ (417 _[ﬁ | =8 [~ G + ] 42

{Pr lji 1”7 @+ ”) B } :16/3—24I2+811:16[%+4;] —24/2—|—8/1

2 2
2n—2'n=1T 2n=2)(Z2+1)" T (z +1)

4z 4z
(z2+1)2 _1212+8I1: Z@+1)? 12[ +2(22+1)] +8h= Z+1)?
4z

Eamy z2+1 +2arctg z+c _{z* =T

22+1 +2h

T =Vx X—x2—2\/1—x

L /x—x2 | 62
(zﬁ 1 =V1-x+Vx—x?|2F
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61 62 62 63 63 64 65 66 67 68 69 70 70

— [VXER:xe(0ico) | o ©:1) Subst.  t=y/x

1—/x>0: x€(0;1) x:t{ dx=2tdt

_r“b“ z= EZ\HTr \/zlltr Va=2!
2

x€(0;1) 1—t 2
= -2t dt
tC{O;l}} t
)-(1-2%)2z 4,

2(1+t)=1-t — [,.2 1-2%) —4zdz
- T A ‘(2 2
(17 1) (JZd)z te(0;1), ze(0;1) 2241 (Z +1)
_ 22(22—1) dz _ | Rozklad na parcwa\ne zlomky
= 17

3
. - ) dz
{Pr 121: /,,7/—(,, —

(ZTI) @y 1)

= 3 1
GV z2+1} /[(ZQH)3 (G +T+1] dz
53 pm} :16/3_2412+811:16[%+W] —245h+8h
ZW—J.QIQ—FS/:[:

z 4z
Z+1)? 12[ + 2(z2+1)] +8h = Z+1)?
- (Z;}:l) — #5H2arctgz+c —{Z,W

Vit

22+1 +2h

filz\/x x2—24/T—x

(zﬁl =/I—x+Vx—x2

=v1—x+vVx—x2—3y/1— x+ 2arctg +c
gF
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Riesené priklady — 170

X =—2v/1—x+ Vx—x2+2arct

{\/QGR:xEm;OC) xe@l)} SN WO /‘ﬁ 2tdt

1—/x>0: x€(0;1) =t?, dx=2tdt|t€

Subst, z=Yit—, [I=E_ [eete | [2RE | 2(1 ) =1 — [,.20- 2(1-7°) —4zdz
g | te(0:1), z€(0;1) Zz+1 @y

S VRV T VT
8/ ( —1) dz [Rozk\ad na parcwa\ne zlomky

g 2l )0 )2y, Stz
2 3 1 d
4 — V4
(2 ) [CES)ER FEs ) 1) £ 11) t 21+l:| /[ (22+1)3 (22+1)2 + 22+1]

:{Pr 137117 = } =16/~ 24l +8h =16[3 4z ;] ~24h 484

1122)(11)‘

_ _ 4z 4z 6z
- (22+1)2 _12I2+811 — (ZZF1)? 12[ + 2(zz+1)] +8I1 (ZZ+1)? _227“+211

_ 4z 6z _ M=% | 62 —
—(22+1)2_zz+’1+2arCth+C —{z:ﬁ g = VIx+Vx—x2 | = Vx—x2-2vI-x

:\/1—X—F\/x—x2—3\/1—x+2arctg\/%f—kc
=vx —x2 —2/1—x +2arctg \/%:/ff—'—c' x€(0;1), ceR.
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dx
/x+1+3x+1
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dx
/x+1+3x+1
__[subst. |t=¥xFT |VxF1=(IxF1)° =1 |xe(-100)
O=x+1|62dt=dx | Vx +1=(Ix+1)2=1t>|te(0;c0)
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dx
/x+1+3x+1

_[subst. |t=YFT |VxFI=(IxF+1)°=¢|xe(-Loo)| _ [6£2dt
0=x+1[62dt=dx | I/x+1=(IxF+1)%=1t?|te(0;00) 342
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dx
/x+1+3x+1

__[subst. t=xF1 |Vx+i=(IxF1)P = |xe(-1,00)] _ 6t5dt_6 £3dt
0 =x+1|685dt=dx | IxFI=(IxFI)2=e2|te(0;00) t3+12 t+1
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Riesené priklady — 171

dx
/x+1+3x+1

__[subst. t=xF1 |Vx+i=(IxF1)P = |xe(-1,00)] _ 6t5dt_6 £3dt
0 =x+1|685dt=dx | IxFI=(IxFI)2=e2|te(0;00) t3+12 t+1

3 2 2
_ R = =iepiEEl=1l
_6/ —t dt

u=t+1=IxF1+1

—| Subst.
dt=du

t=u—1

t € (0; 00)
u € (1; 00)
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dx
/x+1+3x+1

__[subst. t=xF1 |Vx+i=(IxF1)P = |xe(-1,00)] _ 6t5dt_6 £3dt
0 =x+1|685dt=dx | IxFI=(IxFI)2=e2|te(0;00) t3+12 t+1

t+1 t+1

:6/t3+t27t27t+t+171 dt:6/t3+1’1 dt

u=t+1=IxF1+1

—| Subst.
dt=du

t=u—1

te(0io) | g (u=1)3du
u € (1; 00) u
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dx
/x+1+3x+1
__[subst. t=xF1 |VxF+1=(IxF1)° =1 |xe(-1;00) _ 6t5dt:6 £3dt
0 =x+1|685dt=dx | IxFI=(IxFI)2=e2|te(0;00) t3+12 t+1

t+1

:6/—9“242*””1*1 dt:6/—t3j+1;1 dt:6/(t2 —t+1- ) dt

u=t+1=IxF1+1

dt=du

te(0;0) | —g (u=1)*du -6 v’ —3uP+3u—1 du
u € (1; 00) u u

__ | Subst.
t=u—1

iza.sk/~beerb
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dx
/x+1+3x+1

__[subst. t=xF1 |Vx+i=(IxF1)P = |xe(-1,00)] _ 6t5dt_6 £3dt
0 =x+1|685dt=dx | IxFI=(IxFI)2=e2|te(0;00) t3+12 t+1

B2 _ 3411
:6/%Wdt:6/tﬁlldt:6/(t2—t+l—?1l)dt
6

=6(L —Z4t—Inft+1)+c

u=t+1=x+1+1
dt=du

:6/(u2—3u+3—%) du

—| Subst.
t=u—1

te(0;0) | —g (u=1)*du -6 v’ —3uP+3u—1 du
u € (1; 00) u u
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dx
/x+1+3x+1

_[subst. |t=VFT |VxFI1=(Ix+1)® =1 |xe(-100)] _ 6t5dt:6 £3dt
0 =x+1[6t°dt=dx | Ix+ 1= (Ix+1)? = t?|t€(0; 00) t3+12 t+1
_ T T | 0 | P ani| E1 i PR 2 1
3 2
=6(5 —L+t—Injt+1))+c=23-3t>+6t—6In(t+1)+c

Subst. u:t}lzxa/x}l +1|te(0; 00)

-

:6/(u2—3u+3—

t=u—1|dt=du u € (1; 00)

} :6/(u—1u)3du

L) du :6(“?3—¥+3u—|n lul)+c

u

3 2
:6/u 73uu+3u71 du

beerb@frcatel.fr
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ﬁzz\/ﬁ—3m+6f/ﬁ—6ln(m+l)+c

__[subst. t=xF1 |VxF+i=(IxF1)p2 =13 |xe(-1; x) 6t°dt __
t5—x+1|6t% dt=dx mf(m)hﬁ t€ (0; 00) B4t f+1

_ S i 1-1 1-1
_6/%& /th dt= 6/(t2—t+l—m)dt

—6(L — L 4t —Injt+1])+c=2t3—3:2+6t—6In(t+1)+c
=2v/x+1—3V/x+1+6¥x+1—6In (vx+1+1) + ¢, xe(—1;00), ceR.

:{Subst. tC(O;CX;)i| :6/(u—1)3du :6/U3f3u2+3u71 du
t=u—1 u € (1; 00) u u

:6/(u —3u+3-1)du 76(———+3u—ln|u|)+c
=2(Vx+1+1)® —9(vx+1+1)> 4+ (Vx+14+1) —6In(v/x+1+1) +c,

x€(—1;00), ceR.

u=t+1=x+1+1
dt=du
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/arcsin T dx
—X

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

71

Riesené priklady — 172

0<1#X<1|1-x>0& 1>x: 0<14x<l-x, t.j. —1<x, 2x<0, t.j. x€(-1;0) |x€(-1;0)
1-x<0&1<x: 0>14+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
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_{05}151‘14\/0@1» 0<14x<1-x, t.j —1<x,2x<0, t.j. x€(-1;0) |xe(-1;0)

x#1 1-x<0&1<x: 0>214+x>1-x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
_ o [1ax | 1 1(lex\"2, (A=x)—(4x)-(=1) _ 32 _ 1
= =Sy | &= VA 2(%5) (=2 B [EVE>F - _
V=1 =52 _ 1 A _ V2 _ V2
V() 1—x?  V2[Ll-x|\/x(1x)  20-x)\/—x(+D)  2(x—1)y/—x2—x

beerb@frcatel



mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

71

Riesené priklady — 172

_{05}151‘14\/0@1» 0<14x<1-x, t.j —1<x,2x<0, t.j. x€(-1;0) |xe(-1;0)

x#1 1-x<0&1<x: 0>214+x>1-x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
_ : 1ax |/ 1 CLl(14x) 72 (I=x)—(14x)-(=1) _ 2 _ 1
= [vm ey | = ) (= (VY e
=il Ve 5 _ 1 V2 _ V2

VXTGP | VA x(tx) | 20—x)y/—x(H]) | 2(x—1)v/——x

V2 x
F2 (x4
2/(><—1)\/—><2—x

=x arcsin, / 1+);
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arcsin 4 / 1 dx
X

_ 05}7);51 1-x>0&1>x: 0<1+4+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0) |xe(-1;0)
x#1 1-x<0&1<x: 0>214+x>1-x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
17x ,_ 1 CLl(14x) 72 (I=x)—(14x)-(=1) _ 32 _
_ u = arcsin Visx | U= = 5 A=) = = rmnT )
vi=1 V=x _ 1 = — o v — V2
V() 1—x?  V2[Ll-x|\/x(1x)  20-x)\/—x(+D)  2(x—1)y/—x2—x

=Xx arcsiny / 1+X+‘f
_ i flix | V2
=xarcsin, /1=, + 5

o x=141

(x—1)4/ 7X27X

— X  dx
(x=1)y/—x2—x
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_ 05}7);51 1-x>0&1>x: 0<1+4+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0) |xe(-1;0)
x#1 1-x<0&1<x: 0>14+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
17x i 1 1 (Lix\ 72 (A=x)—(1+x)(=1) _ _ 1

_ u = arcsin Visx | U= = 5 A=) = V== = \/ﬁ: = .

—q _ _ 1 — _ V2 _ V2

v Ve V=2x(1+x)-(1-x)2  V2[1—x|/=x(1+x)  21—x)y/—x(x+1)  2(x—1)y/—x>—x

a 1+x 2 X
=X arcsin 1%-*—% 7dX
X (x=1)y/—x2—x

x—1+1

; 1+x V2
= X arcsin —|— /X 1)m
_ ; 1+x | V2 d V2 d
—taeln ﬁ+7/7/ﬁ+7/(x_1) T

http:/ /frcatel.fri
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X
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Riesené priklady — 172

_ 05}7);51 1-x>0&1>x: 0<1+4+x<1l-x, t.j. —1<x,2x<0, t.j. xe(-1;0) |xe(-1;0)
x#1 1-x<0&1<x: 0>14+4x>1—x, t.j. —1>x,2x>0, t.j. x neexistuje tj. —1<x<0
[Tox | 1 1(14x\ "5 (1=0)—(1+x)-(=1) _ 12 _
_ u = arcsin Vix = \/17‘7‘.5(17» 2. (e = = =
/— 1 = = 1 _ _ v _ V2
v Ve V() 1—x?  V2[Ll-x|\/x(1x)  20-x)\/—x(+D)  2(x—1)y/—x2—x
1
=x arcsiny /1 +X+‘f —X _dx
(x=1)y/—x2—x
:xarcsin,/%—l—% —x=1l
23 (x— 1)\/7X27X
_ . 1+x \/§ dx \/5 dx
=X arcsin 1T+7 >
X x2—x (x—1)/—x2—x
_[Subst. t=x+3|dt=dx |x€(=1;0)|te(—3:3) | -xP—x=—(x*+x)=—(x3+2-3+ 1) +3=(3)*—(x+1)?
Subst. z:—% x=—z"1 dx:i% ze(l;00) |x—1=—2-1= % V—x2 x:\l’ %-%:\,/ ;‘Z:VT

beer
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/arcsin T dx
—X

— arcsin /2 | = 1 (1) "3, (=x)=(lkx)(=1) _ 32 _
| u=arcsin \ 1=x u i 2(1—x> 1) = [ [y i
=1 = = L = 1 = v = 2
v vex V/—2x(1+x)-(1—x)? V2 |1-x| /=x(1+x) 2(1—x)/—x(x+1) 2(x—1)y/—x2—x
—xarcsin, /Xy V2 [ x gy

I=x = 2 [ (x—1)y/—x2—x

= x arcsin 1+X + ‘[ ‘[
\/ 1)4/—x%2—x
Subst. t=x- % dt=dx |xe(-1;0)|te( % %) x2—x=—(x2+x)=—(x>+2 54 %) i %:(%)2 (x+ %)2
Subst. z= % x=—z71 dx:;f z€(1;00) = % 1=-42 V-x2 X:\// %.%:\,' ;\Z:vT
d.

_ : 14x | V2 dt V2 2
=xarcsiny / 75+ 2/\/%,t2+ 2 )zt
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/arcsin T dx
—X

14+x

_ in. /ldx V2 X
=xarcsiny / 75+ 2/x 1)\/mdx

= x arcsin 1+X—|—\/ S
(x—1)y/—x%2—x

—xarcsm,/HX—i—‘[/\/i ‘f/ s

_ [Subst. t=x+3|dt=dx |x€&( (-3:3) (x Fx)=—(x*+2-2+ 1) +3=(3)*—(x+3)?
Subst. z=-1|x=—z"'|dx=% zc(l ) [x—l=-1-1=-L2 /-2 x=/ L %:\// Lz
dz
_ 14x | V2 dt V2 2
=xarcsiny / 75 +5 / = T2 _zil Vel
z z

_ i 14x | V2 ot V2 dz
=xarcsiny / -+ -5 arcsin I 2/7&“) —
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/arcsin T dx
—X

= x arcsin, /1

x—1+1

1+X \[
=X arcsin —|—
/x 1)y/—x2—x

—xarcsm,/“x—f—‘[/\/i ‘f/

M2 [ x
x+2/X Wmdx

—x
_ [Subst. t=x+3|dt=dx |x€&( (-3:3) (x Fx)=—(x*+2-2+ 1) +3=(3)*—(x+3)?
Subst. z=-1|x=—z"'|dx=% zC(l;’»c) x—1= % 1=-1z /-2 x=/ %-%:\// Lz
dz
_ [14x | V2 dt V2 2
=Xx arcsin = X+ / 2+ 5 — =
Tz z ,
: Subst. u=v/z—1|u*=z-1
— x arcsing /X £ V2 gresin £ V2 = z=12+1|dz=2udu
1—x 2 5 2 | (z4+1)Vz—1
z€(1; 00) | ue(0; 00)
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/arcsin T dx
—X

_ 1+x V2 x—14+1
=X arcsin + /X l)m
_ ; 1+x | V2 V2 d
=X arcsin 1—);""7/ /7;(27*)(4'7/()(71) /X7X27X

Subst. t=x+3 |dt=dx |x€(-1;0)|te(=3:3) | —x2—x=—(x®+x)=—(x>+2-3+1)+3=(3)*—(x+3)?
Subst. z 7§ —z1|dx % ze(1;00) |x—1 7§71 71;‘, V—x2—x ,—§-§ \/”;“ V‘Zl

1 f d 2 %
=x arcsiny /7% + g +—/ 2
2 2 241 V/z-1

Subst. u=+v/z—1|wP=2z—1

— in. /X L V2 jesint V2 [ dz_ :
=xarcsing/ 1=+ arcsm% 2 | vt z=u?+1|dz=2udu
z€(1; 00) | ue(0; o)

=xarcsin /1 Lo =k \f arcsin 2t — ‘f/ 32"+d2‘3u
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Riesené priklady — 172

/arcsin T dx
—X

_ ; 1+ V2 d V2 d
=x arcsiny / 7%+ / %_:Z_XJFT/(X_D X_XZ_X

_[Subst. t=x+3 [dt=dx |x€(=1;0)|te(~3i3) | X —x=—(P+x)=—(x"+2-5+7)+5=(3)>~(x+3)?
Subst 2:7% x=—2z71 dx:g z€e(1;00) x—l:—%—1:711’7, v—xz—x:\/’—%A%:\/’lf:@
dz.
=x arcsin 1+X—|—f/ dt —|——2/ 22
2 2 241 Vz—1
Tz z
Subst. u=vz—1|wP=2z-1
_ ine JIEX L V2 eesin £ V2 dz ___ _ R
=Xxarcsing / 15, +-5 EES 2/(z+1)\/ﬁ_ z=1#+1) dz=2udu
z€(1; 00) | ue(0; 00)

14x \f i 2udu
=Xxarcsin, / 15 + 5% arcsin 2t — 12y

1+x \[
—xarcsm,/1 <5 arcsin 2t —+/2 u2+2
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dt=dx

1

{Subst t x+%
l

H==

Subst. z=—

dz
= x arcsin 1+X+\f/ ﬁ/ =
Vi- _zt1 Vo1
z
Subst. u=+v/z—1
_ i X V2 it V2 [ dz -
=Xxarcsing / 15+ 5 arcsm% 2 | Gyt =241

z€(1;00)
=x arcsin/ HX \f arcsin 2t — i (32"+d2’l)u

1+x \f
—xarcsm,/1 =% arcsin 2t — \[ u2+2

_ : 14x | V2 : V2 u
=X arcsm\/g+7 arcsin 2t—$ arctg %—&-cl

vrP=z-1
dz=2udu

ue(0;00)
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Riesené priklady — 172

/arcsin T dx
—X

= x arcsin 7%-_F>;+§/ ft f 2 —
\/27 _e Ve
Subst. u=+vz—1
—=x arcsin,/%ﬂJrQarcsin ‘f/ { =Pl
—X 2 z+1
z€(1;00)
1+x \[ V2 2udu
=x arcsin, / 75+ 5= arcsin 2t — / 12)5

= arcsm\/lJTXJr V2 arcsin 2t — \f u2+2
_ : 1+x V2 A V2 u
=X arcsm\/;JrT arcsin 2t — V3 arctg ﬁ+cl

— x arcsiny / 1% 1 ¥2 aresin (2x+1) —arctg V\[ +a

w\»—A\-»

r=z-1
dz=2udu

u€(0; 00)

beerb@frcatel.fri.uniza. .fri.uniza.sk/~beerb
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Riesené priklady — 172

/arcsin T dx
—X

= x arcsin 7%-_F>;+§/ ft f 2 —
\/27 _e Ve
Subst. u=+vz—1
—=x arcsin,/%ﬂJrQarcsin ‘f/ { =Pl
—X 2 z+1
z€(1;00)
1+x \[ V2 2udu
=x arcsin, / 75+ 5= arcsin 2t — / 12)5

= arcsm\/lJTXJr V2 arcsin 2t — \f u2+2
_ : 1+x V2 A V2 u
=X arcsm\/;JrT arcsin 2t — V3 arctg ﬁ+cl

— x arcsiny / 1% 1 ¥2 aresin (2x+1) —arctg V\[ +a=

w\»—A\-»

r=z-1
dz=2udu

u€(0; 00)
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; 1+x _ ] / ; )
/arcsm 1 dx = xarcsin y 2< arcsin (2x+1) —arctg

Subst. u=+v/z—1
_ - 1+x | V2 st /2 dz _ -
=xarcsiny / -+ -5 arcsin 1772 |GVt z=u2+1

r=z-1
dz=2udu
z€(1;00) | ue(0; 00)

1+x \[ V2 2udu
=xarcsin, / 1=, + 5 arcsin 2t—— 120

= arcsm\/lJTXJr V2 arcsin 2t — \f u2+2
_ : 1+x V2 A \5 u
=X arcsm\/ngT arcsin 2t — V3 arctg ﬁ+q

= x arcsiny / 14X 1 ¥2 arcsin (2x+1) —arctg V\[ +e= o
=V =y

=5 arcsin,/%f—’;—i—g arcsin (2x+1)—arctg \/— 3= +¢;, x€(—1;0), c€R.

Vz—1
V2

1 /1
=V x1
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Riesené priklady — 172

/arcsin }ﬂ dx
—X
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Riesené priklady — 172

arcsin 4/ dx
X

—x>0&1>x: 0<14x<1-x, t.j. —1<x,2x<0, t.j. xe(-1;0) |x€(-1;0)
—x<0&1<x: 0>14+x>1—-x, t.j. —1>x, 2x>0, t.j. x neexistuje tj. —1<x<0

o

IA

[

IA
A
p——
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Riesené priklady — 172

arcsin 4/ dx
X

_ 05%51 1-x>0&1>x: 0<14x<1-x, t.j. —1<x,2x<0, t.j. x€(-1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>14+4x>1—x, t.j. —1>x,2x>0, t. . x neexistuje tj. —1<x<0
_ [Subst. t=1—x|xe(-1;0)
dt=—dx | te(1;2)
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x€(-1;0) }

1 <0&1<x: 0>1+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0

:i’f*;or‘]:f arcsm\/zidt— /arcsm,/ffldt

_{05}% 1‘1 x>0 1>x: 0<1+x<l-x, t.j. —1<x, 2x<0, tj x€(-1;0)

_ [Subst. t=1-—x
dt=—dx
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_ 05% 111-x>0& 1>x: 0<14x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>214+x>1—x, t.j. —1>x,2x>0, X neexistuje tj. —1<x<0
Subst. t=1-— €(-1;0)
=|="*= X|xeL0T — _ f gresin 4 /2=t dt=— [ arcsin ffldt
dt=—dx|te(1;2)

S
- q 2_ S —
u = arcsin | /¢ 1| uv'=

V=1

v

71

-1 1.2 —2) = = =
v 2 (29 I VR

t 7»5 —\2

)

2|t] y/(t-1)(2—t) 2ty/3t—t2—2
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_ 05% 111-x>0& 1>x: 0<14x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0
Subst. t=1-— €(-1;0)
:{“S x|~ 2\']:— arcsin /2=t dt = /arcsm,/ffldt
. " [2 ,_ 1 12 -2
— t Vi-(Z-1) Z(t 1) ( 2t7%) = \/E\/z
V=1 =2
2|t] y/(t-1)(2—t)

= — | tarcsin +\f/\/$
\/ T2
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_ 05% 111-x>0& 1>x: 0<14x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0
Subst. t=1-— €(-1;0)
:{“S x|~ 2\']:— arcsin /2=t dt = /arcsm,/ffldt
_ 2 I 1 L2 —2
— t Vi-(Z-1) Z(t 1) ( 2t7%) = \/E\/?V?
V=1 —v2 —V2
20t /(t-1)2—1) ~ 2t/3e—2—2

= 71
== tarcsm\/>_|_\f _tdt | [Subst 2=t
\/ET dz*dt
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Riesené priklady — 172

/arcsin }ﬂ dx
—X

_ 05% 111-x>0& 1>x: 0<14x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0

Subst. t=1-x
dt=—dx

xp{7110>]:7 arcsm\/idt— /arcsm\/:dt
te(1:2)

_{uarcsin \//Z v=——1—-1(2-1)* ( 2t72) = = =

Vi-(3-1) t \/ﬁ\@»? =z VNG 1)(2 1)t
/ —2 —V2 —Vv2 —V2
v L vV L 2[t] 4/(t=1)(2—t) 2t4/3t—12-2 2t/—124+2-3 1—(t-3)
Subst. z=t—3|te(1;2
=— |tarcsing/ 2= t+\f fdf e 2=t |6E(lA)
dz=dt|z€e(—3;3)

2—t f dz
t \/ﬁ

= —tarcsin
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Riesené priklady — 172

/arcsin }ﬂ dx
—X

_ 05% 111-x>0& 1>x: 0<14x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0) |x€(-1;0)
x#1 1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0

_ [Subst. t=1-—x
dt=—dx

Xﬁ,”l\o] /arcsm,/ tdt= /arcsm,/ffldt
te(1;2)

{uarcsinv/i v=———.1(2-1)" ( 2t7%) = = Tmrrip

Vi-(-1) 2\t \/E\/?\,? . V2 /(¢ l)(2 e
/ —v2 —v2 —V2 —v2
v L vV L 2[t] 4/(t=1)(2—t) 2t4/3t—12-2 2t/—124+2-3 1—(t-3)
Subst. z=t—3|te(1;2
=— |tarcsing/ 2= t+\f fdf e 2=t |6E(lA)
dz=dt|z€e(—3;3)

= —tarcsin 2? ‘[ \/% —t arcsin 2 g 72arcsin I+o
= \/ I
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05}151‘1—x>0<>1>x 0<1+x<1-x, t. j. —1<x, 2x<0, tj x€(—1;0)

1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0

=il= (-1
e \0] /arcsm,/ tdt= /arcsm ,/771 dt
dt=—dx | te(1;2)

(- 2\t VTR = VIR = A eee

o 7\2 —2 —V2 —V2

x€(—1;0) }

/
_|u=arcsin \/%71 u'= v L_.1(2-1)"" ( 2 =
2[t] 4/(t=1)(2—t) 2t4/3t—12-2 2ty/—1242. % -9+3-2 2t¢/}

_ \f tdt __ | Subst. z
= — N4 /2=t -|— =
t arcsi / ,7% 2 [

2—t f dz 2 sz
5 m —t arcsin : 5 arcsin %—&—cz

—(1—x)arcsiny /32— Y2 aresin 27+ ¢

a
N
[

a

= —tarcsin
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05}151‘17x>0<>1>x 0<1+x<1l-x, tj. —1<x, 2x<0, tj x€(—1;0)

1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje tj. —1<x<0

—il— (-1
S \0] /arcsm,/ tdt= /arcsm \/:dt
dt=—dx | te(1;2)

(F=m) 2% 7—\/7w* - \/f w2 e 1)(2 e

o 7\2 —2 —V2 —V2

x€(—1;0) }

/
_|u=arcsin \/%71 u'= v L_.1(2-1)"" ( 2 =
2[t] 4/(t=1)(2—t) 2t4/3t—12-2 2ty/—1242. % -9+3-2 2t¢/}

— \f tdt Subst. z
— n,/ i =
farcs! / VI—(=2) [

2-t f dz _ /2 .z
= m —tarcsin : 5 arcsin %—&—cz

—(1—x) arcsin }*i ‘[arcsm2z+c2 {szi(f $)=2(—x-1)

a
N
[

a

= —tarcsin
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Riesené priklady — 172

1-x>0&1>x: 0<1+4+x<1l-x, t.j. —1<x, 2x<0, tj x€(—1;0)

1-x<0&1<x: 0>14+x>1—x, t.j. —1>x,2x>0, t X neexistuje

Xﬁ,”l\o] /arcsm,/ tdt= /arcsm,/ffldt
te(1;2)

_ s f2 I 1 L2 —2 _ _
ufarcsln\/r 1 uf\/1 5 2(3-1)"2 ( 2t72%) = ——\ﬁw*i\/f"%t = e l)(Z 0e

x€(-1;0)
tj. —1<x<0

Subst. t=1-x
dt=—dx

(£-1)
2 —Vv2 —V2

fz —2

W
2[t] 4/(t=1)(2—t) 2t4/3t—12-2 2ty/—1242. % -9+3-2 2t¢/}

—t-3

tarcsm\/>_|_\f el | s

t\/T—(t—3)? dz—dt

—tarcsin 2:t f dz2 . tarcsm\/ﬁ 72arcsin§+c2
NGOz I

{22:2({ 3)=2(—x—1)

—2x—1:—(2xA1)}

—(1—x)arcsiny /32 Y2 arcsin 27+ ¢, =

=(x—1)arcsin,/ }f—i—i—% arcsin (2x+1)+c, x€(—1;0), ceR.
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Riesené priklady — 173

. 1—x
/arcsm \ Thx dx
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Riesené priklady — 173

arcsin 4/ = dx
X

_ 05}%51 1+x>06 x>-1: 0<1-x<1+4x, t.j. x<1,0<2x, t.j. x€(0;1)
x#1 1+x<0& x<—1:

x€(0;1)
0>1-x>1+x, t.j. x>1,0>2x, t.j. x neexistuje

t.j. 0<x<1
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Riesené priklady — 173

arcsin 4/ = dx
X

_ 05}fj51 1+x>06 x>-1: 0<1-x<1+4x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 1+x<0& x<—-1: 0>1—-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
. 1—x | 1 1(1-x\"3, —(14+x)—(1-x) 52 1
u = arcsin u'= J1(l=x . _ i 2
— Ve V== (%) (w3 VIRV B R
V=1 V=x —1 =il -2 -2
V/2x(1—x)-(1+x)? V2 |14+x| y/x(1—x) 2(1+x)4/x(1—x) 2(x+1)/—x2+x
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Riesené priklady — 173

arcsin 4/ = dx
X

_ 05}%51 1+x>06 x>-1: 0<1-x<1+4x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0;1)
x#1 1+x<0& x<—-1: 0>1—-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
U= arcsin A /12X | yf= — L. 1(1-x)~2 —(+x)-(-x) _ 2 = 1
_ Vi Vi A Y e = VRV ER G
o -1 -2 =2
V/2x(1—x)-(1+x)? V2 |1+ x\\/xl x) 2(1+x)4/x(1—x) 2(x+1)/—x2+x

= Xx arcsin

+ ‘[/ dx
x+1) —X2+X
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Riesené priklady — 173

arcsin \/ 175 dx

_[0<iE<1|14x>04 x>—1: 0<1-x<1+x, t.j. x<I1,0<2x, t.j. x€(0;1)
x#1 1+x<0& x<—-1: 0>1—-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
: 1-x ’ 1 1(1-x 7 —(14+x)—(1—x) 12 1
u = arcsin /1= | u'= J1(l=x . _ _
= Vi Vimi 2(%) awzy VEEEL gt /2 e
4 -1 1 _\2 /3

V/2x(1—x)-(1+x)? V2 |14+x| y/x(1—x) 2(1+x)4/x(1—x) 2(x+1)/—x2+x

2 1—x \/§ X
=xarcsin, / =>4+ ¥5 [ —X——dx
1+x 2 (x+1)4/ —x2+x
_ s f1—x | V2 | x¥1-1
=Xxarcsin, / +—/—= + 5=
e 1 2 X+1)\/—x2+x
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_[0<IX<1|14x>0 6 x> -1 0<1-x<l4x, t.j. x<1,0<2x, t.j. x€(0;1) |xe(0;1)
x#1 1+x<0& x<—-1: 0>1—-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
s i | 1 1(1=x\"% —(14+x)—(1-x) 52 1
u = arcsin /1= | u'= Jd(1=x . _ 2 _
— V 1x \/l,ﬁ 2(;l+x) T+x)7 V xx \/ﬁvrlw‘ \/,‘% (1)
V=1 V=x —1 =il -2 -2
V/2x(1=x)-(1+x)? V2 [Lix| /x(1—x) — 2(L4x)/x(1—x)  2(x+1)y/—x2+x

=x arcsin Xy yef— X dx
(== T oo

f  x+1-1
— x arcsin +
1+X x+1)\/7+x

1 = V2 dx V2 dx
—xarcsing /=X 2 ) dx  v2 [  dx
BTSN Wi e e,
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_[0<iE<1|14x>04 x>—1: 0<1-x<1+x, t.j. x<I1,0<2x, t.j. x€(0;1)
x#1 1+x<0& x<—-1: 0>1—-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
: 1-x ’ 1 1(1-x 7 —(14+x)—(1—x) 12 1
u=arcsin, /3~ | u'= J1(l=x . _ _
— V T o= (=) T+x)2 NE= W= e VB
V=1 V=x —1 =il -2 -2
V2X(1=x) (%2 V2[1x] /x(1—x) ~ 2(1+x)y/x(1—x)  2(x+1)y/—+x

=X arcsin —|— — X dx
1+X (x+1)y/—x2+x
— s flex V2 [ xt1-1
=X arcsin —= 4 =
I =2 x+1)\/7+x
in. Jl=x 4 V2 dx V2 dx
—xarcsing/—=-¥=s [ —CX_ _v= [ X
Tx T2 ey 2/(X+1) o

Subst. t=x—1|dt=dx |x€(0;1) [te(—3; 3) | —x*+x=—(x2—x)=—(2—2-3+2)+3=(2)—(x—1)?
T subst. z=1 |x=z1|dx=—%|ze(lio0) [x+1=l41=1F Vo= [~k +i=y/ Lz _ Vi1
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— : 1—x /_— 1 J1(1l=x\"2, —(1+)-(1-x) _ —1i2 _ 1
_ @ arcsln\ T | Y \/1 — 2(l+><> (Tx)? W \/?\/W \/J% T (10
’ -1 -1 —V2 —V2
v=1 VX V/2x(1=x)-(14x)2 V2|14+x| y/x(1—x) 2(14x)/x(1—x) 2(x+1)y/—x2+x
. \/>
=X arcsin —|—
1+X ><+1)\/ —><2+x
f _ ox+1-1
=X arcsin X4+
1+X (x+1)4/ 7X2+X
1—x \f dx \f
=X arcsiny / == —_—
Tix / x2+x /(x+1 \ —x2+x
Subst. t=x—3 [dt=dx XC(O 1) |[te(=3: 1) | -xP+x=—(—x)=—(x2—2-3+3)+3=(3)* - (x—3)?
Subst. z:% dx= ‘,171 z€(1;00) x-l:%- :17‘, vT{x:\,’ } i %:\/’%:”T
dz
_ 1-x , V2 dt V2 =2
=xarcsiny /15 +% / =2 /ﬁ —
z z
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Riesené priklady — 173

/arcsin ;

=X arcsin

1—x \f2 X
e B iy,
I+x 2 | (x41)y/—x2+x
\/ ox41-1
=X arcsin X 4+
1+X (x+1)4/ 7x2+x

_ 1-x , V2 V2 d
=Xx arcsin, / 1+X+ / X2+X_ ol e X_X2+X

{Subst t=x dt=dx | x€(0;1)

__dz
dx=—%

* dz
_ /1 f dt V2 2
=Xx arcsin 1+X X+ = 2 | T

— in . [l=x 4 V2 it V2 dz
=X arcsin 1+X+ 5 arcsin %Jr 2/(z+1) =

x2+x=—(x>—x) 2

X=z

€(-33)
)

Subst z:% ze(l;00

(=254 1)+ 1=(P-(x

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb
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Riesené priklady — 173

/arcsin ;

=X arcsin

o x41-1

\/
=X arcsin X 4+
1+X (x+1)4/ 7x2+x

1—x_ V2 x d
1+X+ 2/x+1)\/—x2+x x

1—x f f dx
=xarcsin, / ar =
Tx /\/ —x2+x 2 (x+1)y/ —x2+x
Subst. t=x dt=dx [ x€(0;1) [ te(—2:3) | —xP+x=—(x®—x)=—(x*=2-2+3)+5=(2)> = (x—13)?
{Subst z:% x=z""'|dx= ‘;l ze(l;00) | x l:%-l:lT’ v X‘)\X:\r %-%7\,' = %]
dz
_ /1 V2 dt _ 2 =2
=X arcsin 1+X+ =2 | o
- : Subst. u=v/z—1|u?=z—-1
= x arcsin 1*—XJrQarcsin %Jrﬁ = = 2= 1241 dz=2udu
1+x 2 5 2 (z+1)vVz—1
z€(1; 00) | ue(0; 00)

beerb@frcatel.fri.uniza.sk
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Riesené priklady — 173

/arcsin ;

f  x41-1
=X arcsin X+
1+X (x+1)4/ —><2+x

A — dx
— x arcsin 7X+—\/ _dx V2 dx
1+x 2 vV —x2+x 2 (x+1)y/ —x2+x

Subst. t X*% dt=dx XF(O'l) te(-4 %) —x2x=—(x2—x)=—(x2—2-3+3)+1=(3)2—(x—1)?
Subst. z i dx 7%{ €(1; 00) +1 %vl lz‘, V—x2+4+x \,yfz%v% \”i,“ V?

dz
1-x , V2 dt f 2
=xarcsiny /375 +% / = o, Vi1

Subst. u=+v/z—1|wP=2z—1

— x arcsiny /3% + Y2 arcsin T—i—‘[ 2= P+1| dz=2udu
1+x 2 5 z+1

z€(1; 00) | ue(0; o)

_ 1—x \f V2 | 2udu
=X arcsiny / Tox aF arcsin 2t + / 2

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb
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. 1—x V2 dx V2 dx
=xarcsin, /x4 ¥e [ X —x= X
Tt 2 / i 2 / Yy

Subst. t=x—3 |dt=dx | x€(0;1) [t (=% 3) | —x24x=—(2—x)= (=25 + 1)+ 1= (22— (x— )2
Subst. z=1 |x=z7t|dx=—%|ze(li00) |x+1=L+1=12, VoxZix=/-Lalo /ol Vel

/1 V2 dt _ﬁ — 22
=X arcsin 1+X—|— = ey Vi1
- in. Jl=x 4 V2 intyv2
=X arcsin 1+X+ 5 arcsm% /Z+1

\f \f 2udu
—xarcsm,/lJr + = arcsin 2t + 120

v
=x arcsin, / 1+X—|— arcsin 2t ++/2 u2+2

P=z-1
z=u?+1|dz=2udu
ue(0;00)

Subst. u=+z—1
z€(1;00)
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Riesené priklady — 173

/arcsm

Subst. t=x—1|dt=dx [x€(0;1) | te (=1 1) | —xP4+x=—(P—x)=—(x*—2-3+1)+1=(1)2—(x—-1)
Subst. z % x=z"1|dx —‘il ze(1;00) |x+1 %Al == vV—x2+x \,'*}z‘% \,”1:“ vz=1
dz
_ V2 V2 2
=X arcsin 1+X+ \/ 5 1 /o

Subst. u=+v/z—1

_ i f1ex | V2 intyv2 '
=Xxarcsing / 7 +-5 arcsm% /Z+1\/7 { Z?UZ.I
z€(1;00)
_ 1—x f f 2udu
=Xxarcsiny / 15+ 5" arcsin 2t + /u2+2)u

s
=Xx arcsin, / 1+X+ arcsin 2t++/2 u2+2

_ s J1-x V2 ; V2
=xarcsiny / 5 + 5" arcsin 2t+% arctg %—&—cl

vrP=z-1
dz=2udu

ue(0;00)
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Riesené priklady — 173

/arcsin ;

— i f 2 22
=X arcsin 1+X Z4 \/ vy N

Nl e+

Subst. u=+v/z—1

_ : 1-x | V2 - V2 z _
=Xarcsiny / -+ 5= arcsin 1 + 2/(z+1)\/ﬁ_{ zf(ll/ 7?
ze(l;00

=X arcsin =" T X 4+ \f arcsin 2t + \f/ fz‘g_d;su

v
=Xx arcsiny / 1+X+ arcsin 2t ++/2 u2+2

= x arcsin, /%4— % arcsin 2t -+ % arctg %—&—q

_xarcsm,/h;—f—‘[arcsm@x 1)+arctg V\[ +a

r=z-1
dz=2udu

u€(0;00)
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Riesené priklady — 173

/arcsin ;

— i f 2 22
=X arcsin 1+X Z4 \/ vy N

Nl e+

Subst. u=+v/z—1

_ : 1-x | V2 - V2 z _
=Xarcsiny / -+ 5= arcsin 1 + 2/(z+1)\/ﬁ_{ zf(ll/ 7?
ze(l;00

=X arcsin =" T X 4+ \f arcsin 2t + \f/ fz‘g_d;su

v
=Xx arcsiny / 1+X+ arcsin 2t ++/2 u2+2

= x arcsin, /%4— % arcsin 2t -+ % arctg %—&—q

_xarcsm,/h;—f—‘[arcsm@x 1)+arctg V\[ +a=

r=z-1
dz=2udu

u€(0;00)
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/arcsm. e = dx = Xarcsm\ % 5% arcsin (2x — 1) +-arctg

Subst. u=+v/z—1

_ . 1—x V2 . V2 dz _ B
=x arcsin [ 155 + 5" arcsin 1+ /(Zﬂ)m_{ z (ll/ 3
\f V2 2udu

=X arcsin = T X + X< arcsin 2t + / +2)
_ . 1—x V2 . du
=x arcsiny / 175 + 5" arcsin 2t++/2 T

=x arcsin, / ijr—’x‘—f— % arcsin 2t+ % arctg %—&—q

|~

r=z-1
dz=2udu

u€(0; 00)

—xarcsm,/hx—f—‘[arcsm@x 1)+arctg V\[ +e=
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Riesené priklady — 173

. 1—x
/arcsm \ Thx dx
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Riesené priklady — 173

arcsin 4/ = dx
X

_{ (\}Ti(\ ‘1}x>0c>x> 1: 0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)

x#1 1+x<0& x<—-1: 0>1-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje
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Riesené priklady — 173

arcsin 4/ = dx
X

_ 0(\%(\1 1+x>0< x>—-1: 0<1-x<1l+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0; 1)
x#1 1+x<0& x<—-1: 0>21-x>1+x, t.j. x=>1,0>2x, t.j. x neexistuje t.j. 0<x<1

x€(0;1)
te(1;2)

__[Subst. t=1+x
dt=dx

beerb@frcatel
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Riesené priklady — 173

73 73 74 74

arcsin - dx

{(\Li(\ ‘1}X>0<:>X> 1:

x#1

0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)
1+x<0 & x<—1: 0>1-x>14x, t.j

X€E(
x>1,0>2x, t.j. x neexistuje t

XC‘O‘I\\’} = [ arcsin ﬁdt:/arcsin el
te(1;2) t t

Subst. t=1+x
dt=dx

0;1

i

0<x<1

beerb@frcatel.

i.uniza.sk/~beerb
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Riesené priklady — 173

arcsin 4/ = dx
X

_ 0(\17i 1/1+x>0& x>-1: 0<1-x<1+x, tj x<1,0<2x, t.j. xe(0;1) x€(0;1)
x#1  |14x<0& x<—1: 0>1-x>1+x, t.j. x>1,0>2x, t. j. x neexistuje| t.j. 0<x<1

Subst. t=1+ €(0;1) 2 t
=|> e = [ arcsin dt= [ arcsin f—ldt
dt=dx | te(1;2)
2 1|y 1 1(2_q)73, 2 1
_||p—asiys 21w A G- (2 = e = e T e
Ve 1 e _ —v3 =B _ —v2 _

T 20t Jt-De-1)  2ty/3t——2  2t/—2r2 23432  2t/1—(t-3)¢
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Riesené priklady — 173

arcsin y / 175 dx
_ 0(\%(\ 1+x>0< x>—-1: 0<1-x<1l+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0; 1)
x#1  |14x<0& x<-1: 0>1-x>1+x, t.j. x>1,0>2x, t.j. x neexistuje| t.j. 0<x<1

__[Subst. t=1+x
dt=dx

fff”: arcsin /2t dt = /arcsm,/f—ldt

/:71 12_4 242 1 -1 —1
{“ et /=1 m 3G-) 72 \/ﬁ\/%‘vﬁ VELELe . e e
t

—V2 _ —\2 _ —\2 _ —2

T 2/3-(-37

vi=1 v=t =

20t /(t—D)(2—t)  2t\Bt—rr—2  2t\/—+2.%

2
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Riesené priklady — 173

arcsin - dx
_ 0(\%(\ 1+x>0< x>—-1: 0<1-x<1l+x, t.j. x<1,0<2x, t.j. x€(0;1) x€(0; 1)
x#1 1+x<0& x<—-1: 0>21-x>1+x, t.j. x=>1,0>2x, t.j. x neexistuje t.j. 0<x<1
Subst. t=1+x|x€(0;1) . 2—t = 2
= = [ arcsin /== dt= [ arcsin y/ £ —1dt
dt=dx |t (1;2) t t
f2_ / 1 1(2_1)"3.(_op-2 —1 —1 =1
= U= aresiny/ 1)@ V1-(3-1) 2(-1) (2) V2Z-I/EVE T R T a0
V=1 S _ _v3 vz _ —v3 __ -
2|t| \/(t-1)(2—t) 2t4/3t—12-2 2ty/— 12423 2 2t/T—(t—3)2
. Subst. z=t—3|te(1;2
=t arcsin —\? —tdt | Subst. z=t-3 te(li2)
i K_(t_i)z dz=dt|z€e(—3:3)
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Riesené priklady — 173

arcsin - dx
x€(0;1
t

J. 0=x<1

X <1 14x>0 6 x>—1: 0<1-x<1+4x, t.j. x<1,0<2x, t.j. x€(0;1)
x>1,0>2x, t.j. x neexistuje

1+x<0& x<—-1: 0>21—-x>1+x, t.j
XC‘O‘W— arcsin |/ 25t dt= [ arcsin /2 —1dt
1

= Tx
x#1
_{Subst. t=1+x

te(;2) |
—1

dt=dx
2_ 1 1(2_1)\"F.(_op-2 -1
= u=aresiny /i =1 u V1-(2-1) 2(-1) (2) VI/Ee  JEZ e A/ mne-—or
V=1 v=t = —v2 = —v2 = —v2 = —v2
2|t]y/(t=1)(2—1) 2t4/3t—12-2 2ty/— 12423 E 2t /F—(t-3)
_ = 2—t 2 tdt | Subst z:tfg te(1;2)
=tarcsing/ - +-5° T e 2—[ dz—dt| ze(ti 1)
K_(t_i) S\7202

_ ; 2—t | V2 dz
=t arcsin — T3 \/(%)27_22

i.uniza.sk/~beerb
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Riesené priklady — 173

. 1—x
/arcsm \ Thx dx

__ [0S |14x>0 & x>-1: 0<1-x<Il+x, tj x<1,0<2x, t.j x€(0;1) x€(0; 1)
x#1 1+x<0& x<—-1: 0>21-x>1+x, t.j. x=>1,0>2x, t.j. x neexistuje t.j. 0<x<1
Subst. t=1+ €(0;1) . — .
ubs x| x€ @11 — [ aresin 4 /2=t dt= [ arcsin 4/ 2 —1dt
dt=dx | te(1;2) t t
/:, 1(2_1\"%.(_op—2 1 1 1
= U= aresiny/ i m (i) (27) V2-ZyEVE T JEETE e T o /(i-1)(2-n)e
V=1 w=g _ —\2 _ —\2 _ —v? _ —2
20t /(t-1)2—1)  2ty/3t-12—2 2t/ —(t=3)
. _ Subst. z=t—3|te(1;2
—t arcsin Qtt_"_% 1t’dt’ — = ubst. z 3 ,(,1)1
t K—(t—f)2 dz=dt|z€(-3i3)
=t arcsin,/ _t+ f/‘giz—tarcsmw = t—i—f arcsin £4+c
2
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Riesené priklady — 173

1—x
/arcsm e dx

0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)

x€(0;1)
x>1,0>2x, t.j. x neexistuje| t

0>1-x>1+x, t.j

1+x<0& x<-1

{0 ‘1}x\0c>x/ ils

j- 0<x<1

Subst. t=1+ (0;1)
=|[*= X|s arcsin /27t dt= [ arcsin /2 —1dt

dt=dx | te(1;2)

/:, 1(2 2 — _1
— et /=1 m (-1 ( %) \/271\/—\”’ V‘f‘ te 2 /(t-1)-0r
_ _3 3 _ -v2 _ -v2
2t \/(t-1)(2—1) 2t/3t—t2-2 2t\/— 242 F —3+2-2 2ty/T—(t-3)2
_tdt Subst. z=t-3|te(1;2)
=t arcsin \[ :
+ t\/I—(t-3) dz=dt|ze(~1;1)

2—?—1—% arcsin

I[N
_|_
Q

=i arcsin bﬁ—ﬁ—%/\/ﬁ =t arcsin
=(1+x) arcsin, / }_;—)’:Jr% arcsin 2z+c

http:/ /frcatel.fri.uniza.sk/~beerb
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Riesené priklady — 173

1—x
/arcsm e dx

0<1-x<1+x, t.j. x<1,0<2x, t.j. x€(0;1)

x€(0;1)
x>1,0>2x, t.j. x neexistuje| t

0>1-x>1+x, t.j

1+x<0& x<-1

{0 ‘1}x\0c>x/ ils

j- 0<x<1

Subst. t=1+ (0;1)
=|[*= X|s arcsin /27t dt= [ arcsin /2 —1dt

dt=dx | te(1;2)

/:, 1(2 2 — _1
— et /=1 m (-1 ( %) \/271\/—\”’ V‘f‘ te 2 /(t-1)-0r
_ _3 3 _ -v2 _ -v2
2t \/(t-1)(2—1) 2t/3t—t2-2 2t\/— 242 F —3+2-2 2ty/T—(t-3)2
_tdt Subst. z=t-3|te(1;2)
=t arcsin \[ :
+ t\/I—(t-3) dz=dt|ze(~1;1)

2—?—1—% arcsin §+C2

_ . 2—t V2 z _ i
=t arcsin T"'T/W =t arcsin

=(1+x) arcsin, / };—iJr % arcsin 2z4c :{22:2(173):2(#;):2#1}

http:/ /frcatel.fri.uniza.sk/~beerb
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_[0<EX<1]14x>0& x>—1: 0<1-x<l+x, tj x<I,0<2x, tj x€(0;1) |x€(0;1)
x#1 1+x<0& x<—-1: 0>1-x>1+x, t.j. x=>1, 0>2x, t.j. x neexistuje t.j. 0<x<1
Subst. t=1+x|x€(0;1) 2 t
= o arcsin dt= [ arcsin ——1 dt
dt=dx | t€e(1;2)
[2_ / 2 2
_|u=areiny/F-1) = Zgem-d (B0 b ST/ T VELITE T v
V=1 w=g _ —\2 _ —\2 _ —\2 _ —V2
2|t| \/(t-1)(2—t) 2t4/3t—12-2 2ty/—t242.F - 3+3 2t/T—(t—3)2

te(1;2) }
)

_ F 2—t \/§ tdt Subst z:t—5
_tarcsm\/>+ / T(Ir [ drmdt|ze (-1,

= tarcsin\/g—ﬁ—%/\/ﬁ =tarcsing/ 2—?—1—% arcsin ?—i—q
=(1+x) arcsin, / }_;—)’:Jr% arcsin 2z4c :{22:2(173):2(#;):2#1}

=(x+1)arcsin, / i;—fﬂr% arcsin (2x—1)+c, x€(0;1), ceR.
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Riesené priklady — 174

A x+1
/arcsm 7 dx
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arcsin
_ 0/\;—11/\1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1

, tj. xe(—o0; —1)

x € (—o0; —1)
tj.x<-1

beerb@frcatel
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Riesené priklady — 174

arcsin
_ 0/\:11/\1 x—1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—oc;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
o [xxl | 1 1(x41)72 (x=1)=(x+1) -1
u = arcsin ul o5 . 5
_ \ x—1 Vﬁ2<xl) (x—1) V=t /=Ry
W= il . ~1 -1 —v2 V2

V=2(x+1)(x—1)2 V2(|x=1]/=(x+1)  2(1—x)y/—(x+1)  2(x-1)V=x-1
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Riesené priklady — 174

arcsin

_ 0/\%/\1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
" 1| 1 1(x41) 2 (x=1)—(x+1) —1
u = arcsin /X5 | U o5 . 5
_ \ x—1 \/ﬁ 3 (359) (x—1) V=t V==
—1 ~1 -1 —V2 V2
v VX V=2(x+1)(x—1)2 V2(|x=1]/=(x+1)  2(1—x)y/—(x+1)  2(x-1)V=x-1
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Riesené priklady — 174

arcsin

_ 0/\%/\1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
[xx1 | v 1 1(x+1\~7 (x=1)—(x+1) -1
u = arcsin /X5 | U o5 . 5
_ \ x—1 = 3 (359) (x—1) NV = ey )
1 =il —V2 V2
v VX V=2(x+1)(x—1)2 V2(|x=1]/=(x+1)  2(1—x)y/—(x+1)  2(x-1)V=x-1
_ \/§ x dx __|Subst. t=+/—x—1|t?=—x—1 | x€(—00; —1)
2 [ (x—1)v/—x—1 x=—t2—1|dx=—2tdt | te(0;0)
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Riesené priklady — 174

_ =1 > 0<x+1<x-1, t.j. —1 1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x<1: 0>x+1>x-1, t.j. 1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
i = e /225 || o 1 J1(x41) T2 (x=1)—(x+1) -1
_ V 1 V’TT\‘2<X 1) (x—1) V' \/%%(X 1)
V=1 v=x = 2 V2
VvV =2(x+1)-(x=1)2 V2|x—1 \/ (x+1) 2(1—x)y/—(x+1) 2(x—1)y/—x—1
_ x+1 2 x dx __|Subst. t=/—x—1|t?=—x—1 | x€(—00; —1)
=Xx arcsin — 5 | =
x—1 2 [ (x—1)v/—x—1 x=—t2—1|dx=—2tdt | te(0;0)
2
o +1 2 (—t°—1)(—2t)dt
=X arcsin 1 2 7(71.272)1;
beerb@frcatel.
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Riesené priklady — 174

_ 0<%<1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
s [xxl | 1 1(x+1\~7 (x=1)—(x+1) 3(=2) -1
u arcsin 1| u ‘5 . ] S e ————d
— V x-1 \/@ 2<x 1) (x—1) N = “\/ﬁ\/(x 1) \/(72] =P
—1 —1 -2 V2
v VX V=2(x+1)(x—1)2 V2|x—1 \/ (x+1)  2(1—x)y/—(x+1)  2(x-1)vV—x-1
— x arcsin x+1 \f _ oxdx Subst. t:\/fxfl 2=—x—1 |x€(—o0;-1)
x—1 (x=1)v/—x— x=—t2—1|dx=-2tdt | t€(0; 00)

t>—1)(—2t) dt
—xarcsmﬂxJrl \f Ta)—xarcgm/x“—k\[/ttﬁzdt
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Riesené priklady — 174

. x+1
/arcsm 7 dx

_ 0/\%/\1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
x| 1 1(xtl) =7, (=1)—(x+1) 3(=2) —1
u = arcsin /=5 L o g A ) B
_ V x—1 u \/@ 2<x 1) (x—1) e & “\/ﬁ\/(x g \/%! XL (1)
—1 ~1 -2 V2
v V=X V=2(x+1)(x—1)2 V2|x—1 \/ (x+1)  2(1—x)y/—(x+1)  2(x-1)vV—x-1
— x arcsin x+1 \f _ oxdx Subst. t*\/fxfl 2=—x—1 |x€(—o0;-1)
x—1 (x—1)v/—x— x=—12—1|dx=—2tdt | te(0; 00)

t>—1)(—2t) dt (£2
=X arcsin XH \f 27)—x arcsin X+1—|—\[ ;H Jdt
¢ 2) t°4+2
_ ><+1 (*+2—1)dt
=xarcsin, /X —hf/ 5
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Riesené priklady — 174

A x+1
/arcsm 7 dx

0< X <1 x-1>0e x>1 0<x+1<x-1, t.j. —1<x,1<-1, t. . x neexistuje

x—1<0& x<1l: 0>x+1>x—1, t.j. —1>x,1>-1, t. j. x€(—o0;—1)

x € (—o0; —1)
tj.x<-1

s [xxl 1(x41)72 (x=1)=(x+1)
_||F=aEEh S| ¢ V/T.EC ) =1 VE
= =1

V=1 % =1 —V2 V2
X V=2(x+1)(x—1)2 V2 |x— 1\/ (x+1)  2(1—x)y/—(x+1)  2(x-1)vV—x-1

_ g x+1 \f _ oxdx Subst. t=v/—x—1 x € (—o0; —1)
—Xarcsmv x—1 (x 1)/ —x— { x=—t>—1 te(0; 0)

—t2—1)(—2t)dt . (t*+1)d
—xarcsmﬂxJrl \f e 2)t) = x arcsin X+1—|—f/ ;Ht

_ ><+1 t+2 1)dt +1
=x arcsin, / X +\f/ e =xarcsing /X 1+V2[dt— \f/tbr(\[

2=—x—1
dx=—-2tdt
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Riesené priklady — 174

A x+1
/arcsm 7 dx

_ 0<%<1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
o [xxl | 1 1(x41) 72, (x=1)—(x+1) -1

u arcsin 1| u ‘5 . >
_ \ x—1 V@ 3 (359) (x—1) NV = ey )

1 —1 -2 V2

v VX V=2(x+1)(x—1)2 V2 |x— 1\/ (x+1)  2(1—x)y/—(x+1)  2(x-1)vV—x-1

2=—x—1

dx=-2tdt

_ g x+1 \f _ oxdx Subst. t=v/—x—1 x € (—o0; —1)
xaresin V x—1 (x 1)/ —x— { x=—t>—1 te(0; 0)
—t2—1)(—2t)dt . (£2+1) dt
=x arcsiny /X — \f = 2)t) = x arcsin X+1+\[/ t;lz

_ ><+1 t+2 1)dt +1
=x arcsin, / X +\f/ e =xarcsing /X 1+V2[dt— \f/tbr(\[

_ . x+1 2 t
=xarcsiny /=5 +ﬁt—ﬁ arctg %—i—cl
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_ 0<%<1 x—1>0& x>1: 0<x+1<x-1, t.j. 1<x,1<-1, t.j. x neexistuje |x¢&(—o0;—1)
x#1 x—1<0& x<l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.x<-1
o [xxl | 1 1(x41) 72, (x=1)—(x+1) -1

u arcsin 1| u ‘5 . >
_ \ x—1 V@ 3 (359) (x—1) NV = ey )

1 —1 -2 V2

v VX V=2(x+1)(x—1)2 V2 |x— 1\/ (x+1)  2(1—x)y/—(x+1)  2(x-1)vV—x-1

2=—x—1

dx=-2tdt

_ g x+1 \f _ oxdx Subst. t=v/—x—1 x € (—o0; —1)
xaresin V x—1 (x 1)/ —x— { x=—t>—1 te(0; 0)
—t2—1)(—2t)dt . (£2+1) dt
=x arcsiny /X — \f 742 2)t) = x arcsin X+1+\[/ t;lz

_ ><+1 t+2 1)dt +1
=x arcsin, / X +\f/ e =xarcsing /X 1+V2[dt— \f/tbr(\[

_ . x+1 2 t
=xarcsiny /=5 +ﬁt—ﬁ arctg %—i—cl

=xarcsiny /X1 +/2(—x—1)—arctg \/ =5 +c1, x€(—o00; —1), L ER.
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Riesené priklady — 174

. x+1
/arcsm 7 dx
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Riesené priklady — 174

/arcsin \/
X

x—=1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje

X €(—o0; —1)

x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
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Riesené priklady — 174

/arcsin \/
X

x—=1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje

X €(—o0; —1)

x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1

x€(—o0; —1)
te(—o0; —2)

Subst. t=x-1
dt=dx
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x—=1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje

X €(—o0; —1)
tj.x<-1

:/arcsin %dt:/arcsin 1+%dt

x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1)

)

x€(—o0; —1)
te(—o0; —2)

_ [Subst. t=x-1
dt=dx
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x=1>0& x>1:

x—1<0& x<1:

0<x+1<x-1, t.j. —1<x,1<-1,
0>x+1>x-1, t.j. —1>x,1>-1,

1 [l

X neexistuje

t.j. xe(—o0; —1)

X €(—o0; —1)
tj.x<-1

2
1+2dt

2 V2

arcsin —ttz dt= [ arcsin
1 2\~3 2 1 —1
2(1+3) (270 = = = e
. 1 i
T V2l /()
tdt
—t—2

A—tv—t2  2ty/-t2
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X €(—o0; —1)

_ 03:4131 x—=1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje
x#1 x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
Subst . .
:{ ubs arcsin |/ =2 dt = [ arcsin y/1+ 2 dt
1(142) P (pp2)— 1 1
2(148) (A = =Tmm = e
_ 1 _ /2 _ 2
T V2t /—(t+2)  2A-t)V=t=2 2rvv—r—2
tdt __[Subst. z=-t-2 te(—o0; —2)
—t—2 dz=—dt z€(0; 00)
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x—=1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.j. x neexistuje
x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1)

X €(—o0; —1)
tj.x<-1

x€(—o0;

te(—oo;

Subst. t=x-1
dt=dx

V=1 v=t » = 1 = V2 _ V2
V2|t| /= (t+2) 2(—t)V/—t=-2 2ty/—t=2

/ 20,/ .
_{u arcsin \,1+L u VoD
t

1 ﬁ_ﬁ _tdt  _ [Subst. z=—t-2
arcsin : b tm_{ o

=t arcsin t+2—§/‘

te(—o0; —2)
z€(0; 00) }

dz
t Vz
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o 03:4131 —1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
Subst. t=x—1|x€(—o0; —1) a
—[subst t=xdixe(ooi -V — [ qregin /22 dt = [ arcsin y /1+2dt
dt=dx | t€(—o0; —2) t t

=1
V=2(t+2)e?

(-2

2 V2

_ _ _ 1 _ v _
vi=1 v = t = — = < — e
V2|t| /= (t+2) 2(—t)V/—t=-2 2ty/—t=2

42 f tdt Subst. z=—t-2
arcsiny/ & = [ o

_ . t+2 V2 [ —dz _ - 42 | V2 [ -1
=tarcsiny/ = 7z =tarcsing/ =+ 2/2 2dz

2|, 2
_{u arcsin \/’1+7 u *7 2(1+2)
t

te(—o0; —2)
z€(0; 00) }
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o 03:4131 —1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
Subst. t=x—1|x€(—o0; —1) a
—[subst t=xdixe(ooi -V — [ qregin /22 dt = [ arcsin y /1+2dt
dt=dx | t€(—o0; —2) t t

=1
V=2(t+2)e?

f(-2t?)

/2 V2

_ _ _ 1 _ v _
vi=1 v = t = — = = V.
V2t /= (t+2)  2A-t)V=E=2 T 2ev—t-2

t+2 f tdt Subst. z=—t—2
arcsm\/T = { o
. _ . _1
:tarcsm\/g—— \/d;:tarcsm,/#—i—g/z 2dz
1
:tarcsin\/¥+§~%+q
2

2|, 2
_{u arcsin \/’1+T u *7 2(1+2)
t

te(—o0; —2)
z€(0; 00) }
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o 03:4131 —1>0& x>1: 0<x+1<x-1, t.j. —1<x,1<-1, t.j. x neexistuje |x€&(—o0;—1)
x#1 x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
Subst. t=x—1|x€(—o0; —1) a
—[subst t=xdixe(ooi -V — [ qregin /22 dt = [ arcsin y /1+2dt
dt=dx | t€(—o0; —2) t t

*%'(7% 2) i

s ﬁ 3(1+32)

_|u arcsm\ 1+4= = 7\ s
I _ _ 1 _ /2 _ 2
v=l V=i T V2t /(42 2(—r):—r—2 - Zr\/v—r—z
— i e g 2 — f _tdt  _ [Subst. z=—t-2 te(—o0; —2)
t t/ —t— dz=—dt z€(0; 00)

_ . t+2 V2 [ —dz _ - 42 | V2 [ -1
=tarcsiny/ = 7z =tarcsing/ =+ 2/2 2dz

1
=tarcsiny / itz+§~%+cz:tarcsin 2427+
2
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o 03:4131 x—1>0& x>1: 0<x+1<x-1, t.j. —1<x, 1<-1, t.]. x neexistuje |x&(—oo;—1)
x#1 x—1<0& x<1l: 0>x+1>x-1, t.j. —1>x,1>-1, t.j. x€(—o0;—1) tj.ox<-—1
Subst. t=x-—1|x€&(—o0;—1) . .
—[subst t=xdixe(ooi -V — [ qregin /22 dt = [ arcsin y /1+2dt
dt=dx | t€(—o0; —2) t t
fa2| 1 1 2\=% (o2 —1
u = arcsin/1+2 | u iy 5(1+2) #(-2t7?) N e
I _ _ 1 _ 2 _ 2
V=l V=t T VRl PR Rl T =
2 t+2 2 d Subst. z=—t—2= 1|te ;=2
—tarcsin, /2 V2 [ tdt _fsubst : w=||EE(es =)
t 2 | ty/—t=2 dz=—dt z¢€(0; 00)

_ . t+2 V2 [—dz _ . t+2 |, V2 [ -1
=t arcsin T—T/ﬁ—tarcsm,/T—i—T/z 2dz

1
=tarcsiny / itz+§~%+cz:tarcsin 2427+
2

=(x—1)arcsiny /22 4+, /2(—x—1)+cp, x€(—00; —1), 2 ER.
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Riesené priklady — 175

. x—1
/arcsm \/ 371 dx
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_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.]
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71

x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00) }
1<x

< x=1c
[O\m\l

T | x#-1 [x+l<0ex<—1: 0>x—1>x+1, t.j. 1>x,—1>1, t.j. x neexistuje tj
1
0 = et o 2= || i 1 1 (x=1\"z (H)—(x=1) _ 22 _ 1
— V x+1 \/*17% 2<u1) (x+1)2 Vx;/; "‘\/ﬁ\m V' L (x41)0 B
V=1 v=x = 1 =— S V2
V20x+1)(x+1) V2 |x+1| vx—1 2(x+1)v/x—1
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71

x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00) }
1<x

x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.]
I 1
0 = et o 2= || i 1 1 (x=1\"z (H)—(x=1) _ 22 _ 1
— V x+1 \/*17,”; 2(><H) (x+1)2 Vx;/; "‘\/ﬁ\m V' L (x41)0 B
V=1 v=x = 1 =— S V2
V20x+1)(x+1) V2 |x+1| vx—1 2(x+1)v/x—1

— i 12 x dx
= arcsm\/; 2 || o=
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71

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x€(1;00)

x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t. ). 1<x
_ T 1 1 (x=1\"z (H)—(x=1) _ 32 _ 1

I e e = e U N = = e i =

I . _ 1 o - 3

v=1 V=X T Vb)) V2ZHVAT T 2(r) VL

—XarCSin 1 \/E x dx __|Subst. t=/x=1|t?=x-1 | x€(1;0)
x+1 2 | (x+1)v/x—1 x=t2+1|dx=2tdt | te(0; c0)
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71 3 73 74 74 75 75

_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t. ). 1<x
_ x=1| 1 1(x=1)"2 (HD)—(x=1) _ 32 _ 1
_ U= 3’55'”\ x| Y St 550 (x+1)2 ==y gy e Y =
V=1 v=x = 1 S| S V2
V20x+1)(x+1) V2 |x+1| vx—1 2(x+1)v/x—1
—XarCSm l_ﬁ x dx __|Subst. t=/x—1|t2=x-1 | x€(1;0)
+1 2 [ (x+1)v/x—1 x=12+1|dx=2tdt | t€(0; )
2
t°+1)-2tdt
— xarcsin, /X1 V2 %
><+l 2 (t2+2)t
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—{ <51

v'=1

_ /x—1 \f
=X arcsin St

x—1 /2 [ (£+1)-2tdt
x+1 2 (t2+2)t

=X arcsin

u = arcsin \,

71

74 74 75 75

x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje t. ). 1<x
= 1 _l(x )*5_(x+l)—(x>—l) _ 32 _ 1
= Vi &= VEESED et /E e
v=x = L =L = V2
V20x+1)(x+1) V2 |x+1| vx—1 2(x+1)v/x—1
x dx __ | Subst. t=v/x—1 x—1 | x€(1;00)
(x+1)v/x—1 x z2+1 dx=2tdt | te(0;00)

x—1 t°+1) dt
_xarcsm\/jrl f/ pong)

beerb@frcatel.fri

niza.sk
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71 3 73 74 74 75 75 T76-77

Riesené priklady — 175

/arcsin ;

< x=1c
:[O\m\l

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x€(1;00)
t.j. 1<x

x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje
_|u=aeinyiF = i bR = V==t VZT‘\/( Ry =y
I _ _ _ 1 _ V2
S e T V2 e VERHVaT | 2 )vaT
_ —l f x dx Subst. t=/x—1 x—1 | x€(1;00)
TS X+1 2/X+1 7{ x z2+1 dx=2tdt | te(0;00)
71 i (2+1)-2tdt (£241)dt
=X arcsin ><+l t2+2 =X arcsin X+1 f (£
— t? 42— 1)
=% arcsm / t2+2
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71 3 73 74 74 75 75 T76-77

Riesené priklady — 175

/arcsin ;

< x=1c
_[O\m\l

x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00) }
1<x

- x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.]
b = aesin of = 1 1 (x=1\"z (H)—(x=1) _ 32 _ 1
— \/x 1 \/17% 2<>< 1) (x+1)2 \/” (x U\//?\W %‘\’7‘1()(71); B
I _ _ o 1 o 3
v=1 V=X T Vb)) V2ZHVAT T 2(r) VL
_ x—1 f x dx _ | Subst. t=+/x—1 x—1 | x€(1;00)
=X arcsin — 2
x+1 (x+1)v/x—1 x=12+41|dx=2tdt | te(0; 0)

x—1 /2 [ (£+1)-2tdt (£241)dt
=X arcsin o] > )t =X arcsin ><+l f R

—xarcsm\/: \f/”jﬂl —xarc5|n,/x+i V2 dt+\f/t2+(\[
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Riesené priklady — 175

/arcsin ;

74 74 75 75

76-77

_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
- x#-1 |x+1<0& x<-1: 0>x—-1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t. ). 1<x
_ u = arcsin \, =1 = \/lij%(i 1)7'(”(13\71(;;1) = e VZC;\W - /= i‘l D)
I _ _ 1 _ 1 _ V2
v'=1 v=Xx T V26 | V2IxFLVA-T  2(cH) Va1
_ x—1 f x dx __|Subst. t=/x—1|t2=x-1 | x€(1;0)
XarCSInV x+1 (x+1)v/x—1 *{ x=t>+1|dx=2tdt| te(0; 00)
x—1 /2 [ (£+1)-2tdt (£241)dt
=X arcsin o] > )t =X arcsin ><+l f o
_ 4+2-1) x—1
=xarcsin, /% +1 \f/ t2+2 —xarcsm,/ i -2 dt+\f/t2+(\[

_ ; -1 V2
=xarcsiny /575 _ﬂt"_ﬁ arctg %—i—cl
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71 3 73 74 74 75 75 T76-77

Riesené priklady — 175

. Xfl o . .
/arCSIn \/ 371 dx = x arcsin

_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t. ). 1<x
_ I 1 J1(x=1\"2 (x41)—(x=1) _ 52 _ 1
_ u = arcsin \/ X 1 c \/T% 2<>< 1) (x+1)? /D V@\m 2 Ty )
V=1 v=x = =1 _ v2_
V/2(x+1)-(x+1) V2 |x+1| vx—1 2(x+1)v/x—1
_ x—1 f x dx _ | Subst. t=+/x—1 x—1 | x€(1;00)
=X arcsin — 2
x+1 (x+1)v/x—1 x=12+41|dx=2tdt | te(0; 0)

=X arcsin X;} % %—xarcsm\/:l f/ft;ri)zdt
_xarcsm\/: \f/”jﬂl —xarcsmﬁ V2 dt+\f/t2+(\[
:Xarcsin\/g—\@t—i—%arctg%—i-q
:xarcsin\/g—\/mﬁ—arctg \/XTj+c1, x€(—o0; —1), c1 €R.
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Riesené priklady — 175

. x—1
/arcsm \/ 371 dx
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_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
x#-1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.]
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_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
X 1 x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje t.j
__[Subst. t=x+1|xe(1;00)
dt=dx | t€(2;00)
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje

x€(l;00)] __ . t—2 _ o 2
M‘\,Q:x)}—/arcsm = dt—/arcsm 1-2dt

x
x+

0<xl<y
x#-1

x€(1;00)
t.j. 1<x

_ [Subst. t=x+1
dt=dx
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Riesené priklady — 175

. x—1
/arcsm \/ 371 dx

x€(1;00)
t.j. 1<x

_[0SX1<1|x+1>0 & x>—1: 0<x—1<x+1, t.j. 1<x,—1<1, t.j. x€(l;00)
X 1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje
Subst. t=x+1|x€e(l;00 t—2 2 2
= ) arcsin / —==dt= [ arcsin y/1—=dt
dt=dx | t€(2;00) t t
,,, 1 1(1_2)7E (7). (_2¢2 1 1
:{u arcsin y 1 D 5(1-3) (=1)-(=2t2) I/ e~ aoe

vV
vi=1 =i
tarcsm,/% ‘éi/ i

t/t—2

_ 1 V2
V2|t VE—2 2t\/t—2

niza.sk

http:/ /frcatel.fri
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)
x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje

e *)} /arcsm t;2dt:/arcsin 1—2dt
t€(2;00) t t

0<xl<q x€(1;00)
1<x

t]

{Subst. t=x+1

dt=dx
1 1 2\~3 iy 1 . . .
—| Y arcsm\,’l*’ ﬁ'i(lff) (=1)-(=2t7?) IR = raw = Vv ﬁ}
V=1 =5
—tarcsin, /=2 — \f tdt Subst. z=t—2 te(2:00)
t wi—2 dz=dt z€(0; 00)
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71

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x€(1;00)
x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje 1<x

t]

b = 1 (1; — o
= il S arcsin /=2 dt = [ arcsin /1—2dt
dt=dx | t€(2;00) t t
:{“/ j’cs'”\’“% W= e (0D D27 = o = s = v 27%}
vi= =t
-2 \[ tdt Subst. z=t-2 te(2;00)
=tarcsin t t\/t { dz=dt z€(0; x)}

=t arcsin ;2 ‘[/
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x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x€(1;00)
t.j. 1<x

x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje

b = 1 (1; = o
= il S arcsin /=2 dt = [ arcsin /1—2dt
dt=dx | t€(2;00) t t
2|,y 1 1(1_2\"3 . (_1).(_or2 1 1 1 V2

:{“ arsin J1—¢ | /= =gy 2 (1=8) (D (270 = rimrm = e = Ve v zuﬁ}

V=1 =t

t—2 2 tdt _ [Subst. z=t-2 te(2;00)
= tarcsin t 2 [ t/t—2 dz=dt ze(0; x)}

— in, /=2 2 in /=2 Y2 [,—3
=t arcsin = 2 f—tarcsm 5 2/2 2dz
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71

x+1>0& x>-1: 0<x—1<x+1, t.j.1<x,—-1<1, t.j. x€(1;00)

x+1<0& x<—1: 0>x—1>x+1, t.j.1>x,—1>1, t j. x neexistuje

x€(1;00)
t.j. 1<x

x€(1;00) t—2 . i )
MQ‘XJ /arcsm = dt—/arcsm 1-2dt

{Subst. t=x+1

dt=dx
2|, 1 1 2\"F. 1).(_ps2 1 1 1 /2
:{“ ey il=F | mz(l 0) (D270 = s = e — e v mfﬁ}
v'=1
dt Subst z=t-2 te(2;00)
z€(0;00)

tarcsiny /=2 2 /t
dz=dt
[e_ /¢ _1
=t arcsin t / =t arcsin %,g/z 2dz
[t 2 f %
=t arcsin — YL It
2
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Riesené priklady — 175

x—1
/arcsm e dx

_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)

X 1 | x+1<0& x<—-1: 0>x—1>x+1, t.j. 1>x,—1>1, t.j. x neexistuje t. ). 1<x

Subst. t=x+1|x€e(l;00 =2 2
= ) arcsin dt= [ arcsin —= dt

dt=dx | t€(2;00)
/1_2 1 -2) 1 1 V2

:{u arcsin y -2y \m 2(1-2)7 2 (—1) (-2t NN W v zuﬁ}

V= =

— t arcsin [t 2 / tdt Subst z=t—2
dz=dt
[e_ /¢ _1
=t arcsin T / =t arcsin %,g/z 2dz
%
—tarcsde T—i—cz—tarcsm,/ —V2z+0o
2
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_ 0(\%(\1 x+1>0& x>-1: 0<x—1<x+1, t.j. 1<x,—-1<1, t.j. x€(l;00) |x€(l;00)
X 1 x+1<0& x<—-1: 0>x—1>x+1, t.j.1>x,—1>1, t.j. x neexistuje t.j. 1<x
Subst. t=x-+1|x&(L;
:{ ubst. E=xr ) X ”“) /arcsm = 2dt /arcsm ——dt
dt=dx | t€(2;00)
=" a'cs'”\’l*T o \mi( D D2 = s = e T VIR T mves
v'=1 =t
arcsin 2 tdt Subst zZ=ii=R=yarl '(Z'x)
dz=dt €(0; 00)
=tarcsiny/ ? / =tarcsin ;2 f/ “2dz

=tarcsin,/ =2 +oy=tarcsing/ =2 —/2z+ ¢
=(x+1) arcsin,/%—,& (x+1)4c, x€ l;oo), o EeER.

MH\ N
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Riesené priklady — 176, 177
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Riesené priklady — 176, 177

— 1 . Vx=3—+/x=5 dx
Vx—=34+vx—5 /x—3—/x=5

Vx=3++v/x=5 dx

_ 1
7/\/><—3—\/><T5. Vx—3+/x—5
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Riesené priklady — 176, 177

Vx—3++v/x=5 dx= \/x73342\/x75 dx

_ 1
*/\r_a_\/xfs' VX—3+/x—5 “Xx—3—(x=5)
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74 75 75 7677 78 79-80

Riesené priklady — 176, 177

Vx=5 \/7\/7 \/7\/7
/ﬁ+%%%dx/ dx/ dx

:5/(x73)5 dx — 5/(x75)5 dx

VXZ3HVXTS /v +XV 5 5 dx /VX73;“<75 dx

Z/ﬁlﬁ iy =
/(x 3)2 dx—|—f/(x 5)2d
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] Ve V==
/\/7+\/7\/7\/7dx/ dx/ dx

:E/(X*3)§dX*§/(x 5)2 dx=1.& 53)2 il 5)2 L

£ LI gy = /ﬁﬂ“?)dx /\/XT3+\/XTSCIX

— 1
=%/(x—3)%dx+%/(x_5)5 dx=1.& %3)2 + 1.6 5)2 .
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74 75 75 7677 78 79-80

/\ﬁﬂﬁﬁpdx /ﬁﬁdx /ﬁﬁdx
:E/(X*3)§dX*§/(x 5)2 dx=1.& 33)2 il 5)2 L

2 3

:\/%73)3’ \/(X;TPJFC,XG(&OO), CER.

£ LI gy = /ﬁﬂ“?)dx /\/XT3+\/XTSCIX

— 1
=%/(x—3)%dx+%/(x_5)5 dx=1.& %3)2 + 1.6 5)2 .

%—3)3
(33) 4

(x=5)3
35— + ¢, x€(5;00), cER.
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Riesené priklady — 178

dx
V/x—34++/5—x
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1
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_ {Subst u=+x-3

Vv5—

Subst. v

2u’ du

x=u?+3|dx=2udu

x=5-v?|dx=—2vdv

2
ur=x-3

2

X |ve=5—x

2v2dv
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e

Vx—3—+/5—x dx= vVx—=3dx [ /5—xdx
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__ | Subst. u=v/x-3 w¥=x—-3|x=v?+3|dx=2udu
Subst. v=+v/5—x | v2=5—x| x dx=—-2vdv

2u’ du
u?+6—8

2v2dv
2v2+10—-8
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X € (4;5) uwl\/Q\ ve(0;1)
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Subst. u=v/x—3 | ?=x-3|x=u?+3|dx=2udu |x€(3;4), ue(0;1), ve(l; V2)
Subst. v=+v/5—x | v2=5—x| x dx=—2vdv |x€(4;5), ue(l; V2), ve(0; 1)

_ 2u’ du 4 2v2dv u du

[ 2u2+6-8 —2v2110-8
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/u —l+1du /v ;1+1 dV
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Subst. u=v/x—3 | ?=x-3|x=u?+3|dx=2udu |x€(3;4), ue(0;1), ve(l; V2)
Subst. v=+v/5—x | v2=5—x| x dx=—2vdv |x€(4;5), ue(l; V2), ve(0; 1)

_ 2u’ du 4 2v2dv u du

[ 2u2+6-8 —2v2110-8
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Vx— +m \/ —v5—x X— 3 (5—x) 2x—8 2x—8
Subst. u=v/x—3 | ?=x-3|x=u?+3|dx=2udu |x€(3;4), ue(0;1), ve(l; V2)
Subst. v=+v/5—x | v2=5—x| x dx=—2vdv |x€(4;5), ue(l; V2), ve(0; 1)

_ 2u® du 2v2dv u-du v-dv u —l+1 % —1+1
*/2u2+678 "’/ 2v2+10—8 / / / du— / = dv
_ du _ dv 1 —1| _ _ 1
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VX—3+vVb—x Vx—3—/b—x x—3—(5—x) 2x—8 2x—8

__ | Subst. u=v/x-3 w=x-3|x=v?+3|dx=2udu |xe(3; 4), ue(0;1), ve(l; \/5\
Subst. v=+v/5—x | v2=5—x| x dx=—2vdv |x€(4;5), ue(l; V2), ve(0; 1)

_ 2u® du 2v2dv u-du u —l+1 % —1+1
*/2u2+678 "’/ 2v2+10—8 / / / du— / dv

_ du [ dv 1 —1}_ _1 | }
_/du—f—/uL1 /dv /V271—u+2 i v In il tc
= =3+ 4 n [ - Ve e
+ +1 5 ln 5—x-+1 +c
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_ 2u® du 2v2dv u-du u —l+1 % —1+1
*/2u2+678 "’/ 2v2+10—8 / / / du— / dv
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sy — [dv— =L — v —Lin|=

du+
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1=ut3 |
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xe(0;1) 2t% dt
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T )V1-e
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. VX dx
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14+4/1—x2 144/1—x2 dx— 1424/1—x24+1—x? dx— 2—x2424/1—x2
J1-/1-x2 144y/1-x2 1-(1—x)

_ —x2dx u=+v1-x2
2/x 2dx—/dx+2/1X72:L/: ::X—z

X
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! 1
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2V 5 aresin x+c,

(1)

—1
W=3
x

R
X

V1-x2 2
1/]_ x2 X
xe€(=1;0)U(0;1), ceR.

:271_X+2 x
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te(0;1) \/1—13
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s Ly

2 5
5 te=
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€(~1;0)U(0;1), ceR.

_ { Subst. t=1/x

xC{O;l)}: 2t2 dt _{Subst.u:l £3
x=t2, dx=2tdt
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te(;1)] __ [2du _ _ 2 [,,—3%
u(’(O,l\,\}_ /3ﬁ_ 3/“ 2du

=—z- g—FC %—i—c:—;ﬁ_ta—kc:—ﬂ—i—c,xem;l),ceR.

\ N

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

RieSené priklady — 181

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/“beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

__| Subst. x=t12, t= ¥/x
dx=12¢1dt

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

RieSené priklady — 181

_ | Subst. x=1t12, t=¥/x
dx=12¢1dt
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_ | Subst. x=1t12, t=¥/x
dx=12¢1dt

_ f12tfde 2 dt
_/ t4+t3 =12 t+1
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83 84-85 86

Subst. x=t'2, t= ¥
dx=12¢1dt
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12t dt
t4 413

2 dt
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/
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. dx
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Subst =2 =%
dx= 12t11dt
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. dx
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6 5 __ 3 2
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X

\ Jr_)\X 4\ \+6\ \7 2

5 V
+121In (¥
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Bt —t) (=) F (7)) — (" )+ (B —t}) - (P tD)+(t—t)—(1-1
2/ = (t=0)-(1-1) 4,
712/ (842" — (7 +10)+ (£ +t2) — (P + )+ (£* +£3) — (3482 + (2 + ) — (£+1)+1 dt
- t+1
:12/ ti— o+ 5 -t 3 — t2+t—1+t+1}dt
2l g fothmn e
12 12 12 12 12, 12 12
=12[ 0 T NE VR U U N Bt In [+ 1] e
= T—%H\/}—%H\/}—wﬂw}—m /%
+121In (¥/x+1)+c, x€(0;00), c€R.
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_ | Subst. x=1t12, t=¥/x
dx=12¢1dt
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_ | Subst. x=1t12, t=¥/x
dx=12¢1dt

_ f12tfde t°dt
_/ t2+t3 =12 1+t
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_ | Subst. x=1t12, t=¥/x
dx=12t1d

=

xe(0o0)| — f12e81de _ o [£2dt
te(0;00) 2413 14t

_ (8 —8) = (t" = t)+ (=) = (£ =)+ (t* —t") = (P =)+ (P —t*) —(t—t)+(1-1
_12/ ( )—( )hSl )—( )+( )=(t=t)+(1=1) 4,
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_ | Subst. x=1t12, t=¥/x
dx=12¢1dt

_ [ 12¢ttde 2dt
_/ t2+t3 =12 1+t

:12/t9+(t8—t8)—(t7—t7)+(t6—t6)—(t5—t5)+(t4—t4)—(t3—t3)+(t2—t2)—(t—t)+(1—1) dt

Tx
(T

e
88

t4-1

:12/(t9+t8)7(t8+t7)+(t7+t6)7(t6+t5)+(t5+t4)7(t4+t3)+(t3+t2)7(t2+t)+(t+1)71 dt
t+1
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. dx
_/?&H‘&

Subst =2 =%
dx= 12t11dt

Yx=v/t2=12 | x€(0; 00) 12t“dt_12 t°dt
Yx=/t2=13| te(0; 00) 2413 1+t

_ 2/t F(tB—t8) (£ —t)F(t°—18) — (> =)+ (t* — ") — (2 —*)+ (P —t}) —(t—t)+(1-1) dt

- t+1

(2488 — (B 4t7)+ (" +°) — (8 + )+ (2 +t1) — (t*+-23)+ (3 +t2) — (2 + t)+(t+1)—1
12 B dt

2 dt

12/ — il i = e = = = =
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. dx
_/?&H‘&

Subst =2 =%
dx= 12t11dt

Ix=vt2=¢2|x
Ux=vtl2=¢3|te

€(0; 00) 12t de t°dt
(O;x’)} / t2+13 =12 1+t
P+ —]) = (t" =)+ (=) = (=) +(t* = t") = (2 =)+ (P —t*) = (t—t)+(1-1) dt

=12 t+1

t+1

2/|#= @ —PrF —F L —il=

12/ (2488 — (B 4t7)+ (" +°) — (8 + )+ (2 +t1) — (t*+-23)+ (3 +t2) — (2 + t)+(t+1)—1 dt

]

i

12[

no\"to

6 5 g} 2
Cof ot e ekl e
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. dx
_/?&H‘&

x=vt2=12

_ | Subst. x=1t12, t=¥/x
dx=12¢1dt

x&(O;x)} :/12t11 dt —12 2 dt

te(0;00) 2413 14t

Yx=v1t2=13

12

I
<L L

P+ —]) = (t" =)+ (=) = (=) +(t* = t") = (2 =)+ (P —t*) = (t—t)+(1-1) dt
t+1

(2488 — (B 4t7)+ (" +°) — (8 + )+ (2 +t1) — (t*+-23)+ (3 +t2) — (2 + t)+(t+1)—1 dt
t+1

[tg—t7+t6—t5+t4—t3+t2—t+1—t$1}dt
4 5] 2
L4t b L L _Cht—In|t+l|]+c

12 -
2/g / Lo/ 12/ 4 &/
:12[ 1 o 12/73_'_ 127/77_ 126X6+ 125X5_ 124X " 123X3_17,22/X2+ k2/>?—|n }1\2/)?+1|]+C
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—6¢/x+12 ¥/x—12In (¥/x+1)+c
x&(O;x)} :/12t11dt —12 2 dt

x=vt2=12
Yx=v1t2=13

_ | Subst. x=1t12, t=¥/x
dx=12¢1dt

t€(0; 00) t2+t3 1+t
P+ —]) = (t" =)+ (=) = (=) +(t* = t") = (2 =)+ (P —t*) = (t—t)+(1-1) dt

12 t+1

I
<L L

(2488 — (B 4t7)+ (" +°) — (8 + )+ (2 +t1) — (t*+-23)+ (3 +t2) — (2 + t)+(t+1)—1 dt
t+1

[tg—t7+t6—t5+t4—t3+t2—t+1—t$1}dt
7
[E-E 4+ L8 Lt £t nfe+l]+c

5
12 12 12 12 12 12 12 12

— o 3d 2 VT 5 o 2V 3 AyX—69x+12 /X
—12In (¥/x+1)+c, x€(0;0), ceR.
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_ [ Subst. x=115, t= ¥/x | /x=vtB =15 | x€(0; )
dx=15t1dt | ¢/x=Vt =13 | te(0; 0)
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Ix=vtB=t>

__ | Subst. x=1t1%, t= ¥/x
Ix=vtB=t3

dx=15t1dt

xe(0;00) | _ [15t"dt
te(0; 00) t5+t3
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Ix=Vt5=t°
==

__ | Subst. x=1t1%, t= ¥/x
dx=15t'dt

x€(0;00) | __ 15t14dt_15 t dt
te(0; 00) - to+t3 t2+1
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Ix=Vt5=t°

__ | Subst. x=1t1%, t= ¥/x
==

dx=15t1dt

x€(0;00) | __ 15t14dt_15 t dt
te(0; 00) - to+t3 t2+1

o (=) (' —t)+ () (2 —)+(t—t
_15/ HEP)—(E - O)rle=) g
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Ix=Vt5=t°
==

__ | Subst. x=1t1%, t= ¥/x
dx=15t'dt

x€(0;00) | __ 15t14dt_15 t dt
te(0; 00) - to+t3 t2+1

o (=) (' —t)+ () (2 —)+(t—t
_15/ (OO (=) (E=Prl6=1) g

9 — (04t (£ 4+ 2) = (O 43+ (3 +1)—t
:15/( (PPt gy
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Ix=Vtl=15
Ux=vVth=t

Subst. x=t°, t= ¥/x x€(0;00) | 15t dt =15
dx=15t"dt te(0; 00) to+t3 t2+1
—t) (%) (2 =)+ (t—t)
t2+1 dt

I
&

(1 482) = (247 ) + (£ +1°)— (t5+t3)+(t3+t)7tdt
t2+1

I
—

— il P ==

t2+1

I
i

| at
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Ix=vVitlh=t5
Ux=vVth=t

Subst. x=t1%, t= ¥/x
dx=15t"dt

xe(0;00) ] __ [ 15t dt
te(0; :x,)} _/ 3 15/t2+1

—t")+(t2— £2—t3)+(t—
15/ HEP)—(E - O)rle=) g

(1 2) — (O (%) — (5 + )+ (3 +1) -t
15/ (L) (OBt

7 5 8 — 8
15/ —tT 15—t +t—t2+1]dt 15/[ —tT+t5 -3+t 1. tzil}dt
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Subst. x=1t15, t= ¥/x | Yx=vtB5=1t5| xe(0;00) | __ [ 15t** dt =15
dx=15t"dt | /x=VtB =13 | te(0; c0) t5+t3 t2+1

—t )+ (t°—t%)— (t3—t3)+(t—t)dt

=15 t2+1

t2+1

=15

15/ (1 482) — (P24t (7T + ) — (24 3) +(£3+1) -t dt
fle-

7 5 8 — 9 7 5 3 t
4+ —B+t—ois|d _5/[t—t+t —t34t—3- tQH}dt

10

[ — s L L s Ly [l e
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‘dx

Subst. x=1t15, t= ¥/x | Yx=vtB5=1t5| xe(0;00) | __ [ 15t** dt =15
dx=15t4d¢t | Yx=V/iB=13 | te(0;00) | [ o+t t2+1
:15/tu+(t9—tg)—(t7—t7):;(J:i—t5)—(t3—t3)+(t—t) dt
:15/(t11+t9)7(t9+t7)+(t1j_:i)7(t5+t3)+(t3+t)7f dt
— 9 7 5 3 t _ 9 7 5 3 t
—15/{1‘ —t'+t>—t —|—t—t2+1} = /[t —t'+t t—‘rf—* t2+1}dt
. 10 8 6 4 2 1 5
—15[5 £+ £ £ +£ L[] 4
15 15 1 1
I T F O SN 200 I
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Subst. x=1t15, t= ¥/x | /x=v/tB =15 | x€(0; ) 15t dt =15 i g
dx=15t1dt | /x=v/t5=13 | te(0; ) t2+t3 t2+1
—t) (%) (2 =)+ (t—t)
15/ T dt
11 9 9 5 5 3 3
:15/ (") —(t+t )+(tt;r_:1) (C+E)H(E+t)—t dt
— 7 5 3 t _ 9 7 5 5] t
—15/{ =" 4F i t+t_tz+1:| = /[t =i"5r t—&-t—* t2+1:|dt
10 8 6
[ — s L L s Ly [l e

:15[1W f I\F \F_,_ \/72 1|n\1\5/>—|—1|]+c

352 151\f sf 15f 15\/*2 15In(15x +1)]+C
5 V .
x€(0; ), ceR.
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o {Snbst x=t3

x €(0; c0)
dx=3t%dx

te(0; 00)
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__[Subst. x=1t3
dx=3t%dx

x?(O,x)} _ [3tdt
te(0; 00) t+1
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__[Subst. x=1t3
dx=3t%dx

xe(000)] _ [3t2dt _ o [ t2+t—t—1+1
te«;O;x)}_/ t+1 _3/ t+1 dt
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dx
Ix+1

Subst. x=t3
dx=3t%dx

xe(000)] _ [3t2dt o [ PHt—t—1+1 4. 1
t@;o;x)}_/ t+1 —3/ t+1 dt_?’/[t* 1+ m]dt

=24 _2\/x + ¢, x€(0;00), cER.
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dx
I/x+1

__[Subst. x=1t3
dx=3t%dx

x €(0; 00) 3t dt tt— t 141 40 _ 1
<) /t+1 / dt= 3/{ 1+ gy |at

—3t+3In(t+1)+ ¢

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

81 81 82 83 84-85 86 87-88 89-90

Riesené priklady — 184, 185

39/x+3In (¢/x+1) + ¢

xe(000)] _ [3t2dt o [ PHt—t—1+1 4. 1
t@;o;x)}_/ t+1 —3/ t+1 dt_?’/[t* 1+ m]dt

=3 _3t43In(t+1)+c
:33#—3\3/§+3In (¥x+1) + ¢, x€(0; ), c€R.

__[Subst. x=1t3
dx=3t%dx
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[ Subst. t= x| /x=Vis=£ |xec(0;)
x=18 dx=6¢5dt | Vx2= V2 =1* |t (0; o0)
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Vx=Vib=t

__ | Subst. t=Yx
V= V2=t

x=1t% dx=6t>dt

x€(0;00) | __ (tefl)ﬁtsdt
te(oo) | (t3+t4)t°
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f: /t6:t3
V= V2=t

{Subst. t=9x

x=1t% dx=6t>dt

xe0o0)] _ [(t®=1)6°dt ‘(tﬁfl)dt
te(oo) | (B3+t4)te t4+t5
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_ [Subst. t=x|vx=vVo=£ |xe(0;00)] _ (t671)6t5dt76 (t°—1)dt
= = 31146 7145
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 54t -1 (12 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)

t—1)(t+1)(£2+1) B_t2ht1
(E=nIGRIE) -

_ (
= G=ll<r t4(t+1)

(t=1)(£2+1) 11,1 _ 1
=14 o =t—1+ 7t71+1*?2+?3*t7,
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_ [Subst. t= x| Vx=Vis=t3 |xe(000)] _ [(®—1)6t°dt . [(t®—1)dt
= - 31 ¢4)¢6 T 45
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 455 _Ad 1 -1 (12 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)
g =Dy L =Dy o B4 . o1 1,1 1
=t—1+ (1) =t—1+ o =t—1+ o =t—1+4 3 R e

= /(t71+%7t%+t%ft%)dt
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_ [Subst. t= x| Vx=Vis=t3 |xe(000)] _ [(®—1)6t°dt . [(t®—1)dt
= = 31146 7145
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 455 _Ad 1 -1 (12 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)

(t=1)(£2+1) B_24e1 11,1 _ 1
=14 o =t—1+ o 7t71+1*?2+?3*t7,

B (t—1)(t+1)(£2+1)
= g=1l4f t4(t+1) -

:6/(t71+%7t%th%ft%)dt:6/(tfl+%—t*2+t*3—t*4)dt

beerb@frcatel.fri.uniza.sk http://frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

RiesSené priklady — 186

_ [Subst. t= x| Vx=Vis=t3 |xe(000)] _ [(®—1)6t°dt . [(t®—1)dt
= = 31146 7145
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 455 _Ad 1 -1 (12 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)

—1)(¢2 3,2
t—1+ (t 1)(4t +1) —t—1+ t —14—:—1
t t

—6/(t71+%7t%th%ft%)dt:6/(tfl+%—t*2+t*3—t*4)dt

S [

B (t—1)(t+1)(£2+1)
= g=1l4f t4(t+1) -

1 i) 1 1
7t71+1*?2+?3*t7,
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|

Subst.  t=¥x|vx=VE=£2 |xe(000)] _ [(P=1)6t°dt _  [(¥—1)dt
= 31{4)t6 71 45
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
o . 01 0445 S At 1 (12 1)(r2-1)
Rozklad na parcialne zIokay. Py S e B =14 5 = t—1+ W
L =Dy L =D B2yl 111 1
=i 1+7t4(t+1) =t—1+ o =t—1+ o =t—1+4 3 R e

6/(t71+%7t%th%ft%)dt:6/(tfl+%—t*2+t*3—t*4)dt

6
3

(N ) T

t2—6t+6Int++8—12418 ¢
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RiesSené priklady — 186

f: /t6:t3
V= V2=t

. {Subst. t=Yx

x=1t% dx=6t>dt

xe0o0)] _ [(t®=1)6°dt ‘(tﬁfl)dt
te(oo) | (B3+t4)te t4+t5

6 6,,5 5 4,4 4 2 2
Rozklad idlne zlomky: o=l — £4——tT4tTo1 L g 71 (2 =1)(t°+1)
- ozklad na parcialne zlomky o o 4 P =il &t FetT)
—1)(t+1)(t2+1) (t=1)(£2+1) B_24e1 11,1 _ 1
=t—1 “77t71 = t— — t— 1_ 1,1 1
=F (1) =F po: t—1 o t—1+ r2+t3 pr3

I
=

t71+%7t%th%ft%)dt:6/(t71+%ft*2+t73*t74)dt

(N ) T

6
3t2—6t+6Int++8 124184 c=3¢26t+Int0+8 124184 ¢
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_ [Subst. t=x|vx=vVo=£ |xe(0;00)] _ (1:6—1)6t5dt76 (t°—1)dt
= - 31{4)t6 T 45
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 455 _Ad 1 -1 (t2 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)
B (t=1)(t+1)(2+1) (t—1)(£2+1) B B_24e1 4.1 1.1 _ 1
=i 1+7t4(t+1) t—1 o =t—1+ o =t—1+4 3 r2+t3 pr3

6/(t—1+—7 2th%ft%)dt:6/(tfl+%—t*2+t*3—t*4)dt
S [

=3t2—6t+6Int++8—12 418 1 c =312 6t+Int®4+ 8124181 ¢
:3\6/?—6\6/>?+an+6% Yt gt
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RiesSené priklady — 186

dx = 3Y/x — 6:¢/x + Inx + & —
VX

x—1
/(\/;4“\3/)(72))(

_ [Subst. t=x|vx=vVo=£ |xe(0;00)] _ (t671)6t5dt76 (t°—1)dt
= = 31{4)t6 71 45
x=15 dx=6t5dt | Vx2= V2=t |t e (0; c0) (+1%)t th4t
.2 b1 455 _Ad 1 -1 (12 1)(r2-1)
_ Rozklad na parcialne zlomky: Sl = R = =14 5 = t—1+ B (erD)
B (t=1)(t+1)(2+1) (t—1)(£2+1) B B_24e1 4.1 1.1 _ 1
=i 1+7t4(t+1) t—1 o =t—1+ o =t—1+4 3 r2+t3 pr3

6/(t—1+—7 2th%ft%)dt:6/(tfl+%—t*2+t*3—t*4)dt
S [

=3t2—6t+6Int++8—12 418 1 c =312 6t+Int®4+ 8124181 ¢
:3\6/?—6\6/>?+an+% Yt gt

:3\3/>7<—6\°/7<+|nx+6i\/;—%+f+c x€(0; ), ceR.
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Riesené priklady — 187, 188
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Riesené priklady — 187, 188

__ | Subst.  t=v/x—2|x€(2;00)
x=t2+2, dx=2dt | t€(0; o0)

x=1—t%, dx=—2dt|te(0;00)—{V2}

_ [Substv t=v1—x X&(*X;l)*{*l}}
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Riesené priklady — 187, 188

| Subst t=vx—-2
x=t2+2, dx=2dt

X€(2;00) | __ 2tdt
te(o0) | [ (BF1)t

__ | Subst. t=+1—x|x€(—o0;1)—{-1} _ —2tdt
| x=1-12 dx=-2dt | te(0;00)— {v2} (2—t2)t
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Riesené priklady — 187, 188

| Subst t=vx—-2
x=t2+2, dx=2dt

X€(2;00) | __ 2tdt 2dt
te(0o0) | [ (B+D)t — [ 241

__ | Subst. t=+1—x|x€(—o0;1)—{-1} _ —2tdt =2 dt
T | x=1-#3 dx=—2dt|te(0;00)—{V2} (2—t2)t 22
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Riesené priklady — 187, 188

| Subst t=vx—-2
x=t2+2, dx=2dt

x€(2;00) | _ 2tdt [ 2dt __
t?(O,x)} - /(t2+1)t - /m =2arctgt+c

__ | Subst. t=yvI-x|x€e(—o0;1)—{-1}| __ —2tdt __ dt
- [x 1-#2, dx=—2dt | te(0;00)—{v2} } B /(27t2)t - 2/t27 |t+\f’ e
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Riesené priklady — 187, 188

= 2arctg/x—2+c

x€(2;00) | _ 2tdt [ 2dt __
zg(@,xd - /m = /m =2arctgt+ ¢

= 2arctgvV/x—2+ ¢, x€(2; ), ceR.

| Subst t=vx—-2
x=t2+2, dx=2dt

‘ dx
/(XJrl)].fX 7

__ | Subst. t=+1—x|x€(—o0;1)—{-1} _ —2tdt =2 |
x=1-2, dx=—2dt | t€(0;00)— {v2} (2—t2)t t2 2 /2

_ 1 Vi—x—/2

= shlesvlte

’-i—c
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Riesené priklady — 187, 188

= 2arctg/x—2+c

x€(2;00) | _ 2tdt [ 2dt __
zg(@,xd - /m = /m =2arctgt+ ¢

= 2arctgvV/x—2+ ¢, x€(2; ), ceR.

| Subst t=vx—-2
x=t2+2, dx=2dt

‘ dx
/(XJrl)].fX 7

__ | Subst. t=+1—x|x€(—o0;1)—{-1} 2tdt
B [x 1-£2, dx=—2dt | te(0;00)—{V2} } /(2 )t 2/t2 2 2\f In | t+\f’ t+c
— 1l | \/l—x—\/§| Ce— L | VI—x—V2 \/l—x—\/i| s

V2 VI—x+V2 V2 VI—x+V2 JI—x—V2
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Riesené priklady — 187, 188

= 2arctg/x—2+c

x€(2;00) | _ 2tdt [ 2dt __
zg(@,xd - /m = /m =2arctgt+ ¢

= 2arctgvV/x—2+ ¢, x€(2; ), ceR.

| Subst t=vx—-2
x=t2+2, dx=2dt

‘ dx
/(XJrl)].fX 7

__ | Subst. t=+1—x|x€(—o0;1)—{-1} 2tdt
B [x 1-2, dx=-2dt | te(0;00)—{V2} } /(2 t2)t 2/t2 2 z\f In | t+\f’ tc
= —=In |7vl_x_ﬁ| +c=-"21n | VI=X-—v2, vl_X_‘ﬁ| +c
V2 VI—x+V2 V2 VI—x+V2 VI—x—V2
_ 1 1—x—v2/IT—x+2
_ﬁ|n| ST+ e
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Riesené priklady — 187, 188

= 2arctg/x—2+c

x€(2;00) | _ 2tdt [ 2dt __
zg(@,xd - /m = /m =2arctgt+ ¢

= 2arctgvV/x—2+ ¢, x€(2; ), ceR.

| Subst t=vx—-2
x=t2+2, dx=2dt

‘ dx
/(XJrl)].fX 7

__ | Subst. t=+1—x|x€(—o0;1)—{-1} 2tdt
B [x 1-£2, dx=—2dt | te(0;00)—{V2} } /(2 )t 2/t2 2 2\f In | t+\f’ t+c
— 1l | \/l—x—\/§| Ce— L | VI—x—V2 \/l—x—\/i| s

V2 VI—x+V2 V2 VI—x+V2 JI—x—V2

_ 1 1-—x—V2:/I—x42 _ 1 3—x—4/2(1—x)
_%In|—x MENV X |+C_ﬁ|n|7—x—1 |+ ¢
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Riesené priklady — 187, 188

= 2arctg/x—2+c

x€(2;00) | _ 2tdt [ 2dt __
zg(@,xd - /m = /m =2arctgt+ ¢

= 2arctgvV/x—2+ ¢, x€(2; ), ceR.

| Subst t=vx—-2
x=t2+2, dx=2dt

__ | Subst. t=+1—x|x€(—o0;1)—{-1} 2tdt
7[x 1-2, dx=-2dt | te(0;00)—{V2} } /(2 t2)t 2/t2 2 7|n|t+\f’—|—c
_ 1 In|\/1 X— f|+c:i|n|m_ﬁ-‘/1_x_ﬁ|+c

V2 VI=x+V2 V2 VI=x+V2 VI—x—V2

2 1—x—2 =se=1

V2
= % In[3—x—+/2(1—x)| — \% In|x+1|+ ¢, x€(—00;1)—{-1}, ceR.

v L e I A D e
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Riesené priklady — 189, 190

‘17><
/ =] dx
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Riesené priklady — 189, 190

__ | Subst.  t=v/x—2|x€(2;00)
x=t242, dx=2dt |t (0;00)

_ |:Sub5tv t=v1—x X&(*X;l)*{*l}}

x=1-12, dx=—2dt | t€(0;00)— {v2}
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Riesené priklady — 189, 190

_ | Subst.  t=v/x-2
x=t2+2, dx=2dt

x€(2;00) | _ 2 .
tE(O;X)} - /(t +1)t Zig

‘17><
/ =] dx

__ | Subst. t=v1—x
x=1—1t2, dx=—2dt

x€(—o0 1)={-1}| _ —2t2dt
te(0;00)—{v2} 2—t2
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Riesené priklady — 189, 190

_ | Subst.  t=v/x-2
x=t2+2, dx=2dt

S e ey C kL

%
/XJrl dx
_ Subst. t=vI-x|x€(—o0;1)—{-1}| __ —2t2dt __ 92 2 dt
x=1-1, dx=—2dt|te(0;00)—{v2} | 2—12 t2—2
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Riesené priklady — 189, 190

_ | Subst.  t=v/x-2
x=t2+2, dx=2dt

S e ey C kL

5] g
~F g

‘vlfx
/XJrl dx
_ [subst t=vIsx|xe(-oo)—{-1}] _ [=2£2dt _ o [t2dt _ o [£2—242dt
x=1—12, dx=—2dt|te(0;00)—{V2} 2—+t2 t2-2 =7
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Riesené priklady — 189, 190

_ | Subst.  t=v/x-2
x=t2+2, dx=2dt

o] = / (enjead = i +26) o

x—2)5 x_2)3
:2—;5+¥+c:2‘/(5 2 +2\/(3 g + ¢, x€(2;0), ceR.

V1—x
/XJrl dx

x=1—1t2, dx=—2dt

— d
—2/dt+4/t2f2

_ |:Sub5tv t=v1—x

xe(coo)—{-1}] _ [=2e8dt _ o [ 2dt _ o [1—2+2dt
te(000)—{v2} | 2—t2 =2 t2—2
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_ | Subst.  t=v/x-2
x=t2+2, dx=2dt

o] = / (enjead = i +26) o

x—2)5 x_2)3
:2—;5+¥+c:2‘/(5 2 +2\/(3 g + ¢, x€(2;0), ceR.

__ | Subst. t=v1—x
x=1—1t2, dx=—2dt

o fa ot

xe(—o0;1)—{-1}] _ —2t2dt_2 2 dt
te(000)—{v2} | 2—t2 t2-2

—2t+ |n|

_ t2—242dt
* t2—-2

t+f|+c

beerb@frcatel.fri.uniza.sk http:/ /frcatel.fri.uniza.sk/~beerb


mailto:beerb@frcatel.fri.uniza.sk
http://frcatel.fri.uniza.sk/~beerb

81

Riesené priklady — 189, 190

Subst. t=+/x—2
x=t2+2, dx=2dt

teg ” :/(t2+1)t-2tdt:/(2t4+2t2)dt

~_2)5 <—2)3
:L;E'Jr%jtc:z‘/% 2) +2\/(3 2) + ¢, x€(2;0), ceR.

Subst. t=I—x
x=1-t2, dx=-2dt

xe(-oo)—{-1}] _ [=22dt _ o [ 2dt
te(0;00)— {2} 2—t2 t2—2

_ /t2—2+2dt
- t2—-2
— /dt+4/t2 5 —2t+—|n|t+\[|+c

=2yT—x ++2In yiﬁglg + ¢ xe(—00;1)—{-1}, ceR.
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RieSené priklady — 191
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RieSené priklady — 191
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RieSené priklady — 191

. (x+ X2—1)2d)< (x+ xz—l)zdx

S Ko e v v
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:/ (e+v/e=1) " ax 7/ (x+y/x—1)" dx

( m>2~(x+ xLl)2 N

x— [(x=v/x2=1)-(x+v/x—1) ]
_ /.()H-\/)H)de

[xzf(x2 71)] :
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- e ey~ e et
_ /.(X+m)zdx

[xzf(x2 71)] ’
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- e ey~ e et
_ /.(X+m)zdx

[xzf(xzfl)] ’
= /(2x2— 14+2xv/x? —1)dx

200

200
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:/ [+ X;—l) o :/ (x+y/x—1)" dx 2
(Xfm) '(X+\/>Z) [(Xf\/xzifl)-(wr x271)]
:/(XJ’\/XZi_l)zgx /(X2+2X\/)H+X2—1) dh

[e—te-n]” . I

= /(2x2—1+2xx/x2—1)dx = 2/x2 dx—/dx—|—/2xx/x2 — 1dx
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:/ (x+v/>2=1) dx 7/ (x+ x2—1)2dx
(1) (ev/emt) S [=vem) (o) ||
:/(XJ’\/XZi_l)de /(X2+2X\/)H+X2—1) dh

[e-pe-p]” . I
:/(2Xz_1+zxm)dxz2/X2dX—/dX+/2xmdx

__ [Subst. t=x2-1
dt=2xdx

x€(—o0;—1), t@\’o‘x)]

x€(1;00), t€(0;00)
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:/ (x+v/x2—1) dx :/ (x+y/x—1)" dx
(x=v/x2=1) - (x+v/x2-1)" [(x=v/x2=1)-(x+v/x—1) ]
:/.(x-&-\/)a)zdx _ /(X2+2X\/)H+X2—1 dx

[2—(e-1)]° L

= /(2x2—1+2xx/x2—1)dx = 2/x2 dx—/dx—|—/2xx/x2 — 1dx
— {Subst. t=x2—1|x€(—o0; -1, t’ct:O‘x)] — 27?;3 x4+ /\/Edt

dt=2xdx | x€(1;00), t€(0; c0)
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200

:/ (x+v/x2—1) dx :/ (x+y/x—1)" dx
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Riesené priklady — 194, 195
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Subst. x=sint | x€(—1;0), te(—Z;0) | t=arcsinx, cost>0 __ | cost-costdt
—_— — ey
dx=costdt|x€(0;1), te(0; 5) V1—xZ=1/1—sin® t=+/cos? t = |cos t| =cos t Sl

Subst. x=cost | xe(—1;0), te(5;m) | t=arccosx, sint>0 ___ [sint-ssintdt
— — - 2
dx=—sintdt|xe(0;1), t€(0;5) |VI-x2=V1-cos?t=V sin? t=sin t|=sin t cos= t
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_fu=vi-x2=(1 x2)z |u'= 11-x2) I.(—2x) = \/ij2 __\/17)(2 . dx
V=L =x2 v=2 1 X A/1—x2

1—x2 V1

=—Y""_ arcsinx+c=— ;Xz +arccos x+ ¢,
€ (—1; 1)—{0}, c1,0ER.

t=arcsinx, cost>0 __ | cost-costdt
—_— — ey
V1—xZ=1/1—sin® t=+/cos? t = |cos t| =cos t Sl

:{Subst x=sint|x€e(-1;0), te(-%;0)

dx=costdt|x€(0;1), te(0; 5)
_ [ (@—=sin*t)dt
- sin? t

— | Subst. x=cost 1;0), te(3
dx=—sintdt|x€(0;1), te(0; 3

_ (1—cos? t) dt
- sin? t

X E(

t=arccos x, sint>0 ___ [sint-sintdt
R —_— - 2
V1—x2=1/1—cos? t=Vsin? t=|sin t|=sin t cos” t
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. 1—x2
arcsin x-+c¢; = \7 -arccos X+ ¢
I.(—2x) = \/:X?} :_,/1,)(2 . dx
2 v 1—x2
. V1
—arcsinx—+c; = — +——

;Xz +arccos x+ ¢,
€ (—1; 1)—{0}, c1,0ER.
xe(©:1), te(0; %)

t=arcsinx, cost>0 __ | cost-costdt
===
/1 . 2.,
) V1—xZ=1/1—sin® t=+/cos? t = |cos t| =cos t Sl

—sin?
— [eegmoa [l 1]ar

__ | Subst. x=cos t t=arccos x, sint>0 ___ [sint-sintdt
= - 2
dx=—sintdt | xe(0;1), t(0; 3 V1-x2=+/1—cos? t=V/sin® t=|sin t| =sin t cos= t

o (17cos2 t)dt k 1
__/ sin? t _/[l_coszt}dt

x€(-1;0), te(-%;0)

:{Subst x=sint z

dx=cos tdt

X E(

1;0), te(3
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u=V1-x2=(1-x%): | u'= 11-x2) 2.(—2x) \/1X2 . Vv 1—x2 dx
V=L =x2 v=2 1

vV 1—x2
. v 1—x2
=—-———arcsin x—l—cl:—f—i—arccosx—i—q,
(—1; 1)—{0}, c,6€ER.
— | Subst. x=sint|x€(~1;0), te(~3;0) | t=arcsinx, cost>0
dx=cos tdt

>0, cotgt=22t= le’xz __ [ cos t-cos tdt
x€(0;1), te(0; 5) V1—x2=1/1—sin? t=+/cos? t = |cos t| =cos t
(1—sin? t)dt
sin? t sm2

sin? t
—1}dt——cotg t—t+a
— | Subst. x=cost
dx=—si

sin tdt

x€(=1;0), te(Z;m)

2"/ tgt cost
xe(0;1), te(0;5) |V1-x2

=2
=1 cos? t=+/sint t=|sint|=sint
/% /[1—@]dt_t tg t+co
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t

arccos x, sint>0,

__ [ sint-sintdt
cos? t
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. il—
arcsin x-+c¢; = \7 -arccos X+ ¢

_[e= VIR =308 (20 = == L VI dx
V= =x? v=—-1

2 V1-x2
1—x2 . V1
=— Y —arcsinx+¢q=—¥Y—

;Xz +arccos x+ ¢,
€ (—1; 1)—{0}, c1,0ER.

) R 1—x2
t=arcsinx, cost>0, cotgt=Cest_V_—X

fome
- - _ [ cos t-cos tdt
===
V1—xZ=1/1—sin® t=+/cos? t = |cos t| =cos t Sl

:/u_:‘i"nij:m:/{sinlzr_l]df:—cotg i — — @—arcsinx—i—q,

x€(-1;,0)U(0;1), c €R.

—,/sint-siintdt

o cos? t

*COSZ 7X2

:_/%:/[1—ﬁ}df:t—tg t+e= arccosx—QJrCz,
x€(=1;0)U(0;1), 2 €R.

x€(-1;0), te(-%;0)

— | Subst. x=sint z
x€(0;1), te(0

dx=cos tdt

Ty
i)

x€(=1;0), te(Z;m)

5 T)

= Subst. x=cos t t=arccos x, sint>0,
x€(0;1), te(0; 3)

dx=—sintdt

-
sint V -
g 1="Cost x

V1—x2=4/1 coszt:\s'\nzt:\sint\:sinf
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_ x dx
x2v/x44+x24+1
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dx
XV x44+x2+1

_ x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0
x2/x4+x2+1 dt=2xdx | x€(0;00), te(0;00) | t2+t+1=(t+1)2+2>0
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2| x€(—00;0), te( ) | x4 +x2+1=(x2+3)>+3>0 _1 dt
x€(0;00), t€(0;00) | 24t+1=(t4+1)2+2>0 2 [ V2441

_ oxdx Subst. t=x
X2\/x4+x2+ dt=2xdx
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|=4 |

t2+t+1
_ awar _ Vs
o u o u

dx
XV x44+x2+1
= 2xdx | xe(0;00), tE (0:00)

_ x dx
X2/ x +x2+1 dt
R e s =
L te(0i00) | VEFTFI= )+ 1=/ Hk =

1

r=L=up

__ | Subst
% ue(0;00)

+utl
ul

[Subst =5

dt=—u"2du=
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dx
XV x44+x2+1

00) | x*+x2+1

=2 | et

>0} 1 dt

 xdx [Subst t=x2|x€(~00;0), t(0; =
~ 1 3
x2/xA X2 +1 dt=2xdx Xr(O,x),t&(O_’x,) 24t+1=(t+1)2+3>0
ut | te(0; 00) VW:\/%AlJrl:\/l R 7\”‘+‘u+1,uu Tutl _ \/(”H)‘*il

Subst. t=1=
dt=—u"2du= =

_du
02

L~ w2
2 )1 ViPrun

u u
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dx
XV x44+x2+1

_ oxdx Subst. t=x?|x€(—00;0), t€(0;00) | x*+x2+1=(x>+3)2+3>0| _1 dt
X2/xx2+1 dt=2xdx x?(O,x),t&(O‘x) Prt+l=(t+1)2+2>0 2 [ V2441
Subst. t=1=u1|te(0;0) Vm:\/%‘%+1:\,/1"u’;“ ,\x/‘mwl,uu Tutl _ V(”*})‘*ﬁ
dt=—u"2du=—%|ue(0; )
_du
:l Y S— :7l __du
2 )1 ViPrun 2 | Vul+u+1
u u
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dx
XV x44+x2+1

98 99 200 200

_ x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0| _1 dt
X2/ x4 4x241 dt=2xdx | x€(0;00), t€(0;00) | 2+t+1=(t+1)2+3>0 2 [ V2441
Furl _ ViPgurl _ V(3

—1_ -1 P /Ll 1 [liute? _ Va2
[ Subst. t=g=uTt|tE(0;00) | VEHIHL= )+ iHl= /S =0h

dt=—u"2du= =
o
_1 2 __1 du __1 du
2 [ 1 Vi1 2 [ Vu2tu+l 2 (ut+2)2+32
u u
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x€(—00;0), te(0;0)

Subst. t=x>
x€(0;00), te(0; 00)

+
2t hl=(th1)2

x dx _[

:/XZ\/X4+X2+1 -

dt=2xdx
Subst. t=L=u1|te(0;00) V’m:\/%il+1:\/l—u)‘ul:\/(/J‘+‘u+1:»/ul+u—1:\/(”+£)‘+ﬁ
dt=—u"2du= % ue(0;00)
_du
_1 u2 __1 du _ 1
2 )1 ViPrun 2 [ Vul+utl 2
u u

=—1In|u+3+ViP+utl|+a
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_ x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0| _1 dt
X2/ x4 4x241 dt=2xdx | x€(0;00), t€(0;00) | 2+t+1=(t+1)2+3>0 2 Vi2rt+l
Subst. t=1=u"1|te(0;00) Vm,\ 7A7+17\ [1rura? _ \umuﬂ, VL V0@t3P+3
dt=—u2du=—%|ue(0;00) | ViP+u+i=/2+1+1= 1+§72+r2:¢rmr+ :\/zzt:i:\/ixé;xm

d
_1 — 2 __1 du __1 du
2 [ 1 Vi1 2 [ Vu2tu+l 2 (ut+2)2+32
u u
f%In|u+%+\/u2+u+1|+c1:{u:%:ﬂ
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_ x dx __| Subst. t=x?| x€(—00;0), t€(0; 00)
x2/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00)
Subst. t=21=u"1|te(0;00) »W:\/7A1+1:\’1 *':V”"ﬁwl:»/w'ﬂ'flzv(”*%)‘*ﬁ
dt=—u"2du=—-% | ue(0;0) \W:\,’g Tl ERE = SRR — TS R
_du
-1 2 1 du 1
2 1.V w2 4utl 2 [ Vul+utl 2
u u

:f% In |u+%+\/m|+a:{u:%:%}

1 1 1 Vx44x241
=—3In|H+3+t4q

xf4+x2+1=(x2+3)2+3>0| _1
Prt+l=(t+1)2+2>0 2 |t

|
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_ x dx __| Subst. t=x?| x€(—00;0), t€(0; 00)
x2/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00)
Subst. t=21=u"1|te(0;00) »W:\/7A1+1:\’1 *':V”"ﬁwl:»/w'ﬂ'flzv(”*%)‘*ﬁ
dt=—u"2du=—-% | ue(0;0) \W:\,’g Tl ERE = SRR — TS R
_du
-1 2 1 du 1
2 1.V w2 4utl 2 [ Vul+utl 2
u u

:f%In|u+%+\/u2+u+1|+c1:P:%:H
1 1,1, Vx*+x2+1 1 202 +2V/x X2+ 1
=—3In|E+3+ 5 fa=cq—;In| 2Rt

xf4+x2+1=(x2+3)2+3>0| _1
Prt+l=(t+1)2+2>0 2 |t

|
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x€(—00;0), te(0;0)

Subst. t=x>
x€(0;00), te(0; 00)

xf4+x2+1=(x2+3)2+3>0| _1
21350 2 | tv/e2 e+l

x dx _[

:/XZ\/X4+X2+1 -

dt=2xdx
_ | Subst. t=21=u"1|te(0;00) yt2+t+1:\/—Al+1:\,/1 ":\/”mwl:»/u"tuﬂ:v("z@‘*ﬁ
dt=—u"2du=—-% | ue(0;0) \W:\,’g;}.lz\, e — P VR o]
—du
1/ —w _ 1/ du _ 1
2 1.V w2 4utl 2 [ Vul+utl 2
u u

:f%In|u+%+\/u2+u+1|+c1:P:%:H
1 1,1, Vx*+x2+1 1 202 +2V/x X2+ 1
=—3In|E+3+ 5 fa=cq—;In| 2Rt

2 o /XA 12
:C1+InT27%|n|2+x +2X2x +x +1|
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_ x dx __| Subst. t=x?| x€(—00;0), t€(0; 00)
x2/x4+x2+1 dt=2xdx | x€(0;00), t€(0;00)
Subst. t=21=u"1|te(0;00) »W:\/fAlJrl:\,” ":\/”"ﬁwl:»/w'ﬂ'flzv(”*%)‘*ﬁ
dt=—u"2du=—-% | ue(0;0) \W:\,’g Tl ERE = SRR — TS R
_du
-1 2 1 du 1
2 1.V w2 4utl 2 [ Vul+utl 2
u u

:f%In|u+%+\/u2+u+1|+c1:P:%:H
1 1,1, Vx*+x2+1 1 202 +2V/x X2+ 1
=—3In|E+3+ 5 fa=cq—;In| 2Rt

2 4 2 _ In2
:C1+|ni2,l|n|2+x +2\/2x +x +1|: c=a+}
3 2 X ca€R, ceR

xf4+x2+1=(x2+3)2+3>0| _1
Prt+l=(t+1)2+2>0 2 |t

|
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dx .
XV x4 +x2+1

200

dt

tVt2+t+1

x dx __ | Subst. t=x2| x€(—00;0), t€(0;00) | x*+x>+1=(x*+3)>+3>0| _1
x2/x4 4+ x241 dt=2xdx | x€(0;00), te(0;00) |t>+t+1=(t+1)>+3>0 2
Subst. t=1=u"1|te(0;00) VtzHH:\,%A;H:\’l(A,\7x/‘+‘u+1,ﬁ Furl _ V(i)
dt=—u"2du=—%| ue(0;0) \W:\,’g Tl ERE = SRR — TS R

_du

_1 u2 __1 du _ 1 du
2 l'\/u2+u+1 Viul+u+1 2 (ut+2)2+32
u

In|u+ +\/m|+c1 {u;,f}
%+VX4;X2+ }+C1_C1_,|n|2+x +2\/m

1 1
=—3In[3%
_ In2 1 2042V 2L | [ c=a+2
_C1+ 3 2 |n| x2 |_ a€R, ceR

c—1in| 22T e R_{0}, cER.

]
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dx
/Xx6+x3+l
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dx
/Xx6+x3+l

x2 dx

_/X3\/x6+x3+1
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XV x0+x3+4+1

x2 dx __[Subst. t=x3 | xe R—{0} | x6+x3+1=(x*+1)2+2>0
x3v/x04+x3+1 dt=3x%dx | te R—{0} | 2+t+1=(t+1)2+2>0
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dx
/Xx6+x3+l

_ x2 dx __[subst. t=x3| xe R—{0} [+ +1=(+1)2+3>0] _1 dt
X3V x0+x3+1 dt=3x2dx | teR—{0} | P+t+1=(t+1)2+3>0 | 3 [ tv/t2+t+1
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/Xx6+x3+l

X2 dx _[Subst. t=x* | xe R—{0} [x0+x3+1=(x3+1)2+3>0] _1 dt
x3v/x04+x3+1 dt=3x2dx | teR—{0} | > +t+1=(t+1)>+2>0 3 [ tv/t24t+1

1 =1 /2 1,1 [1tutu? TESTES [Prurl _ \/(ut3)*+3
Subst. t={=u"t|teR—{0} \t+t+17\r”—,+;+17\,“7,—v =Y =

Tu] usgnu usgnu

dt=—u"?du=—%|ue R—{0}
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/Xx6+x3+l
X2 dx _[Subst. t=x* | xe R—{0} [x0+x3+1=(x3+1)2+3>0] _1 dt
x3v/x04+x3+1 dt=3x2dx | teR—{0} | > +t+1=(t+1)>+2>0 3 [ tv/t24t+1
Subst. t=3=ut|te R—{0} VT tHI=y/ i+ 5 +1=/ 100 ”2’”“:\“\“”"/.ﬁ'ig‘n“,,l’v(.'ﬂgi.)”';
dt=—u"?du=—%|ue R—{0}
_du
_ 1 U2
31 VPtun
u u-sgn u
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/Xx6+x3+l
X2 dx _[Subst. t=x* | xe R—{0} [x0+x3+1=(x3+1)2+3>0] _1 dt
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